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PREFACE TO PART IV. 

HE writer desires to express to the Publishers, and to 

those who have done him the honour of reading the 

previous Parts of this work, his regret for the great delay 

that has occurred in the preparation of this volume for the 

Press. 

More than one serious illness, and the pressure of his 

duties, have obliged him again and again to lay this work 

entirely aside. Finding that he was not likely to have 

leisure or strength to complete the volume, he has, with 

the consent of the Publishers, entrusted most of it to 

a friend, by which arrangement he feels that he has con¬ 

ferred a great benefit upon his readers. 

The object in view has been to explain fully and 

clearly the simplest and best methods for arriving at the 

proper forms and dimensions to be given to Timber and 

Iron Beams, Cantilevers, Plate, Box, and Trussed Girders, 

Eoofs, Walls, Arches, Water pipes, etc. etc., showing by 

examples the calculations required even for the details. 

In carrying out this object the use of Advanced Mathe¬ 

matics has been as far as possible avoided. The methods 

explained are chiefly those that can be effected almost 

entirely by drawing and measuring lines, and the calcu¬ 

lations given require but a very slight knowledge of 

Mathematics. Short rules are added for the use of prac- 
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tical men, and also tables by which many calculations 

are altogether avoided. 

The great advantage of using simple graphic methods 

instead of elaborate calculations is that the former, if in¬ 

correctly carried out, at once proclaim the fact by the 

polygons of forces refusing to “ close,” so that an error has 

to be faced at once and rectified; whereas an error in a 

figure, or even of a decimal point, in calculations quite 

correct in other respects, may escape notice, and lead to an 

utterly erroneous result, which, if acted upon, may en¬ 

danger the stability of the structure to which it is applied. 

It is hoped that this volume will be found to explain 

not only the calculations that may be called for in the 

Honours Examination at South Kensington, but also all 

that can possibly be required in connection with ordinary 

buildings. Upon the more complicated engineering struc¬ 

tures it does not profess to enter. 

THIRD EDITION, 1895. 

This edition has been revised to the extent of correcting 

any misprints and clerical errors that have been found in it. 

Some further attention has been given to the use of 

steel rolled joists in Chap. IV., and the table of framing of 

iron roofs has been re-written to include some more recent 

examples. 
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NOTE. 

The following is an extract from the Syllabus of the 

Board of Education, South Kensington. 

It shows the heads of the examination in connection 

with the calculation of structures for Honours, and 

opposite to each subject, the portion of this volume in 

which the information required is to be found. 

ELEMENTARY STAGE. 

No examination as to the calculation of structures. 

ADVANCED STAGE. 

All that is required will be found in Part II. 

EXAMINATION FOR HONOURS. 

Requirements of Syllabus. Where dealt with in this Volume. 

He must be able to solve 

simple problems in the theory 

of construction, and to deter¬ 

mine the safe dimensions of 

iron or wooden beams subjected 

to dead loads. 

Simple problems in the theory of con¬ 

struction, equilibrium, chap. ii.; beams, 

chap. iii.; dimensions of timber beams, 

pp. 54, 75-80 ; wrought iron beams, chap, 

iv.; cast iron beams, chap. v. 

In ordinary roof trusses and 

framed structures of a similar 

description, he must be able to 

trace the stresses, brought into 

action by the loads, from the 

points of application to the 

points of support, as well as 

to determine the nature and 

amount of the stresses on the 

different members of the truss, 

and, consequently, the quantity 

of material required in each 

part. 

Stresses on frames in general, chap, 

ix.; open-webbed girders, chap, x.; trussed 

beams, chap. xi.; roofs, chap. xii.; deter¬ 

mination of the quantity of material re¬ 

quired in each part, i.e. of the dimensions 

of the parts, tension and compression 

bars, chap, vi.; joints and connections, 

chap. vii. 
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In ordinary tualls and re¬ 

taining loalls, he must be able 

to ascertain the conditions 

necessary to stability, neglect¬ 

ing the strength of the mortar. 

Stability of walls, piers, chimneys 

(house), and enclosure walls, chap. xiii.; 

retaining walls for water and earth, chap, 

xiv. 

In addition to tlie above-mentioned chapters, which 

give all the information required for the examinations, 

other chapters have been added upon Plate Girders, 

Arches, and Hydraulics, in order that the volume may 

be practically useful as an aid in solving all the calcula¬ 

tions that can be required in connection with ordinary 

Building Construction. 

NOTATION AND WORKING STRESSES. 

N.B.—In order to prevent constant repetitions in the body of the work, and 

to assist the student, the meaning of the letters used in the notation, and 

the working stresses used in the calculations in this book, are given in a 

collected and complete form in Tables XXV. and XXVI. at the end of the 

volume (pp. 348-351), so that they can easily he referred to at once without 

consulting the index. 
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Chapter I. 

INTRODUCTORY. 
« THE object of this Part of the Course is to teach a student 

how to desigu those parts of buildings which require to be 
carefully proportioned, in order that the cost of material and labour 
may be a minimum, consistently with the structure being of 
sufficient strength and permanence; but it does not deal in any 

way with the question of artistic design or appearance. It is 

assumed that the student is familiar with Parts I., II., and III. of 
this Course, in fact, that he understands the usual forms of parts 
of ordinary buildings, and the nature of the various materials in 
use for the construction of buildings. 

In designing any structure care should be taken that each part 

is strong enough to resist the forces that may act upon it. To 
insure this result it is necessary to know— 

1. The nature and direction of the stresses1 that each part may 
be called upon to resist. 

In ordinary buildings these stresses are produced by : (a) The force of 
gravity (■i.e. the weight of the parts of the structure and of any load they 
may have to carry). (b) The force of the wind. 

2. The most suitable description of material. 

3. The best form and dimensions to be given to each part in 
order that it may be able to resist the stress that may act upon it. 

When the student has ascertained these particulars, and de¬ 
signed the structure accordingly, he may be sure not only that 
each part will be strong enough, but that no more material will 
be used than is necessary to give the strength required; in fact, 
that the materials will be used without waste. 

It should, however, be remembered that in practice cases 
frequently occur, especially where the parts are small, in which 
the minimum dimensions that can practically be allowed are 
greater than the maximum required by theory. 

1 See p. 6 for definition of this term. 
B.C.-IV. B 
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It is of course easy in many cases to make a structure strong 
enough by using plenty of material; but an engineer or archi¬ 
tect who understands his work will use only sufficient material 
to make sure of a safe and permanent structure, taking care to 
dispose it so as to obtain a maximum of strength at a mini¬ 
mum cost. 

The calculations required for designing the different parts of 
buildings are not difficult, and they require very little knowledge 
of mathematics. In many books on the subject formulae are given 
without any explanation as to how they are obtained, and are 
therefore rather bewildering, and tend to wrap the subject in a 
veil of mystery which does not properly belong to it. 

An attempt will be made in this chapter to explain the 
principles upon which the calculations depend, and then, in 
subsequent chapters, to show how these principles are applied to 
ordinary cases which occur in practice. If the student under¬ 
stands the principles, he will always be able to apply them to 
any unusual case which may arise in his own experience. 

TEEMS IN USE. 

In order to clear the ground, it is desirable first to explain 
the meanings of the various terms that have to be used in con¬ 
sidering the subject. Many of these definitions have been given in 
Part III., but they are now repeated in a somewhat different form. 

Load.—The external forces that act upon any structure, 

together with the weight of the structure itself, are called the 
“ load.” The term “ external forces ” includes also the reactions 

at the points of support. See p. 15. 

Thus in the case of a beam A B (Fig. i) supported at the ends, and 

canying a load W at its middle point, the external forces acting are (1) 
the weight of the beam itself, (2) the weight of the load, (3) the upward 
reactions at A and B. The direction of these forces is shown by the arrows. 
In Fig. 2 the beam is uniformly loaded throughout part of its length, the 
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forces acting being (1) its own weight, w w iv, etc. (2) the weight of the 

tank and its contents, t t t, etc. (3) the upward reactions at A and B. 
On an inclined rafter (Fig. 3) there may be the weight of the rafter and 

roof-covering acting vertically, and the force of the wind acting normally, 
i.e. at right angles to the slope (air, being a fluid, exerts a normal pressure). 

Fig. 4 shows two men carrying a ladder with a boy sitting upon it, the load 
they have to bear is (1) the weight of the ladder, (2) the weight of the boy. 

Again, in the case of a column carrying a girder (Fig. 5) which supports 
a building, the weight (10 tons) on the head of the column is the load to 
which it is subjected. The load on the foundation of the column will be 10 
tons + the weight of the column. 

Or in the case of a wire from which a lamp is suspended (Fig. 6), the 
weight of the lamp, say 50 lbs., is the load upon the wire. 

Flie load in each case is the total of the external forces, i.e. 

of the weight of beam + the weight of tank and its contents; the 
weight of rafter + force of wind, etc. 

The weight of the structure itself is in some cases small com¬ 
pared witli the load upon it and can in practice be ignored, as for 
instance that of the beam supporting a tank of water, or the wire 
supporting the lamp. In others the weight of the structure itself 
is important, as in the case of the ladder, which forms a consider¬ 
able part of the total load. 

Distribution of Load.—The load may be concentrated at the 

centre of the beam (Fig. 1), or concentrated at any point (Fig. 18), 
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or uniformly distributed over the whole of the beam (Fig. 16), or 
over a jpoodion (Figs. 2 and 20). 

Dead Load is that which is very gradually applied, and which 
remains steady. 

Thus the water might be poured into the tank very gradually, and when 
once poured in would remain quiet, forming a dead load. 

In the same way the weight quietly placed and remaining steadily 011 
the column, and the lamp on the rod, would be dead loads. 

Of course the weight of a structure itself is a dead load. 

Live Loads are those which are suddenly applied or are ac¬ 
companied by shocks or vibration. 

Thus the boy might jump suddenly upon the ladder (Fig. 4), causing a 

shock. An excited crowd upon a balcony or floor might make sudden and 

fitful movements causing jars and vibration—in either case the load would 

be called a “ live load,” not a dead or steady load. 

There are but few cases in which the parts of ordinary buildings 
are subject to live loads—the chief instance being in floors subject, 
as before mentioned, to suddenly moving loads. In engineering 
structures, however, railway bridges are subject to the live loads 
caused by swiftly passing trains, breakwaters and sea walls are 
liable to the sudden impact of the waves ; and so in parts of 
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machines, and in other cases, the loads acting upon a structure 

are often suddenly applied. 

Comparative Effect of Dead and Live Loads.—It has been 

found by experiment that a live load produces nearly twice the 

effect that a dead load of the same weight would produce. 

Therefore to find the dead load which would produce the same effect as 
a given live load, the latter must be multiplied by 2. 

This operation is called converting the live load into an equivalent dead 
load. 

Thus a floor girder may weigh 30 lbs. per foot run ; if the load upon it 
of 250 lbs. per foot run be a live load, the total equivalent dead load will be 
(30 lbs. + 2 x 250 lbs.) = 530 lbs. per foot run. 

The Breaking Load for any structure or piece of material is 
that dead load which will just produce fracture in the structure 
or material. 

The Working Load or Safe Load is the greatest dead load 

which the structure or material can safely be permitted to bear in 

practice. 

It may be useful to know the load that would cause rupture in the 
structure, i.e. the breaking load, but the load that should actually be applied 
to it, i.e. the working load, must be so much smaller as to put all danger of 
rupture out of the question. 

The breaking load or the working load may be either live load 

or dead load, or a combination of both; but for convenience it is 

usual to reduce it all to an equivalent dead load, by doubling the 

live load and adding it to the dead load, as in the example 

given above. 

Strain is the alteration in the shape of a body produced by 

a stress. 

Thus a stress of tension, or tensile stress, produces a stretching 

or strain of elongation, a compressive stress leads to a shortening 

or squeezing strain, a transverse stress to a bending strain, and 

so on. 
At one time the word “ strain ” was generally used instead of the word 

“stress” to denote the forces of tension, compression, etc., and it is still so used 
in many treatises on applied mechanics ; but under the high authority and 
guidance of the late Professor Rankine, the best writers on the subject use 
the word “ stress ” to signify the forces acting upon a body,1 and the word 
“strain” to mean the alteration of figure that takes place under the action of 
those stresses. 

1 “The word ‘stress’ has been adopted as a general term to comprehend various 
forces which are exerted between contiguous bodies or parts of bodies, and which are 
distributed over the surface of contact of the masses between which they act.”— 
Civil Engineering, by Professor Rankine, p. 161. 
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It should be noticed that this use of the word “ strain ” is different from 
the more usual one, in. which it is implied that some injury has been done 
to the material of the body which has been strained. 

Stress.—When a force acts upon a structure or piece of material 

it produces an alteration of form or strain which may he merely 

temporary, lasting only while the force is applied, or it may be 

permanent, or may eventually end in rupture. This alteration in 

form calls out a resistance in the internal structure of the material 

which is called the stress upon the body.1 

Thus the weight of the lamp (Fig. 6) tends to alter the form of the rod 

which supports it by making it elongate, tending to tear it in two ; but the 

strength of the fibres composing the rod resists this tendency to alter its form ; 
and it is subject to a stress in the direction of its length.2 

Again, the weight on the girder in Fig. 5 tends to shorten the column, 
and would, if sufficiently great, crush it. The weight (Fig. 1) tends to bend 
the beam, and would, if sufficiently great, break it (Fig. 31). The tendency, 
however, in each case is resisted by the internal strength of the body. 

The various kinds of stress are as follows :— 

Tension.—This stress elongates the body upon which it acts, 

and tends to cause rupture by tearing asunder. 

There are many parts of ordinary structures subject to a tensile stress ; 

e.g. the tie beam TT of a roof (Fig. 7) is in tension, because the rafters tend to 

spread out at the feet and thus pull upon the ends of the tie beam. 

Compression.—This stress shortens the body upon which it 

acts and tends to cause rupture by crushing. 

Many parts of ordinary buildings constantly undergo compression, for 
example, columns and story posts, also the struts of roofs, which are com¬ 

pressed in the direction of their length by the weight of the roof that they 

support. 

1 Theoretically the smallest force acting upon a body produces a permanent altera¬ 
tion in its form (see p. 10). Practically, however, the permanent change of form 
produced by forces which are very small in proportion to the strength of the struc¬ 
ture may be ignored. 

2 Strictly, the stress in the rod increases towards the supporting beam, owing to 
the weight of the rod itself, and in the same way the stress in the column is greater 
near the ground than at the top, on account of the weight of the column itself, hut 
the increase is so small that it maj’- practically be neglected. 
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Transverse Stress.—This stress bends the body on which 

it acts and tends to break it across. 

Instances of this stress in connection with buildings will at once occur to 
the student, e.g. in lintels or bressumers carrying walls, joists and girders of 
floors, etc., the rafters of a roof under the influence of wind and load. 

Shearing Stress is that produced when one part of a body 

is forcibly pressed or pulled so as to tend to make it slide over 

another part. 

As, for example, when two plates riveted together (Fig. 8), are severed 

Fig. 8. Fig. 9. 

by pulling or pushing in opposite directions, the rivet r is sheared—one plate 

sliding upon the other (Fig. 9). 

Bearing Stress is that which occurs when one body presses 

against another, so as to tend to produce indentation or cutting.1 
As, for example, when a rivet holding a plate cuts into the plate, making 

the hole larger: thus in Fig. 1 o the plates A, B, being pulled in opposite 

Fig. 10. Fig. 11. 

directions, the rivet c, being of harder iron than the plate B, has borne upon it 
and cut into it, making the hole larger as shown at d, Fig. 11. 

Torsion is the stress produced by twisting the parts of a body 

in opposite directions, or, what comes to the same thing, by fixing 

one part and twisting another around the axis of the fixed part.2 

This stress is common in machinery, but not in ordinary building struc¬ 
tures, and it will therefore not be further considered. 

Stresses classified as regards Description.—Summing up 

therefore, it appears that there are six different kinds of stress, 

namely—- 

Tensile Shearing Transverse 

Compressive Bearing Torsional 

1 Bearing stress resolves itself into stresses of compression and shear, i.e., in Fig. 
11, compression of the metal in front of the bolt, and shearing of the metal at the sides. 

2 It can be shown that this stress resolves itself into tension, compression, and 

shear. 
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The three latter can, however, be resolved into combinations 

of the three former. 

The various stresses are also classified as follows:— 

Stresses classified as regards Intensity.—Breaking Stress 

is that stress at which a material will just give way. 

Limiting Stress is the term applied to a stress which is pur¬ 

posely limited to less than the breaking stress of the material. 
Thus it may be known that a bar of iron will bear a stress of 20 tons 

per square inch before breaking, but yet it may be determined, in order to be 
quite sure that the bar will be safe, not to load it with more than 5 tons per 

square inch. In this case, 5 tons would be the limiting stress ; any less stress 
might be applied, but not a greater stress than the limiting stress, i.e. 5 
tons per square inch. 

The limiting stress should in all cases be less than the elastic limit of 
the material (see p. 10). 

Safe Working Stress is the stress that may in practice be 

safely allowed upon the parts of a structure. 
The amount of this stress depends upon the material, the nature of the 

stress, or the nature of load, whether live or dead, to which the structure is 

subjected. It is ascertained by dividing the breaking stress by a factor of 
safety, which varies under the several conditions mentioned above, and is 
determined by experience (see p. 9 and Appendix I.) 

Intensity of Stress is the amount of the stress, expressed in units 

of weight (such as tons), divided by the area of the surface over 

which it acts, expressed in units of area (such as inches); provided 

of course that the stress is uniformly distributed over the surface. 

If it is not uniformly distributed, the intensity of stress will of 

necessity be greater at some points than at others. It is generally 

expressed in tons per square inch, sometimes in lbs. per square inch. 
Thus in the case of the lamp hanging by a rod, or rather wire (p. 4), the 

stress is uniformly distributed over the cross section of the rod. Assuming 
that this cross section has an area of v-^th square inch, 

T J n , weight of lamp 50 lbs. 
Intensity of stress = - ■-r— = —-;—- 

area ol cross section square inch 

= 50 x 224 lbs. per square inch, 
or 5 tons per square inch. 

Again, if a bar 2 inches square, that is, with a sectional area of 4 square 

inches, has 40 tons hanging from it, the total tensile stress on the bar is 40 
tons, but the intensity of stress is 10 tons per square inch. 

The cast iron column shown in Fig. 5 may be taken as another example. 

The load is lO’O tons, and assuming that the area of the cross section is 8 
square inches, the average intensity of stress is ~= 1*25 ton per square inch.1 

1 As will be explained in Chapter VI., unless the column is very short, it cannot 
be assumed that the stress is uniformly distributed over the cross section, and there¬ 
fore the intensity of stress will vary from point to point, and the maximum intensity 
may be far greater than the average. 
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The Factor of Safety is the ratio in which the breaking load 
exceeds the working load. 

This ratio depends upon the nature of the load and that of 

the material, and it is found by experience. 

The following Table shows the Factors of Safety given by Professor 

Rankine in his Useful Rules and Tables. 

TABLE A. 

Factors of Safety. 

Dead Load, j Live Load. 

For perfect materials and work¬ 
manship . 2 4 

For good ordinary ( Metals . 3 6 

materials and < Timber 4 to 5 8 to 10 
workmanship ( Masonry 4 8 

It will be seen that, for the reasons given above, the factor of safety for 

a live load is taken at double that for a dead load. 
When a load is mixed, i.e. partly live and partly dead, the live portion 

may be converted into an equivalent amount of dead load, and the factor 

of safety for dead load then applied to the whole. 
The factors of safety shown in Table A are lower than can be safely used 

for the work, ordinarily met with. 
Factors of safety which have been used in practice for different special 

structures are given in Appendix I. 

Fracture.—When a body is subjected to a stress, and the 
stress at any point is greater than the material can withstand, 
fracture ensues. 

The nature of the fracture depends of course upon the kind of stress to 
which the body has been subjected. 

Thus a tensile stress carried far enough produces fracture by tearing, a 

compressive stress by crushing, a transverse stress by cross breaking, etc. 

Table of Stresses and Strains and Modes of Fracture. 

The following Table shows the various stresses and the strains, 
and description of fracture to which they lead when carried 
sufficiently far. 

TABLE B. 

Stresses. Strains. Modes of Fracture. 

Tensile or pulling . 
Compressive or thrusting 
Transverse .... 
Shearing .... 
Bearing . . ^ 
Torsional .... 

Extension . 
Compression 
Bending 
Distortion . 
I ndentation. 
Twisting 

Tearing. 
Crushing. 
Breaking across, 

j Cutting asunder. 
Cutting and crushing. 
Wrenching asunder. 
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Elasticity is the property which all bodies have (in a greater 
or less degree of perfection) of returning to their original figure 
after being strained by the application of any kind of stress.1 

When the original figure is completely and quickly recovered, 
the elasticity is said to be 'perfect. 

Thus if an ivory billiard ball be dropped upon a hard smooth stone, 
smeared with black, a black spot of considerable size will be found on the 
ball, showing that the ball was to some extent flattened at the moment of 

impact. 
Upon examination of the ball, however, it will be found that all flatness 

has disappeared, showing that it has returned to its spherical shape ; or, at 

any rate, that no deviation from that shape can be detected by the eye or by 

ordinary modes of measurement. 
When the original figure is not completely recovered, but remains per¬ 

manently altered, the elasticity is said to be imperfect, and the disfigurement 
produced is called a permanent set or set. 

Although there is reason to believe that the elasticity of every 
solid is imperfect, so that the slightest strain produces a set, 
the elasticity of most building materials is practically perfect, up 
to a certain point; that is to say, that stresses up to a certain 
limit can be applied and removed, and the resulting disfigurement, 
or change of figure, is only temporary; there is no appreciable 
permanent set—that is, no set that can be measured with any 
ordinary instruments. Stresses above this limit, however, cause 

permanent sets. 
The Elastic Limit of any material is the maximum stress per 

square inch that can be applied to it without causing any appre¬ 

ciable permanent set. 

An illustration will perhaps make the meaning of the preceding terms 

more clear than the definitions alone would do. 
If a weight be suspended from a rod so as to cause a tensile stress in the 

direction of its length, the rod will at once be elongated. 

It will stretch a certain proportion of its own length. This proportion 

will vary according to the description and quality of the material and to the 

amount of weight applied. 
Taking the case of wrought iron as an illustration : 

If a weight of 1 ton be liung from the end of a wrought-iron rod of aver¬ 

age quality, having a cross-sectional area of 1 square inch, the bar will 

stretch about part of its original length. 
If the weight be removed, the bar will immediately recover itself, that is, 

it will return to its original length. If measured by any ordinary means of 

measurement, it will be found to be of the same length that it was before 

the weight was applied. 

1 This must not be confounded with the popular meaning of the word “elasticity,” 
i.e. the property of being easily stretched. 
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This recovery of the bar occurs, however, only up to a certain point. If 
the load amounts to a considerable proportion of the breaking weight, the 
result produced is very different. 

For example, if instead of 1 ton, a weight of 12 tons he applied to the 
bar just mentioned, the iron will stretch about of its length. Upon 
removal of the weight, however, it will not entirely recover itself, and upon 
measurement it will be found to be a minute portion longer than it was before. 

This slight increase in the length of the bar is called the permanent set. 
It is evident, then, that there is a very important line to be drawn—on 

one side of it are the stresses the application of which will produce no appre¬ 
ciable permanent set, on the other side are the stresses which do produce an 
appreciable permanent set. This line of demarcation is the Elastic Limit or 
limit of elasticity, and its value is generally stated in lbs. or tons per square 
inch, and it is important that materials should not be subjected to stresses 
exceeding the elastic limit. 

The above remarks have been made with regard to a tensile stress, but 
the same thing occurs with a body under compression—weights placed upon the 
end of a strut produce no permanent shortening, or set, up to a certain limit ; 
weights greater than this permanently shorten the strut to an appreciable 
extent. This point is called, as before, the elastic limit or limit of elasticity. 

Repeated Stresses—Variations of Stress in amount and kind.—It was shown long 
ago by experiment that a stress not much exceeding half the breaking stress for 
iron or steel would cause rupture after being applied and removed a great number 
of times. 

This used to be explained by pointing out that if the stress exceeded the elastic 
limit each application of the load would cause a slight increase in the permanent 
set, i.e., the length of the bar would be slightly but permanently increased each 
time the load was applied until at last rupture would take place. 

More recent experiments on iron and steel have shown, however, that the action 
of repeated stresses is not so simple. Wohler has shown that if a bar be subjected 
to repeated stresses subject to variation in amount or in kind, the load must be 
much less than that which the bar will bear when it is steadily applied. 

Thus if t will just break a bar when steadily applied in tension, a tensile stress 

varying from 0 to ~ will break it if applied thousands of times, and ~ will break it 
. A o 

if repeatedly applied as compression and tension alternately. 
The cases in which repeated stresses vary in kind are rare and unimportant in 

building construction. They do, however, frequently vary in amount, and the 
above shows that the working stress for repeated loads should on no account exceed 
half the breaking stress—in practice it is much less. 

Elongation and Shortening.—Another point to be noticed 
is that in wrought iron, and in most building materials, the 
temporary elongations or shortenings produced before the limit of 
elasticity is reached are proportional to the loads which produce 
those elongations or shortenings. 

Thus in the bar above referred to—if a load of 1 ton produce an elonga¬ 

tion of xa^j-g-th in the length, 2 tons will produce y^§TFohhs> 3 tons x^innj-ths, 

and so on until 12 tons produce an elongation of x^Wffths = toVtt^1s ^ie 
length. 

At this point, however, the permanent set becomes appreciable, and beyond 
it the elongations are not in proportion to the load, but increase more 
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rapidly than the load. Thus 13 tons will produce an elongation slightly 
greater than ysV^j^ths of the length, and so on in an increasing ratio. 

The Modulus of Elasticity is a number representing the 
ratio of the intensity of stress (of any kind) to the intensity of 
strain1 (of the same kind) produced by that stress, so long as the 
elastic limit is not passed. 

Thus the modulus of tensile elasticity of any material is found by 
dividing the tensile stress in lbs. per square inch of sectional area by the 

elongation (produced by that stress) expressed as a portion of the length of 
the body. 

For instance, if a weight of 1 ton hung from an iron bar produce an 

elongation of x^^th of the length of the bar, the modulus of elasticity of 

the bar will be 2240 lbs. d-= 26,880,000 lbs. This is rather lower 
than the modulus of average wrought iron. 

Similarly, the modulus of compressive elasticity is found by dividing the 
compressive stress in lbs. per square inch of section by the shortening (produced 
by that stress) expressed as a fraction of the length of the body. 

In most building materials the modulus of tensile elasticity and that of 
compressive elasticity are practically equal to one another so long as the 
stresses do not exceed the elastic limit. 

In advanced works on applied mechanics other moduli are used which, 
however, are not required in ordinary calculations, except the modulus of 
rupture, see p. 52, and need not be further referred to in these notes. 

Moduli of elasticity for different materials are given in Table I. 

Deflection is the bending of any body caused by a transverse 
stress. 

Thus the ladder shown in Fig. 14 is bent by the weight of the 
boy sitting upon it. 

If the intensity of the stress be below the elastic limit, the 
deflection will disappear when the stress is removed; but if the 
intensity of stress be in excess of the elastic limit, a permanent 
set will remain. 

Stiffness in a material is the power*that it may possess to 

resist being strained out of its proper shape; this is a very 
different thing from the strength, or power to resist rupture. 
Compare, for instance, glass and wrought iron. 

The stiffness of the material depends upon its elasticity; 
the greater the value of the modulus of elasticity, the greater the 
stiffness of the body. 

1 By £< intensity of strain’' is meant the amount of alteration of figure per unit 

of length ; thus if a bar be elongated under tensile stress, the intensity of strain 

would be the amount of elongation (expressed as a fraction of a foot) per foot of the 

bar. Expressing the total elongation as a fraction of the length of the bar amounts 

to the same thing. 
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The stiffness of a structure depends not only upon the elasticity 
of the material of which it is composed, hut upon its arrangement, 
fhus a floor with deep narrow joists is much stiffer than one of 
the same strength with wide and shallow joists. 

This quality has an importance only second to that of strength 
m ^act> strength and stiffness must be considered together. 

In a floor, for example, although the joists may he strong enough to 
resist breaking, if they are not stiff enough, the floor will be springy and 
uncomfortable, and if they have a ceiling attached to them it will be cracked, 
and may be rendered dangerous by the deflection or bending of the joists. 

In roofs, the rafters, if not stiff enough, will bend or sag, causing ugly 
hollows, and in some cases lodgment of wet upon the roof-covering. 

Other Physical Properties of bodies do not affect the calcula¬ 
tions about to be entered upon, a discussion of them would tend 
only to confuse the student, and they will therefore not be alluded 
to in this volume. 



Chapter II. 

EQUILIBRIUM. 

HEN external forces act upon a body, its powers of resistance 
Vt are called out until they are just sufficient to balance the 

external forces ; when this balance is maintained, the external 
forces and those of resistance are said to be in equilibrium. 

When the external or active forces require, for equilibrium, 
greater resistances than the body can offer, movement ensues in 
the form of rupture of the material if the internal resistances are 
ineffectual, or of movement of the body itself if the external 
resistances are insufficient. 

Thus if a rope he fastened to a man, and a boy pull at it with a force of 
30 lbs., the man passively resists until there is a stress upon him of 30 lbs., 

and equilibrium is established. If, however, the man begins to pull the rope 
with a force of 80 lbs., equilibrium is disturbed and movement commences— 

the boy is dragged forward ; or if he ties the rope to a wall, and the man 
pulls with sufficient force, the rope is broken. 

Every structure is under the action of two distinct sets of 
forces, namely— 

1. The external forces. 2. The internal forces, or the 
stresses. 

And in order that the structure may not move, or, as it is 
termed, may be “ in equilibrium;’ it is necessary in the first place 
that the external forces be in equilibrium amongst themselves; 
and secondly, that the internal forces, or stresses, be not greater 
than the resistance the material of the body is able to offer. 

The external forces on a structure consist of the various loads 
it has to bear, and of the reactions at the points of support. 

It will thus be seen that, to design a structure as regards 
strength, three distinct operations are required, namely— 

1. To find the external forces acting on the structure. 
2. To find the stresses produced by those forces. 
3. To calculate the dimensions of the various parts of the 

structure so that the stresses (or, more strictly speaking, the inten- 
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sity of stress) shall nowhere he greater than the material is safely 
able to resist. 

The resistance is always exactly equal and opposite to the stress up to 
the point of rupture; and the resistance offered at that moment is called the 
ultimate, resistance. This introduces the important subject of resistance of 
materials on which ultimately depend all calculations made in connection 
with the strength of structures, and unfortunately it is a subject of which our 
knowledge is by no means as full as might be wished. At the end of this 
book will be found a Table giving the ultimate resistance to the various stresses 
of tension, compression, shearing, etc., of some of the materials usually employed 
in building construction,1 but more detailed information is given in Part III. 

These operations involve the application of the conditions of 
equilibrium of a body, the general consideration of which requires 
a greater knowledge of mathematics than is assumed for this 
Course; the large majority of cases that occur in building practice 
can, however, be treated in an elementary manner, which we now 
proceed to do in the order mentioned above. 

EXTERNAL EORCES ACTING ON A STRUCTURE 

The loads a structure has to bear may be given, but usually 
they have to be ascertained in each case, and it will be shown in 
the sequel how to do this. 

For instance, it might be given that a certain beam has to bear a weight 
of 10 tons; but in designing a roof, the weight of the roof-covering, the loads 
caused by the wind and snow, etc., would have to be ascertained or estimated. 

The reactions at the points of support are determined, as soon 
as the loads are known, by the application of the following 

principle: 
Whenever a force acts upon a body tending to move it in a 

particular direction, this force must be opposed by an equal and 
opposite force, or else the body will move—that is, it will not be in 
equilibrium. 

This is Newton’s third law, namely, that to every action there 
is always an equal and contrary reaction; or, the mutual actions 
of any two bodies are always equal and oppositely directed in the 
same straight line. Or, putting it another way, 

If a body is in equilibrium under the action of two forces, it 
is self-evident that the two forces must be equal and oppositely 

directed. 
1 See Table I. 
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Taking, for instance, tlie case of two men pulling at a rope (Fig. 12). 

Supposing the man A pulls with a force of 30 lbs., B must pull in the 

opposite direction also with a force of 

30 lbs. or the rope would move to¬ 

ward A. 
Now, supposing B ties his end of 

the rope to a ring in the wall (Fig. 13) 
and goes away, while A goes on pulling 
with a force of 30 lbs. The wall will 

now supply a force of 30 lbs. to oppose 
the pull of 30 lbs. The force supplied 
by the wall is called the reaction of the 

wall. 
. 1 . Fig. 13. 

The next case to consider is 
that of a body in equilibrium under the action of parallel forces, 
as in Fig. 14, showing two men carrying a boy on a ladder. 

The boy’s weight and 
the weight of the ladder act 
vertically downwards (Fig. 

14); the men therefore have 

to supply vertical forces act¬ 
ing upwards to maintain 

equilibrium. 
Supposing the boy to 

weigh 60 lbs. and the ladder 
90 lbs., the whole weight to 
be carried by the men is 

150 lbs. That is, there are forces amounting to 150 lbs. acting vertically 
downwards, and the men have to supply the reactions to resist these forces, 

and prevent the ladder from moving downwards. If the boy is in the 

middle, it is clear that each man will have to bear half the total weight, 

amounting for each to 75 lbs. 
In the same way, when a horizontal beam supporting a single load placed 

at its centre (Fig. 1 5), or loaded symmetrically throughout its length (Fig. 
16), rests upon two walls, half the total weight is borne by each wall, or, 

in other words, each wall lias to supply a reaction equal to half the weight. 

When the loads to he carried are symmetrically placed with 
regard to the supporting bodies, and are symmetrical in them¬ 
selves, the reaction afforded by each of these supporting bodies 
is equal, as in the illustrations given above. 
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When, however, the weights are not symmetrically placed 
with regard to the supporting bodies, then the reaction to be 

afforded by one support differs from that to be afforded by the 
other support. 

Reverting to the illustration of the boy carried on the ladder, if the boy 
does not sit in the centre of the ladder (Fig. 17), then the man A, nearer to 

wliom he sits, will bear more of his weight than the other man—that is, he has 
to supply a greater reaction. 

In order to ascertain the 
amount of weight each man 
will have to bear, a simple 

calculation is necessary, 
founded upon the principle 
of the lever, which no doubt 
is familiar to the student. 

By the principle of the 
lever we know that to pro¬ 

duce equilibrium the up¬ 
ward force or reaction act- 

1 OOTba. ' GO IbB. 
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... 

A ^ --SV—* --ioY-B 

€0 lbs. 

Fig. 17. 

ing at A, multiplied by the leverage AL, must equal the reaction at B 
multiplied by BL. 

We have, therefore, considering now only the weight of the boy, 

Reaction at A x AL = reaction B x BL, 
Reaction A x 5 = reaction B x 15, 

Reaction A = -1A- x reaction B, 

= 3 x reaction B. 
Reaction A + reaction B = 4 x reaction B. 

But we know that the two reactions together must be equal to the weight.1 

And 

4 x Reaction B = 60 lbs. 
Reaction B = 15 lbs. 
Reaction A= 45 lbs. 

Therefore we see that, because the boy is three times as far from B as from 
A has three times as much of his weight to carry as B. 

1 From the conditions of equilibrium (see Appendix II.) it appears that— 

by taking moments about A, 

W x 5 - Rb x 20 = 0. 
B.C.-IV. C 
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We have, however, ignored the weight of the ladder, which, being a 

uniform load of 90 lbs., produces a reaction of 45 lbs. at A and 45 lbs. at B. 

Reaction caused by 
Boy. Ladder. 

The total reaction at A= 45 + 45 = 90 

B= 15 + 45 = 60 

Total reactions caused by weight of boy and ladder = 150 

The general rule for finding the reaction at either support, 

caused by a load, placed anywhere on a beam supported at both 

ends, may be stated as follows:— 

Rules for finding the Reactions at Supports. 

Rule I.—The reaction at either support, caused by a single load 

(W) placed anywhere upon a beam supported at both ends, is equal to the 

load multiplied by the distance from its centre of gravity to the other 

support, and divided by the length of the beam between the supports. 

Single Load.—Thus with refer¬ 
ence to Fig. 18 

WxDB 
Reaction at A = R. = 

AB 

Fig. 18. 

Where W is in the centre, we have 
DB = £AB, and 

Reaction at A = RA = 
_ _ W x £AB _ 

AB 
=4W. 

General Case of Single Load.—If the load = W, the span = l, the dis¬ 

tance of W from A = a, we have 

l — a, 
W (1). R» = tW. (1 A). 

If W be in the centre, 
then l 

2 __W (IB). 
Ra = R. — 2 

Two or more Loads.— 
When a number of weights 

rest upon a beam the reac¬ 

tions can be found either by 

calculating the reactions produced by each weight separately, and adding 
them together, or by considering that they produce the same effects as would 

be produced by a weight equal to all of them put together, acting through 

their common centre of gravity. 

The second method is to be adopted in preference when the position of 

the centre of gravity is self-evident. Thus in Fig. 20 it is clear that the four 

weights, each of 100 lbs., produce the same reactions that would be produced 

Fig. 19. 
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that is, at the 

*U 00 

by one weight of 400 lbs. placed midway between them, 
centre of gravity of the weights (Fig. 21). 

Uniform Load.—Again 
the reactions produced by 

the uniformly distributed 
load Sw (Fig. 16) will be 

equal to those of a con¬ 

centrated load W = 8 w act¬ 

ing through the centre of 
gravity of 8 w. 

When the load is uni- 
fbrmly distributed over a por¬ 
tion or the whole of the beam, 
the reactions produced by it 

wiH be the same as those 
produced by a single weight 
equal to the load and placed 

nt the centre of gravity of 

the load. Thus in Fig. 21 

tbe reactions produced by 
the load of 400 lbs. distri¬ 

buted along EF would be 

exactly the same as those 

produced by a single weight 

of 400 lbs. acting at D, the 
c-9- of EF (see Fig. 22). 

lUhen the weights are unequal and placed unsyrrmetrically, their reactions 
^re best found by the first method, that is, by taking each in turn and finding 

le reactions produced by it. The reactions produced at either support will 
e ^e sum of the reactions produced by each weight at that support. 

Fig. 21. 

A 

W ' 

D b| 

-->10'„ 0---J 

\00 lbs 

Fig. 22. 

Th • Fig‘ 23‘ r uus m Fig. 23 the reactions produced would be as follows :— 
■ -- 

At A. 

-, 

At B. 

Reactions produced by 'W1 . 

Reactions produced by . 

Total reactions caused by 'Wi + W! . 

°baw titUtillg the values ofWi and W» we 

Total reactions caused by W, + "W, 
L_^_by 300 lbs. +100 lbs. ,2 . . 

12 w 
20 w» 

15 w 
20 "2 

3w>+SoW= 

s'800+a'10» 
= 150 + 75 
= 225 

— W 
20 Wl 

— W 
20 ^ 2 

10 w 5W 
20 ^ 1 + 20 ^ 2 

l-J-soo+A-i00 
= 150 + 25 
= 175 
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The general case of two weights unsymmetrically placed, as shown in Fig. 24. 

Fig. 24. 

Suppose a to be the distance from the abutment A to the point of applica¬ 

tion of Wv b the similar distance for W2, and l the span or distance between 

the supports. Then 
_ . . I - a txt l - b 
Reaction at A = —-— x W1H-j- W2, 

Reaction at B == ~ W1 + ^-W2. 
i l 

Several loads placed unsymmetrically.—Whatever the number of weights, 

the reactions are found in a similar manner. 
Thus in Fig. 25 there are five weights, Wp W2, W3, W4, W5, the distances 

Fig. 25. 

of which from A are respectively a, b, c, d, e, and l being the span or distance 

between the supports. 
I — a l — b l — c l — d l — e 

The reaction at A = —y— W1 + -y- W2 + —j- W3 H—j- W4 + —j~ W5. 

The reaction atB = yW1 + ^W2 + |W3 + yW4 + ^W5. 

The weights Wx, W2, W3, W4, W5 being known, as also the lengths of 

a, b, c, d, e, and l also known, it is easy to substitute the values and calculate 

the reactions. 

We arrive then at the following rule:— 

Rule II.—The reaction at either support caused by any number 

of loads placed upon a beam supported at each end is equal to the 

sum of the reactions at that support caused by each load taken 

independently. 
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Or, stated in another way, the reactions at the supports A and B caused 

by a number of loads Wv W2, W3, W4, W5, W6, etc., will he as follows 

Total reaction at A = reaction at A of Wj + reaction at A of W2 + reaction 
at A of Wo + reaction at A of W, + reaction at A of W* -f reaction at A 
of Wg, etc. 

Similarly, the total reaction at B = reaction at B of W1 + reaction at B of 
W2 + reaction at B of W3 + reaction at B of W4 + reaction at B of W5 + re¬ 
action at B of Wfl, etc. 

The reactions of the individual weights at A and B are of course found 
by Buie 1. 

Load on the Supports.—It is evident that the load on a support is equal 

and opposite to the reaction the support exerts on the beam. Thus in the 
case of the men carrying the boy on a ladder, when the boy is sitting in the 

centre of the ladder the downward pressure on each man is equal to the 

reaction, or to 75 lbs. ; when, however, the boy is not sitting at the centre 

°f the ladder, but at the position shown in Fig. 17, the man A has to bear 

a downward pressure of 90 lbs. and the man B of 60 lbs. 

In order to familiarise the student with the method of finding 

the reactions caused by various forms of load, it will be well to 

take as examples a few cases such as occur in practice. 

External Forces acting on a Girder. 

Example L—A. girder AB of 30 feet span (Fig. 26) supports a 

Fig. 26. 

eam C at a point 10 feet from the column at A. The load 

on the beam C is uniformly distributed, and amounts, including 

tie weight of this beam, to 46 tons. The girder AB itself weighs 

6 tons. Find the proportion of weight to be borne by the 

column and the wall. 

This weight will be equal to the reaction at each point of support. Since 

the beam C is uniformly loaded, it will impose a load of ^ = 23 tons on the 

uam^l ^ ^ ^ie &uder AB is therefore subject to two loads, 

!• Its own weight = 2'6 tons. 
2. The load upon it = 23 tons. 

he former is a uniformly distributed dead load, the reactions of which 
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can be found as at p. 17. The latter is a single load placed unsymmetric- 
ally upon the girder, and its reactions can be found by Buie I.1 

At A; tons. At B; tons. 

The reaction of the weight of girder itself will be 1-3 1-3 
The reaction of the load C. 15-3 7-7 

Total reactions 16*6 9-0 

If the reactions have been correctly worked out, their sum must be equal 

to the sum of the loads. 
In this case the sum of the weights is 23 + 2*6 = 25’6 tons. 

The sum of the reactions as found above is 16*6 -f 9*0 = 25*6 tons. 
The result is the same in both cases—which shows the working to have 

been correct. 
If in this example the beam C had been supported in the centre of AB, 

23 
the reactions due to it at A and B would have been equal each to — = 11*5 

tons, and the total reactions would have been altered accordingly—each being 

equal to 1 *3 + 11*5 = 12*8 tons. The column A would thus have to bear 

less, and the wall B more, than in the former case. 

External Forces acting on a Cantilever. 

Example 2.—A wrought-iron cantilever, as shown in Fig. 27, is 

bolted to awall and sustains 

a weight of 1 cwt. Find 

the other external forces 

acting on the cantilever. 

To oppose the downward 

tendency of W, the two bolts AB 

must supply an upward reaction 

B = W, but the proportion in 
which B is divided between 
the two bolts depends upon 
the method of fixing. For in¬ 
stance, if the lower bolt were 
working in a slot, the top bolt 

would have to supply the whole 
^' of B and vice versa. 

W also tends to turn the cantilever around the point B in the direction 

of the hands of a watch, and to oppose this the bolt at A must supply a 
horizontal reaction Br From the principle of the lever, or, as it is termed, 

by taking moments about B (see Appendix II.)— 
6xW-4xB1 = 0, 

or B1 = -W = l*5 cwt. 
1 4 

1 Reaction at A = g^ x 23 = 15’3, 

Reaction at B= ^ x 23 = 7*7. 



STRESSES PRODUCED BY THE EXTERNAL FORCES 23 

The bolt at A must therefore be of sufficient strength to withstand a pull 

of 1'5 cwt., or in other words 1*5 cwt. is the stress in the top bolt. 

The reaction R2 at B is clearly equal to the reaction at Ap but acting 
in the opposite direction. 

External Forces acting on a Roof. 

Example 3.—The roof shown in Fig. 28 is loaded with equal 

loads W, at the points D, C, and E. Find the reactions at the 

supports A and B. 

It can be seen at once from symmetry that the reactions must each be 

W 
equal to W + However, applying Buie II., p. 20, 

^ 24 W 8 _ W 
R- = 32W + T + 32W = W + '2’ 

8 W 24 W 

R-=32W+2+3-2W = W + -2- 

The preceding must suffice to give a general idea of the manner of finding 
the reactions at the supports, and of thus determining all the external forces 
acting on the body or structure. Other cases, such for example as the re¬ 
actions due to the pressure of the wind, acting on one side of a roof, will be 

considered in subsequent chapters. 

The next step (see p. 14) is to find the internal stresses pro¬ 

duced by the external forces, and for this we must consider the 

various structures separately, commencing with beams (Chap. III.) 



Chapter III. 

BEAMS.1 

FIGS. 31 and 32 show the manner in which a rectangular 

wooden beam, supported at the ends, breaks when subjected 

to a concentrated load greater than it can bear. The beam bends. 

sinking most at the point under the weight, and the fibres of the 

upper portion of the beam are crushed, and those of the lower 

portion torn asunder, as shown on a larger scale in Fig. 32. 

There are therefore certain external forces at work tending to 

break the beam across, and certain internal forces which are resist¬ 

ing this tendency to rupture. 

In order to ascertain the strength of the beam, as compared 

with any load it may be called upon to bear, it is necessary to 

ascertain the nature and extent— 

1. Of the external forces tending to break the beam across. 

2. Of the internal forces tending to resist rupture. 

1 The formulae for practical me are given in Equation 30, p. 54, and in 

Appendices VII. and XXI. 
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A uniform load of sufficient magnitude would also produce 

rupture in the same way, but with a slight difference as to the 

form assumed by the beam just before the time of rupture. 

When a beam is supported at both ends and subject to a safe 

load, it will bend to a certain extent, and the upper fibres will be 

ln compression and the lower fibres in tension. 

Kow if we examine the external forces acting upon the beam in 

^*8* 33> we see that the weight acting downwards causes a reaction 

each support acting upwards, just as in Fig. 17 the weight of the 

ooy on the ladder rendered it necessary for an upward force to be 

exerted by the man at each end. R 

The downward vertical force 

caused by the weight acting to¬ 

wards the centre of the earth is £ 

alanced by the upward forces A 

caused by the reaction at each end, 

and the whole structure is in a state rig’ 

°f equilibrium (i.e. the beam supports the weight). 

Conversely, we may say that the reactions acting vertically 

npwards are balanced by the weight acting vertically downwards. 

They are in the position of vertical forces each acting at the 

end of a lever under the weight as a fulcrum, and the action is 

le same as in bending a stick across one’s knee. 

When we consider the effect of these reactions upon the beam 

We see that each acts with a leverage equal to the distance from 

^le support to the point immediately under the weight, about 

which the beam tends to break. 

The power of these reactions to bend or break the beam, there- 

fore> consists of ^ _ . 1 a \ \ 
Ba (the reaction at A) X AC, 

01 Bb (the reaction at B) x BC. 

Binding moment.—This is called the bending moment or, in 

some books, the moment of flexure. 

Since the bending moment of the reaction Ra at C (the section of the 
eatn under the weight) is proportional not only to the magnitude of RA but 

also to the lever arm AC with which it acts, it is therefore equal to 

AC x Ra, 

but CB 
Ba = 

AB 

therefore the bending moment due to Ra at C 

(2). 
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In the same way the bending moment due to the reaction RB at C is 
CBxRb 

AC 
= CB. 

AB 
,W (3), 

which shows that the bending moment at C due to RA is equal to the bending 

moment due to RB, a manifestly correct result.1 

Let it now be required to find the bending moment at any 

point P. Considering the left-hand part of the beam, the bend¬ 

ing moment is seen to be 

AP xRa = 
AP.CB 

AB 
.W. 

Now considering the right-hand part of the beam ; the reaction RB tends 

to turn that part of the beam against the direction of the hands of a watch, 

but the weight itself opposes and tends to turn it in the contrary direction. 
Thus the bending moment will be equal to the bending power of R„, less 

that of W, that is 

= PB.Rb-PC.W, 
AC 

= (PB. — -PC)W, 

PB.AC-PC.AB __r 

=-AB--W’ 
(PC + CB)AC - PC(AC + CB) w 

AB 
CB. AC - PC. CB (AC-PC)CB AP.CB 

AB AB * AB * 

The same result as before. 

The bending moment at any point of a beam can therefore 

be found by the following 

Rule for finding the Bending Moment at any given Point. 

Consider either of the portions into which the beam is divided 

at the given point, and multiply each force acting on that portion 

by the distance of its point of application from the given point; 

these products can be taken as positive when the force tends to 

turn the portion of the beam under consideration in the direction 

of the hands of a watch, and negative when in the opposite 

direction. Distributed loads are to be reckoned as acting at 

their centre of gravity (see p. 19). 

The algebraic2 sum of these products is the bending moment 

required. 

1 Strictly, the distances AC and CB should be measured horizontally, but in 
practice the bending of a beam is so small that these distances can be measured 
without any appreciable error along the beam, or in other words may be taken to 
be, after bending, equal to what they were before bending. 

2 That is, the positive products are to be added and the negative products 

deducted. 
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In practice that portion of the beam would be chosen on 
which the fewest forces are acting. 

Example 4. As a simple numerical example let 

It is also equal to 
= CB x RB = 14 feet x 30 lbs., 

= 420 foot-lbs. 
AC xKa= 6 feet x 70 lbs., 

= 420 foot-lbs. 

in i ^ ke seen subsequently, it is sometimes better to express lengths 
nc es, and so expressed the bending moment at C would be 

= 420 x 12 = 5040 inch-lbs. 

e I"urther, if the loads are expressed in cwts. the bending moments will be 
" pressed in inch-cwts., and in inch-tons if the loads are expressed in tons. 

BENDING moment under various conditions.1 

We proceed now to consider the Bending Moment or Moment 
°J Flexure caused in a beam fixed or supported in various ways, 

. y Afferent distributions of load that are most likely to occur 
ln practice. 

The following will be the notation used throughout:— 

N —Bending moment or moment of flexure in inch-pounds, inch-cwts., or 
Inc 1~tons, according to the denomination in which W and w are expressed. 

Mc = Bending moment at centre. 

Mp = Moment at point P. 
Ms = Moment at point S, and so on. 

A and B are used for the points of support. 
W = Total weight on the beam in lbs., cwts., or tons. 
w = Weight per inch run of the beam in lbs., cwts., or tons. 

I = length | of the beam, 
b — breadth > all in 
d = depth ) inches. 

RA — Reaction at support A. 
Rb = Reaction at support B. 

The formulas for ‘practical use will be found numbered 4 to 27 on pp. 28 to 40, 
a so in a condensed form in the Table with Appendix VII. 
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Case 1.-BEAM FIXED AT ONE END AND LOADED AT THE OTHER END. 

To find the bending moment MP at any point P, consider the portion 
PE of the beam as shown in Fig. 35, then by the rule (p. 26) the bending 

moment is equal to the weight W multiplied by the leverage with which it 
acts, namely PE. 

Now if x be the distance of the point P from the wall, the leverage 
with which W acts at P is (l - x), therefore 

MP = W(l-x) (4) 

Fig. 35a. 

At the wall A the weight will be acting with the leverage of the full 
length of the beam Z, hence MA = Wl . . . . (5). 

At the point E the leverage is nothing, and the bending moment 

Me = 0 

moments, and the value in inch-1 

the length of Pg. 

Graphic Representation.—The above 
can be shown graphically thus :— 

Draw AE (Fig. 36) as before.1 Plot 

A/ vertically to represent Wl (the bend¬ 

ing moment at A) to some convenient 

scale of inch-tons to an inch.2 Join E/ 

and draw Pg parallel to A/; then Pg 
will represent the bending moment at 

P, for, by similar triangles, 

P<7 _ l - x _ MP 

Af-~T=MX’ 

so that Tg and Af are in the same 

proportion as the respective bending 
is of Mr can be ascertained by scaling 

Case 2.—beam fixed at one end, loaded uniformly. 

Here if iv is the load for unit of span the whole load is wl, and at the 

1 This and the similar figures following are merely graphic representations of the 
results obtained algebraically. Appendix YI. shows a graphic process applied to 
obtain the results themselves. 

2 For instance, supposing Ma is 100 inch-tons, then if a scale of 100 inch-tons to 
the inch is chosen (i.e. one inch represents 100 inch-tons), A/ will have to be made 
1 inch long. Supposing P<7 is measured and found to be 0'65 inch, then Mr = 65 
inch-tons. 
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point A (Fig. 37) it acts with a mean leverage equal to the distance from 

its centre of gravity to the point A. 

Therefore 

-f..(6> 
The load tending to bend the beam about any section P is that upon PE, 

l 
Ma = wl x —, 

Jj 

= w(l - x\ and it acts with a leverage equal to the distance of its centre of 

. I — x 
gravity from P, i.e. ——, therefore 

A 

Mp = w(l — x)x- 

(l-x) 2 

l — X 

(7)- 

Graphic Representation.—This case may be shown graphically, as in Fig. 39» 
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wl2 
Draw AE as before, and A/ = — to represent the bending moment at A. 

Draw /E a parabola with its vertex at E ; then the ordinate dropped 

bending moment at that point.1 

Simpler Construction.—To be of ready practical nse, a simpler construc- 
AE 

tion is needed. Now if A/ is made less than —y a circular arc drawn 

through /, and tangent to AE at E, will practically coincide with the required 

parabola, and can be used instead of it. 
This is shown in Fig. 40, the circle being in full and the parabola in 

dotted lines. The value of the above limit as to the proportion of Af to AE 
AE 

is shown on the same figure, where A/ is made = — and the divergence 

between the circle and parabola is seen to be not sufficiently great as to lead 

AE 
to erroneous results, but in the case of Af' which is equal to - ~ the error is 

seen to be considerable. 
A11 easy method of finding the centre of the required circle in such cases 

is also shown on this figure. EC is drawn perpendicular to AE, E/j is joined 
and bisected at 6, and bC is drawn perpendicular to E/r The point of its 

intersection with EC is obviously the required centre. 

Case 3.—beam fixed at one end and loaded with a uniformly 

DISTRIBUTED LOAD, AND ALSO WITH A CONCENTRATED LOAD AT 

ITS EXTREMITY. 

This case (Fig. 41) is a combination of Cases 1 and 2. 

Graphic Representation.—This case is shown graphically in Fig. 42 ; the 

1 For a proof of this, reference may be made to any work on conic sections. 
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diagram from Fig. 36 being plotted above, and that from Fig. 39 below 
the beam AE.1 

The bending moment at A will be the sum of the bending moments 
caused by W and by wl, so that, combining Equation 5 with Equation 6, 

M. = WZ+y.(8), 

= Ah + A/, 
= hf(less the thickness of the beam in Fig. 42). 

Combining Equation 4 with Equation 7, 

Ur = W(l-x)+^^ . . . (9), 

= P^’ + Pg — ig (less the thickness of the beam). 

It is not absolutely correct to say that hf = the bending moment at A, and 
that ig = the bending moment at P, for it is obvious that the depth of the beam 
must be deducted from these ordinates, or the beam must be represented by 

a single line when drawing the diagrams. 

This case would apply to a balcony crowded with people and having a 
very heavy railing. 

Case 4 (Fig. 43).—beam fixed at one end and loaded with 

SEVERAL CONCENTRATED WEIGHTS, Wv W2, W3, ETC. 

The bending moment at any point produced by all the weights is equal 
to the sum of the bending moments produced by each at that point. 

Graphic Representation (Fig. 44). 

Draw Ae — WXZ and join Ee, 

ef = W2l2 and join F (the point on Ee under W2) with /, 
fg = W323 and join G (the point on Ff under W3) with g. 

It is evident that 

Ma = + W2l2 + W8Z3, .... (10), 

= Ae + ef+~fg = Ag. 

At any point P distant x from A 

MP = W,(l -x) + W2(l2 -x) + W3(Z3 - x), . (11), 
= Pi + ij +jk = P&. 

1 Both diagrams must be plotted to the same scale—that is, the same number of 
mch-tons or inch-lbs. to an inch must be taken for both. 
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Case 5 (Fig. 45).—beam fixed at one end and supporting a 

LOAD UNIFORMLY DISTRIBUTED OVER A PART OF ITS LENGTH. 

At the point A ma= Mh+y) • ■ (12). 
At any point Q in AB distant x' from A 

M,= wztyz + y - x') . (12 A). 

At any point P in BD distant . x from A 

Mr = w(z + y - x) x \(z + y - x), 

= \w{z + y-x)2 . (12 B). 

At the point B M„ = wzx ^wz2 . (12 C). 

At the point D Mb = 0. 

At any point in DE M = 0. 

Fig. 46. 
Graphic Representation (Fig. 46). 

Draw AG = MA = + y) and join G and the middle point between 

B and D. 
From B draw the vertical line BF,1 cutting the line from G in F. 

Between the points F and D (the points immediately under the extremi¬ 

ties of the load) draw a semi-parabola as for a beam BD uniformly loaded 

(Case 2). 
The vertical distance between GFD and ABD at any point gives the 

bending moment at that point. 

Case 6 (Fig. 47).—beam supported at both ends and loaded 

IN THE CENTRE. 
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Mc = Reaction at A or B x leverage, 

W 
Reaction at A or B = —, 

leverage = . 

Hence 

At any point P 

Graphic Representation.—Fig. 48 shows this Case graphically. 

Draw CD to represent to some convenient scale M0 = 

w 
M°=J • 

l w l 
2“T ■ (13). 

II s
 :h ■ ■ • (14), 

JS
J*

 
II 

II 
© 

O 

Wl 
Join 

AD and BD, then the vertical distance from AB to AD or DB at any point 

is the bending moment at that point. 
W fl \ 

Thus PF is the bending moment at P and is equal to 
2 \2 

Case 7 (Fig. 49).—beam supported at both ends and 

UNIFORMLY LOADED. 

According to the rule given at p. 26 the reaction RA produces a 

positive bending moment at C = — x and the load on AC produces a nega- 
A A 

five bending moment in the opposite direction at C = ^ x -. 

Fig. 49. 

Hence the bending moment at C is 

M, 

Fig. 50. 

wl l wl l wl2 

2“X2“ 2_X4 = T 
(15). 

To find the bending moment at any point P distant x from the centre of 

the beam, consider the portion AP of the beam, then by the rule— 

M, 
wl/1 

~'Y\2 

w fl w / 

2 

l_ 

2V2 

+ x :)-«,(!+*) 

I 
- + X 

l---X 

w fl 
=« XH-XH 

B.C.-IT. 

(16). 

D 
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Graphic Representation (Fig. 50).—As in Case 2 the bending moments are 
graphically represented by a portion of a parabola ADB as shown in Fig. 
50, and if a suitable scale is chosen so that CD is less than \ AC or AB, 

the arc of a circle can be used instead of the parabola without appreciable 

error. The method of drawing a parabola is given in Appendix III. 

To obtain, therefore, the bending moment at any point in AB, plot CD to 
wl2 

represent — to some convenient scale, so that CD is less than £ AB. Draw 

a circular arc through the points A, D, and B, then PQ will represent the 

bending moment at the point P; P1Q1 the bending moment at P19 and so on. 

The bending moment at P can also be obtained by considering the portion PB of 
the beam. It will then be found that l 

~~x win (l \2 wlfl \ 
= w\2 X)~2~ 2\2 X)' 

Wt n 
“ 2' Ci 1 

wt a 
~ 2' 

Wi a2 
2' 

M 

')(J+4 
-)•. 

The same value as before but with a negative sign. This difference in signs 
expresses the fact that the forces acting on the portion AP of the beam tend to turn 
that portion in the positive direction, i.e. in the same direction as the hands of a 
watch, whereas the forces acting on the portion PB tend to turn that portion in the 
negative direction. 

The maximum bending moment occurs at the centre of the beam, and is 

wl2 W l 
—. Now wl is the total load, which is written W, so that M0= —. 
0 o 

Comparison between Central and Distributed Load.—On referring to Case 6 

Wl 
it will be seen that a central load W produces a bending moment — at the 

centre of the beam, that is, double the bending moment produced by a uni¬ 

formly distributed load of the same amount. In other words, the safe dis¬ 
tributed load on a beam is double the safe concentrated load at the centre. 

Case 8 (Fig. 51).—beam supported at both ends, loaded in 

CENTRE AND ALSO UNIFORMLY. 

This is a combination of Cases 6 and 7. 
Gh'aphic Representation.—In the graphic representation, Fig. 52, the 

diagram of bending moments for the distributed load wl is below, and that for 
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the single load W is above the line AB. It will be easily seen that 

the total bending moment at the centre = Mc for the central load + Mc for 

the distributed load. Therefore, combining Equation 13 with Equation 15, 

M0 = M0 for W + Mc for wly 
W l Wl2 x 

~X+T.(17)' 
And further, by combining Equation 14 with Equation 16, 

Mp = Mp for W + MP for wl, 

= iw(i-*) +hw(^-x2) ■ ■ ■ (18)- 

It will be observed that the bending moment at any j)oint of the beam 
can be obtained by adding together the ordinate of the triangle and of the 
curve at that point. 

Case 9 (Fig. 53).—beam supported at both ends loaded 

AT ANY POINT. 

In this case the maximum bending moment is at D, the point of applica¬ 

tion of the load. With regard to the reactions at A and B see p. 17. 

^-/_ 

*■-l-m--h -m-- 
|w 

'-l-m-x --•>* 

p [5 [o’ Jb 

|Rb 

Fig. 54. Fig. 53. 

Here the bending moment immediately under W is : 
Bending moment at D = MD = reaction at A x leverage, AD, 

m 
= j W x (l- m), 

m(l - m) 

l 
- W (19). 

Or Md = - reaction at B x leverage, BD, 

-<cr)*** 

l 

At any })oint P in AD to the left of and at a distance x from W 

Mp = Ra x leverage, 

= j W x (l - m - a?) (20). 

At any point Q in DB to the right of and at a distance y from W 

Mq = - Rb x leverage, BQ, 

l-m. 

I 
-W x (m - y) (21). 

At A and B Ma and each = 0. 



36 NOTES ON BUILDING CONSTRUCTION 

Graphic Representation.—The bending moments are represented by a tri¬ 

angle, as shown in Fig. 54. 

Case 10 (Fig. 55).—beam supported at the ends and 

PARTIALLY LOADED WITH A UNIFORM LOAD. 

Fig. 55 shows the manner in which the beam is loaded, and the values of 

the reactions and Ha are as follows: 

l - m + n 

(1l-m- n)(l -m + n) 
Ra = (l - m - n)w x - 

l 

l + m-n 

21 

Rb = (7 - m - n)w x - 
l 

(l-m- n)(l + m- n) 

“2 i'~ 

l+m-n 1 l-m+n 

Ur-11- 

P F As 

Fig. 55. 

The distance of any point (P, P', or P") from A will be called x, and from 

B the distance will be called y. 
The bending moment at any point P situated between A and E is 

Mp = KAxa;, 

(l- m + n)(l -m — n) 

21 
.wx • (22). 

Similarly the bending moment at any point P" situated between F and B at 
a distance y from B will be found to be (considering the portion P"B of the 

beam and neglecting the negative sign) 

_ (l + m- n)(l -m-n) 
Mi// = Rbx^/ = v-- .wy . . (23). 

Lastly, the bending moment at any point P' situated between E and F 

is equal to x-m 
M , = RA x x - (x - m)w x ——, 

A 

(l-m + n)(l -m-n) (x- m)2 . . x 

--Wl- 
It can also be shown by the application of the differential calculus that 

My is a maximum when 
l2 + m2 — n2 . 

*= .... (25). 

Graphic Eepresentation.—It will be found that if the distributed load over 
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EF were concentrated, one half at E and the other half at F, that neither RA 
nor Rb would be altered in value, and hence Mp and Mp" would also have the 

same value. But the bending moment at P' would be changed and would 
be equal to 

,rf (l-on + n)(l — m — ri) (l — m — ri)w 
M,/ =-^7-. wx - ---(x - on), 

therefore 
21 

(x - m)w 
l-on — n-(x - m) |. 

Fig. 56 represents the part EF of the beam by itself, and it is clear that 

k— s -->4 

l- m - n — ; and if 3 is the distance of P' from the centre of EF, 

Hence 

x - 001 —~ - %• 
A 

Mr' - MV .(»-> 

(H6H N-AA-L, w, 

-!(¥-4 
It will therefore be seen that the bending moment at P; is greater when 

the load is distributed than when it is concentrated at E and F. And further, 
by referring to Equation 16, it will be seen that the increase can be represented 
graphically by the ordinate of a parabola as shown in Fig. 57, or practically 

rWb ^ l 
by the ordinate of an arc of a circle, if is represented by less than d. 

Now the diagram of bending moments, when the loads are concentrated 
at E and F, is as shown in Fig. 58, where 

and 

EQ = Ra x on — 

FQj = PB xn = 

(1 — 011 + ori)(l —on-00) 

~~21 ’ 

(l + on - n)(l - on - n) 

21 
-.vm, 
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so that the diagram, when the load is distributed, can be found by adding the 
diagrams in Figs. 57 and 58 together, as shown in Fig. 59. 

Instructive lessons can be learnt from this case by varying the values of m 
and n. 

Supposing, for instance, that m—n, then the maximum bending moment will be 
at the point for which (Equation 25) 

that is, at the centre of the beam, and the bending moment at that point, from 
Equation 24, will be 

M w l 
c~ 21 2 

(I—Xi+m) „ 
2 

l2 , 

= —'w.(26). 

If now m=0, so that n is also 0, that is, the load is distributed uniformly over 
Z2 

the whole beam, then M0=g-. w, 

the result previously obtained when considering Case 7 (Equation 15). 

Again, if m=4, that is, the central half of the beam is uniformly loaded, 

M _1_1®. w, 
0 2 
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from which it appears that if the two outer quarters of the beam were loaded and 
the central half unloaded, 

So that the load on the central half produces a three times greater bending moment 
than the remainder of the load. 

Equation 26 can be written 

Now (Z- 2m)w is the total load on the beam, that is W, so that 

beam (Case 1), then ^ ^ 
C 4 • ’ 

the result previously obtained (Equation 13). 
The case of a beam loaded with a concentrated load placed anywhere upon it can 

be deduced in a similar manner to the above from Equation 24, an exercise which 
is, however, left to the student. 

It will thus be seen that the case under consideration includes all the previous 
cases. 

Case 11 (Fig. 6o).—beam supported at both ends, loaded 
WITH ANY NUMBER OF LOADS. 

The total reaction at each abutment is equal to the sum of the reactions 

A B 

7^=the distance of Wi from A 
ma= „ ,, W2 from A 
7713= » W3 from A 

Z = the span 

W2 from A 
W3 from A 

Fig. 60. 

caused by each load separately, thus (Fig. 60) 
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The moment at any point P distant x from A is (if P be between o2 and o3) 

MP = Reaction A x leverage - weights between P and A x leverage, 

i i 
m2) , W3(Z-m3) 

' + 
l 

^ x x— W2(x - m1)-W2(£c-m2) (27). 

Graphic Representation1 (Fig. 6o).—In the graphic representation the dotted 

lines show the triangle of bending moments due to each load separately (see 

^ase Thus A^B is the triangle for Wv 
Ap2B is the triangle for W2, 
A<?3B is the triangle for W3. 

The bending moments caused by all the loads are represented graphically 

by a polygon, which can be obtained as follows :— 

The bending moment caused by W1 immediately under itself is oxrv the 

bending moment at this same point caused by the weight W2 is oxpv and the 

bending moment caused by W3 is o1g1; the total bending moment at this 

point caused by W15 W2, and W3 is equal to op\ + + oxqv and o1^1 is set off 

equal to this. 
In the same way the total bending moment at W2 is found and set off as 

o2t2, and the total bending moment at W3 as osts. 
Join A£j, tjt2, t2t^ and £3B, and the polygon of moments is obtained. 

MOMENT OF RESISTANCE. 

The application of the preceding rules enables us to ascertain 
the effect produced by external forces acting transversely upon a 
beam—that is, in other words, to calculate the bending moments 

produced by loads or other external forces. 
The next step is to investigate the nature of the resistance 

offered to these forces. 
This resistance is afforded by the internal structure of the 

beam, which, for instance, consists in timber and wrought iron 
of a number of fibres lying closely together and running in the 
direction of the length of the beam, but in cast iron of closely 
adhering grains. 

There are two methods by which the value of this resistance 
can be ascertained— 

1. By reasoning upon certain assumptions. 

2. By experiment. 
Of these two methods the first is not practically used in the 

calculation of beams of rectangular cross section, but its applica¬ 
tion to them is described somewhat fully in detail, in order to 
clear the ground for the better understanding of the calculation 
of beams of more complex section. 

Method op Ascertaining the Moment of Resistance by Reasoning. 
—The effects produced upon the fibres of a beam by external forces acting 

upon the beam may be shown as follows :— 

1 See Appendix VI. where a similar case is worked entirely by a graphic method. 
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Let Fig. 61 represent a straight rectangular beam supported at A and B 

and Fig. 61 a a cross section of the same beam. Mark upon the beam two vertical 

straight lines op, qr, and also a line NL drawn parallel to the length of the 

beam and midway of its depth, and intersecting op in n and qr in l. 

The beam can be considered as made up of horizontal layers of fibres, so 
that oq will represent a portion of the top layer and pr of the bottom layer ; 
NL will represent the central layer, nl a portion of it, and cd and ef portions 

of intermediate layers. 

If the beam be now slightly bent as in Fig. 62 (where, however, the bend¬ 

ing is exaggerated to make the case clearer), it will be found that the lines 

op and qr, originally vertical, are inclined inwards, and that nl remains 
unchanged in length. It therefore follows at once that o'q' and cd' are 

shorter than oq and cd, but that pV and 
c'f are longer than pr and ef. 

Fig. 63 is an enlargement of the 

central part of Fig. 62, and has 

been drawn through n parallel to qY; 

clearly o-ff and o1c/ are the amounts by 
which oq and cd have been shortened 

by the bending, and similarly e,e1 and 

p'px are the amounts by which ef and 

pr have been lengthened. 
It is evident, therefore, that all the 

fibres above nl have been compressed, 

and those below nl extended, by the 

stress put upon them by the bending 

action. 
Only the fibres in the layer repre¬ 

sented by NL are uninfluenced by the 

bending action ; they are neutral, hav¬ 

\o' <7' . 

1 [ d' 

11 

1 ' 

/  

1 
-—- 

i)' r' 

ing neither compression nor tension to resist, 

the neutral layer. 

Fig. 63. 

This layer of fibres is called 
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If a cross section of the beam be made, the neutral layer1 will be 

intersected in a straight line (00, Fig. 6ia), and this straight line is called the 
neutral axis. 

As already mentioned at p. 24, if the bending of the beam were carried 

far enough to produce cross breaking, it would be found that the fibres at 
the cross section of maximum stress above the neutral layer were crushed, 

and the fibres below were torn asunder. 
It will therefore be seen that the resistance of the beam to bending is 

afforded by the resistance of the fibres above HL to compression and of those 
below NL to tension, and the question is, How can we arrive at the value of 

this resistance ? 
Figs. 64 and 65 may make us understand more clearly exactly what it is 

we wish to find out. 

w 

r 

= the bending moment. 

Taking a simple case of a beam supported at both ends and loaded in the 

centre. 
Fig. 64 shows the general direction of the forces which produce the 

bending moment and of those which ofFer resistance at the cross section CD 

under the load. 
RA and Rn are the reactions at A and B respectively which act with a 

leverage equal to half the span of the oj)ening, i.e. AC or BC, and 
Ra x AC or ’ 

RB x BC 
Supposing now that the beam is cut across at CD and separated, the load 

being also divided equally ; and that by some means the stress on each fibre 

is maintained exactly at what it was before the beam was cut; the two halves 

of the beam will clearly remain in equilibrium, and the state of things is 

represented in Fig. 65. 
Considering the left-hand half of the beam, it will be seen that the forces 

W 
RA and — tend to turn that portion of the beam in the positive direction, and 

that the internal stresses tend to resist it in the negative direction. The forces RA 

1 The neutral layer is sometimes called the neutral surface and in some works 

the neutral axis. 
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and —, being equal and parallel, form what is called a couple, and tlie pro¬ 

duct of one of the forces into the distance between them (i.e. RA x AC) is 
called the moment of the couple. It will be seen that the moment of this 

couple is equal to the bending moment at the section CD. To ensure equi¬ 

librium it is clear that the resisting stresses must have a turning moment 

equal and opposite to the bending moment. This moment is called the 
moment of resistance of the section. 

The same reasoning applies to the right half of the beam, and can also be 
extended to any section of the beam. 

Fig. 65. 

We have therefore established the important relation that at any section 
of a beam 

Bending Moment = Moment of Resistance. 

The moment of resistance at a section P will be denoted by MP, and the 
next step is to find an expression for its value. 

From Figs. 64 and 65 we gain a general idea of the nature of the 

resistance which is offered by the fibres of the cross section and of the way 

in which this resistance counteracts the effects of the bending moment. 

We wish now to ascertain more exactly the amount of the resistance 

offered by the fibres of a cross section, and how the resistance is distributed 

among those fibres; whether they all resist equally, or whether more resist¬ 

ance is offered by some than by others. 
In order to do this, certain assumptions must be made. 
These assumptions are based on experiment, and are practically true 

when the stresses do not exceed the elastic limit; and as the working stress 

should not even approach, far less exceed, the elastic limit, these assumptions 

can be accepted as giving practically reliable results. They are, however, 

not true so soon as the elastic limit is overstepped, and the divergence 

becomes greater and greater as the point of rupture is approached. It is clear, 

therefore, that the breaking load cannot be deduced by working on these 

assumptions, which are as follows :— 
1. That the stretching or shortening in any fibre is proportional to the 

stress of tension or compression that comes upon it. 
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For example—If a compression of 1 ton per square inch shortens a fibre 

by xwtfth of its length, a compression of 2 tons per square inch on the fibre 
will shorten it xznn^hs of its length, 3 tons xtfVtftlis, and so on, up to the 

and in the same way, if a tension of 1 ton per square inch 

2 tons will stretch it ± 02g^ths, 3 

rcnru'ths. 
2. That the amount of shortening produced by a given stress 

elastic limit; 

stretches a fibre 
5 

tons 2. o*o o^hS) and 
5 tons 

of shortening produced by a given stress causing 

compression will be equal to the amount of stretching produced by an equal 

stress causing tension. 
Thus if a compression of 1 ton per square inch upon a fibre shortens it 

Y^j-fl-th of its length, a tension of 1 ton per square inch will stretch it 

of its length, and so on. 
3. That the amount of stretching or shortening in a fibre is proportional 

to its distance from the neutral axis of the section under consideration.1 

It follows from assumptions 2 and 3 (see Appendix IV.) that the neutral 

axis passes through the centre of gravity of the section, 
Thus if CDEF (Fig. 66) represents the cross section of a beam 12" deep, 

p 
o- 

1 

s-1 

Q -^r | 

“?+■?—o 

! ! 
fx-—t : 
F.1 

then 00, the neutral axis, is to be drawn 
through the centre of gravity of the cross 

section, that is in this case midway between 

CE and DF. 

1 inch from 00, 

4 inches ,, 
4 inches ,, 

5 inches ,, 

If PQ be 
RS „ 
TU „ 

VX„ 

Fig. 66. 

times that at PQ. 

then the shortening of each fibre in the 

layer RS will be four times that of the 

fibres at PQ; the shortening at CE six 

The stretching at VX will be £ of that at TU, and the 

stretching at DF = £ that at TU. 
In the case under consideration, it is to be observed that, owing to the 

neutral axis being midway between CE and DF, the amount of shortening 

of the fibres at CE is equal to the lengthening of the fibres at DF. 
It will be seen that in Fig. 63, o1np1 and o'np' are drawn as straight lines, 

which expresses graphically assumption 3. 
Combining assumptions 1 and 3, it will be 

seen that the stress in any fibre is proportional to 
its distance from the neutral axis, and further, 

from assumption 2, that the numerical value of 

the tension in a fibre is equal to the numerical 

value of the compression in a fibre at the same 

distance on the other side of the neutral axis. 

Thus in Fig. 66, if the tension on the fibres at TU 

is 8 cwts. per square inch, the compression on the 

fibres at RS is also 8 cwts. per square inch. 
The amount of stress is shown graphically in 

Fig. 67 ; that is, if CE represents the compression 

at CE, yq will represent the compression at PQ, and so on. 

1 This assumption has been proved by experiment. See A Manual of Civil 
Engineering, by W. T. M. Rankine, F.R.S.S., etc., p. 250, 10th edition. 

Fig. 67. 
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Stresses in beam 1" wide.—Applying these assumptions in the first instance 

to a simple case. Suppose AjB (Fig. 68) to he a rectangular beam 1" wide 

and 12" deep, supported at the ends and loaded in the centre, then each inch 
in depth of the beam will contain one square inch of fibres. 

Suppose also that the “ elastic limit ” of the material of which the beam 
is composed is 10 tons1 per square inch. We know that the fibres will bear 
that stress without injury, but being determined to be well under that limit, 

we wish to arrange that the stress upon the fibres shall nowhere exceed 6 

tons per square inch. The limiting stress then is to be 6 tons per square inch. 
On reference to Case 6, p. 32, it will be seen that the maximum bending 

moment occurs at the centre of the beam. If, therefore, the stress on the 
extreme fibres at the centre of the length of the beam does not exceed 6 tons 
per square inch, we can be quite sure that it will not exceed it anywhere else. 

Again, by assumptions 1 and 3, the stress upon the fibres is in proportion 
to their distance from the neutral axis. The stress at the neutral axis is 

nothing, but the compression upon the fibres above the neutral axis becomes 

'w 

greater and greater as they approach the extreme fibre A1B1, and the tension 
upon the fibres below the neutral axis becomes greater and greater as they 

approach the extreme fibre AB. 
Considering, therefore, the central cross section CD of the beam ; if cd' be 

drawn so that Cc' = Dd' = 6 tons on a scale of 10 tons to one inch (Figs. 68 and 
6ga\ the stress at any other point will be represented by the line drawn across 

the triangles of stress DOd' and COc' at that point parallel to the neutral layer. 

Thus mm' represents the stress at the point m = 5 tons per square inch, 

as measured on the scale, nn' represents the compression at the point n = 2 

tons per square inch, and ppr represents the tension at p — on the scale 4^- tons 

per square inch. 

1 These are taken merely as simple convenient figures, not with reference to any 

particular material. 
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The mean compression on the fibres above the neutral axis will be 

that represented by qq (= 3 tons) at a point q, half-way between 0 and the 
extreme fibre. 

In the same way the mean 

tension on the fibres below 
the neutral axis is rr' — 3 tons. 

This mean compression 
acts over a surface 6" x 1", the 

total compression is therefore 

6" x 1" x 3 tons = 18 tons. 

In the same way, below 

the neutral axis the total ten¬ 

sion is = 3 tons x 6" x 1" = 18 

tons. 

We have then in Fig. 69 a cross section of the beam, and in Fig. 6ga a 

diagram which shows the resistance offered by the fibres (equal to the stress 
upon them) at any point in the cross section, and also the total resistance of the 

cross section both in compression and tension. The diagram also shows us 
how this resistance is distributed, i.e. that the fibres at the neutral axis 

contribute nothing to the resistance, but that the resistance of the fibres 

increases in proportion to their distance from the neutral axis until it reaches 
a maximum in the extreme layers of fibres CE and DF, where each undergoes a 
stress equal to the limiting stress of 6 tons per square inch. 

Graphic Method of Finding the Moment of Resistance.1—It is, 
however, convenient to combine the cross section ^ e 6ions Cions 

of the beam with the diagram as follows :— 

Draw the cross section of a beam CEDF as 

before (Fig. 70), and make a new scale of tons 

in which the length CE = 6 tons, the limiting 

stress per square inch, and draw the stress dia¬ 

gram (Fig. 71) similar to Fig 69a above. 

Fig. 72 is merely a modification of Fig. 71 

and clearly gives the same results, and can be 

inserted in Fig. 70 as shown. Now the area of 
the triangle CEn is half the area of the rectangle 
CEOO, and, therefore, the total compression is— 

= area of rect. CEOO x 3 tons, 

= area of triangle CEn x 6 tons, 
6x1 ^ 

= —— x 6 = 18 tons, 

the same value as before. In other wrords, a compression of 6 tons uniformly 

distributed over the triangle CEn is equivalent to the actual compression 

existing at the section of the beam. And in the same way a tension of 6 

tons uniformly distributed over the triangle nDF is equivalent to the actual 

tension. The areas of the triangles CE?& and nDF can therefore be called the 
equivalent areas of resistance. 

In the case of beams more than 1 inch wide, the application of this method 

of showing the quantity and distribution of the resistances is very simple. 

Stresses in Beam 4 inches wide.—Thus a beam 4 inches wide and 12 

1 This method is described as it illustrates the principles and for the sake of those 
who prefer drawing to calculations, but it is easier to use the formulae, p. 54. 

Fig. 70. Fig. 71. Fig. 72. 
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inches deep is the same as four beams each an inch wide and 12 inches deep 
(such as . that we have been considering) placed side by side. 

The diagram showing the intensity of stress on the fibres of such a beam 
will be the same as before (Fig. 69a). 

I11 the diagram (Fig. 73) showing the quantity and distribution of stress, 
as there are 4 inches in CE, each acted upon by a stress of 6 tons per square 

inch, CE will represent 4x6 = 24 tons. CEu will be the equivalent area for 
compression, and ADF the equivalent area for tension. 

The area CEw = |x4"x 6", 

= 12 square inches. 
The resistance to compression of CEw = 6 tons x 12 square inches, 

= 72 tons. 
The tensile resistance of nDF = |x4"x6"x6 tons, 

= 72 tons : 
or in each case four times as much as the resistance (18 tons) of the beam 1" 
wide and 12" deep. 

In the same way the resistance of any beam may be 

found, whatever its breadth, depth, and strength of fibre. 

I11 all these diagrams it will be noticed that the 

equivalent area representing tension is equal to that 

representing compression. It is evident that this must 
be the case, for if the total compression above the 

neutral axis were not equal to the tension below, there 
would not be equilibrium. 

Value of Moment of Resistance.—Having thus drawn 
the triangles showing the amount and distribution of 
the resistance of the cross section, it will be easy to 

ascertain the value of the moment of resistance, which, 
as explained at p. 43, has to be made equal to the 
bending moment produced by the load. 

It will make the general rule more clear if we deal first with a particular case. 
Let us take the case we have already been considering, that of a beam 4" 

wide and 12" deep, having a limiting stress upon the extreme fibres of 6 tons 

per square inch. 

We know from p. 46 that the amount and distribution of the resistance in 

compression is shown by the triangle CEw, that in tension by ?iDF, Fig. 73. 

This diagram tells us then that if 6 tons per square inch according to the 

scale were acting uniformly all over the triangle CE?i, it would offer in 

quantity and distribution exactly the same resistance as is offered by the vary¬ 
ing stress which actually occurs over the rectangle CEOO. Again, the actual 
varying tension on OODF is represented in quantity and distribution by 6 
tons (on the scale) per square inch acting uniformly all over the triangle nDF. 

Now if 6 tons were acting on each square inch of CEw, we know by the 

elementary rules of mechanics that it will be the same thing if we consider 

the total number of tons acting over CEti, as being concentrated at the centre 

of gravity and acting there. 
The centre of gravity of CEn is at the point c, and that of ?iDF at g.1 

It has been shown above that the total compression is 72 tons, and that 

the total tension is the same. 

1 c is 2 inches or | of en from e, g is 2 inches from /. 
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The resistance of the cross section is therefore equivalent to two forces, 
each equal to 72 tons, and acting at c and g. 

On reference to p. 43 it will be seen that these forces form a couple, 

whose moment can be found by multiplying one of the forces by the dis¬ 

tance between the forces, or, as it is called, by the arm of the couple, in this case 

eg. The moment of this couple is clearly the moment of resistance required. 

The moment of resistance of the cross section under consideration is 

therefore = 7 2 x eg. 
These centres of gravity are found by bisecting CE at e and DF at/-—- 

joining ef and taking ec and gf equal to J of en and nf respectively. 

Now eg is evidently equal to cn + ng Fig. 73, and 
cn = \en — § x 6 = 4", 
ng = \nf= \ x 6 = 4", 

• •• <% = 8", 

= 72 tons x 8 inches, 

= 576 inch-tons.1 
Safe resistance Area—General Case.—Now 

to take a general case (Fig. 74). Suppose the 

breadth of the beam in inches is called 6, the 
depth in inches d, and the limiting stress to 

be allowed on the outside fibres r0 tons per 

square inch. As in the previous case, the 

triangles CEn and nDF are the equivalent 
areas of resistance each ^bd, the stress being 

r0 tons per square inch. The total compres¬ 

sion is therefore r0 x \bd, and the total 
tension has the same value. 

d 

or the moment of resistance 

o——* 

Fig. 74.2 

Thus, as in Fig. 73, cn=ng = f 

so that the distance eg, or the length of the arm of the couple, will be 

■^d + ^ d. 

Resulting Formula.—The moment of the couple, i.e. the moment of 
resistance required, is therefore 

r0 x \bd x%d = l r0bd2. 

We have now found a general formula for the moment of resistance of a 
rectangular beam, in terms of its breadth, depth, and of the limiting stress 
allowed upon the extreme fibres. 

The method by which this formula has been arrived at is shown step by 

step in the preceding paragraphs, and as the formula has been deduced from 

1 Another way of looking at this is : The fibres in CEn act with an average leverage 
equal to the distance from their centre of gravity to the neutral axis —cn = 4 inches ; 
in the same way the fibres of ?iDF act with an average leverage of 4". 

Thus we have total resistance 
tons tons 

CE?i x 6 x 4" + ftX)F x 6 x 4", 
= 72x4 +72x4, 
= 576 inch-tons. 

2 The shaded portions of this figure represent in magnitude and distribution the 
stresses over the section of the beam—just when the extreme fibres on each side are 
subjected to the limiting stress. 
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the geometrical demonstration, it is in agreement with it, and may he used 

instead of working out each case graphically. 
Two conclusions are self-evident from the formula, viz.: (1) That the 

moment of resistance in a rectangular beam varies directly as the breadth of 

the beam, i.e. that a beam 12x4 will have a moment of resistance twice as 

great as one 12x2; and (2) That it varies as the square of the depth of the 
beam, i.e. that a beam 12x2 will have a moment of resistance four times 

as great as one 6x2. 
It will be understood that the limiting stress should not be greater than 

the working stress that can safely be allowed upon the particular material 

used and never greater than the elastic limit. 
When such a stress is used, the result gives the working resistance of the 

beam ; but it should be remembered that if the breaking stress were used, the 
resistance found would not be the ultimate resistance, or actual resistance to 
breaking, because when the breaking point is approached the assumptions 

made (p. 43) no longer hold good. 
The value of the moment of resistance of any beam of rectangular section 

with any limiting stress can be obtained either by drawing the resistance 

diagrams and calculating the amount of the moment from them, or by 

substituting the values of d, and r0 in the formula. 
Effect of depth upon strength.—To illustrate the self-evident conclusions 

mentioned above, suppose we wish to ascer¬ 

tain the relative strength of three beams o c 
A, B, C, of the same length, but differing 

in depth—A being 4" deep, B 6" deep, C 8" 

deep, and the width of each being 2". Sup¬ 
pose also that the limiting stress to be D 

allowed upon the extreme fibres is to be 1 

taken in each case at 3 tons. 
We will calculate these beams first from 

the diagrams showing quantity and distri¬ 
bution of resistance, then by the formula. 

The diagrams are as in Fig. 75- 

Fig. 75. 

Calculation from Formula 

Calculation from Diagrams of Resistance. M2 
To-- 

1 2 3 4 5 6 7 

Resistance of section 
= area of CEu or 

Length of Moment of Value of Moment of 

Beam. Dimen¬ 
arm of couple, 

i.e. from 
Resistance= 
Resistance of 

Value of ro, 6, 
cl. 

Resistance 
M2 

sions. D?tF x working c to g. section x arm ro-. 
stress. = 3d of couiile. 

£ & T3 CL) tons tons 
inch- 

tons ' tons 

inch- 
tons 

3x2x46x4 = 16 
! A 

’> 

2" x 4" Jx2x2x3= 6 

Jl X
 6 x |" =16 ro = 3 tons 

6 = 2" d = 4" 

; b 2" x 6" Jx2x3x3= 9 §x6"=V-'' 
9x-V-" = 36 ro — 3 tons 

& = 2"d = 6" 
3x^ = 36 

0 

° 2"x8" Jx2x4-x3 = 12 | x 8"=-Y-'' 12x-1/''=64 
r0—3 tons 

b — 21'd — 8" 

„ 2x8x8 
3x 6 -64 

We see from the above that the moments of resistance found in column 

B.C.-IV. , E 
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5 by calculation from the diagrams are the same as the moments of resistance 

found in column 7 from the formula. 

Moreover, we see that the width, etc., being the same, the moment of 

resistance, i.e. the strength of the beams, varies as : 

16 : 36 : 64, i.e. as 

42 * : 62 : 82, i.e. as 
the squares of the depths of the beams. 

Effect of width upon strength.—Let us see the effect of varying the width 

upon the strength of a beam. 
Take beam C, and instead of 2", give it first a width of 3", then of 4", 

then of 6", calculating by the formula we have: 

Size of Beam. 
Value of Moment of Resistance 

bd* 
'T 

2x8x8 
8" x 2" 3 x f-= 64 

o 

o
o

 

X
 

CO
 3 * sjqsjL? = 96 

0 

8" x 4" 3 x 4 * I * 8 = 128 
0 

6x8x8 
8'' x 6" 3 x ° =192 

0 

We see from the above that when the depth remains the same the resist¬ 

ance or strength of the beam varies as the width. 

Thus the resistance of a beam. 6" wide is one and a half times that of a 

beam 4" wide, twice that of a beam 3" wide, three times that of a beam 

2" wide. 
General rule.—We see then, as already mentioned at p. 49, that the strength 

of rectangular beams of the same material vary directly as their breadth and as 

the square of their depth. 
This indeed is apparent from an examination of the formula, for the 

resistance of the beam is shown by that formula to vary as bd2. 

General Formula.—This formula, 
l)rf? 

Moment of resistance = r0— . (28), 
6 

is therefore, as has been mentioned above, a general ex¬ 
pression for the value of the moment of resistance of a beam of 
rectangular section, when it is subjected to such a load that 
the limiting stress on the fibres nowhere exceeds the elastic 

limit of the material.1 

If the assumptions mentioned at p. 43 were true for all conditions of stress, 

1 This formula is practically the same as that given by Kankine and other 
writers, who have approached the subject from the side of advanced mathematics. They 

r I 
show the moment of resistance to be equal to where I is the moment of inertia of 



BEAMS—MOMENT OF EES/STANCE 5i 

that is, if they were true for every degree of stress from very small ones up to 

the breaking point, then r0 would be that value of the stress either of tension 
or compression which was known to cause rupture by tearing or crushing in 

the fibres of the material, and could be ascertained by direct experiments 
upon the tensile strength and resistance to compression of the material. 

Experiment has shown, however, that these assumptions are true only for 

stresses such as are well within the elastic limit of the material, the shorten¬ 

ing or lengthening of the fibres varying regularly with the compressive or 
tensile stresses (see p. 11) so long as the elastic limit is not exceeded. Beyond 

that, the ratios of the shortening and lengthening to the corresponding stresses 

producing them advance more and more rapidly until, on approaching 
fracture, they become irregular, but always considerably in excess of what they 

were under the lower stresses. 
The effect of stresses in tension often differs also from the effect of the 

same stresses in compression, and the result of all this is that the position of 

the neutral axis is altered—it no longer passes through the centre of gravity 

of the cross section; e.g. if the material is at the point of rupture stronger to 

resist compression than tension, the neutral axis will then be nearer the outer¬ 

most fibre in compression than to the outermost fibre in tension. Thus in a 

beam of such material, supported at both ends and loaded, the neutral axis 

will be nearer the top than the bottom edge. 

This difference between facts and the assumptions, at the time when the 

breaking stress is approached, renders the theory founded upon them inappli¬ 

cable for the purpose of ascertaining the resistance of beams to actual breaking. 

It should be noticed that in these examples the weight of the beam itself is left 
out of the consideration. When it is large enough to require attention it must, of 
course, be treated as a distributed load, and its effect be added to those of the load 
proper. 

METHOD OF ASCERTAINING THE MOMENT OF RESISTANCE 

BY EXPERIMENT AND CALCULATION. 

When we have to deal with beams loaded so that they are 
more than slightly bent, or when the intensity of stress upon their 
fibres exceeds the elastic limit, the theory and the method just 
described no longer apply; there is no sufficiently simple theory 
which is applicable, and we must have recourse to experiment. 

Careful experiments have accordingly been made, from which 
it has been found that the resistance of rectangular beams of the 
same length and of similar section similarly loaded up to the 
breaking point varies directly as the breadth and as the square of 

the depth, i.e. as bd2. 

This seems to agree with the result arrived at by reasoning in 
the case of beams only slightly bent by a load. 

the cross section, and y0 is the distance from the neutral axis to the extreme fibre 

subject to a stress r0. In the case of a rectangular timber beam 2/0=| and 

I = -~ therefore =r0 ; and the formula reduces to that given above. 
12 y0 6 
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If the agreement were complete, the formula given at p. 50, i.e. 

, r bd2 
M = r0—, 

0 6 ’ 

might be applied even to cases of beams loaded up to the breaking point, by 

taking r0 as the ultimate resistance of the fibres per square inch to tension or 
compression. 

This formula may be and is used for beams so loaded, when an important 

alteration has been made in it. The coefficient r0 no longer represents the 
resistance of the material to tension or compression up to the elastic limit; 

but experiment shows that it has an entirely new value—depending upon the 

material, the form of beam, and disposition of the load—and that this new 

value can only be ascertained by experiment, and will be denoted by f0. 

Value of f0 for timber.—The method in which this value was ascertained 
was as follows :— 

Small experimental beams each 1" square and 1 2" long between the sup¬ 

ports were supported at the ends and loaded in the centre with a weight W. 

From Equation 13 we know that in such beams 

the bending moment = 
W l 

Substituting/, for r0 in Equation 28, we have the moment of resistance 

bd2 
f° 6 • (29). 

Hence 

or 

W l bd2 

4 6 

fo = 
Wl 6 

4 X bd2' 

The weight W was gradually increased until the beam broke, and then 

the value of W, l, 6, and d in the above equation being known, f0 could be 
found. 

Modulus of rupture of ■ timber.—The value of f0 thus found is called the 

modulus of rupture1 of the material. It varies of course for different materials 

—the stronger the material the higher the modulus. Thus a beam of oak 
would require a greater weight W to break it than a beam of pine, and f9 
would therefore be greater. 

It is not accurately known why the modulus of rupture thus found by 

experiment differs so widely, as it does in many instances, from the resistance 

of the fibres to either tension or compression. 

It must be remembered, however, that the fibres of beams are not in- 

1 The modulus of rupture thus found is always equal to 18 times the weight W 
that will break the beam across. The reason for this is easily seen if the values of 
l, b, and d for the experimental beam are substituted in Equation 29 above— 

Z=12", 
b = l", 
d=l". 

m _6_ 
4 *bd2’ 

W x 12 
x 

6 
4 1X12 

= 18W. 
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dependent filaments, but are united together laterally with an adhesion less 
or greater according to the nature of the material. 

This lateral adhesion has been shown by Mr. Barlow to lead to stresses of 
a very complicated character, which so far have not been dealt with by any 

simple mathematical theory, and its effect is practically to alter the value of 
the coefficient f0. 

There is also another consideration. The strength of the individual 
fibres cannot be uniformly the same, as it is assumed to be. So long as the 

limit of elasticity is not passed, this difference of strength is so small as not to 

affect the result ; but after that point the weaker fibres begin to yield more 

than the others, and finally, just before rupture, these weaker fibres break 
first and leave the whole strain to come successively ujdoii fewer and fewer 

fibres, until complete rupture takes place. Under these conditions, f0 cannot 
be a constant coefficient. 

The value of f0 obtained by the experiments above referred to is gener¬ 
ally used in practice, though it is in most cases too high, for the following reason. 

The small beams (speaking of timber) experimented upon were as a rule 

selected specimens perfectly dry, free fronr defects, such as large or dead 

knots, etc., which tend to interrupt the continuity of the fibres and thus 
weaken the beam. 

Large scantlings cannot be obtained so well seasoned or free from defects 

as the small experimental beams, and therefore in calculating the strength 
of large beams the value of f0 should be taken considerably lower than the 

value found for the experimental selected beam of the same material. 

For example, in the case of Bed pine, the modulus of rupture found by 

experiments upon small selected beams, varies from 7100 to 9540 lbs.1 ; 

whereas the average modulus found by breaking large beams is 45 cwts. or 
5040 lbs. per square inch.2 

It would be expensive to ascertain the modulus by breaking very large 
beams, and after all, even if this were done, the timber of the beams used 
would probably not be exactly similar to that experimented upon, and would 
therefore have a different modulus. 

It will be seen, then, that the method of ascertaining and applying the 

modulus of rupture is only a rough way of correcting the imperfections 
of the theory upon which the formula is based. 

The method answers, however, sufficiently well in practice, and it has the 

advantage of being very simple. An engineer in a distant country having to 

deal with an entirely new material can at once ascertain its modulus of 

rupture by experimenting upon small bars as above described; and having 
found the modulus he can use the ordinary formula given above. 

It is far easier for him to find the modulus of rupture in this way than 
to find the amount of extension and compression of the material under 

different stresses—which would be necessary if the perfect mathematical theory 

could be worked upon. 

Modulus of rupture for different sections of beam.—In using the modulus of rupture 
thus obtained by experiment, it must be remembered that it is only applicable in 
the calculation of beams of similar section to the experimental beam from which the 
modulus was deduced. 

In cases where the modulus obtained from a rectangular beam of cast iron placed 
thus 0 was applied to the calculation of the resistance of a beam with a circular sec- 

1 Rankine’s Useful Rules and Tables, p. 199. 2 Seddon’s Builders' Work. 
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tion, the error caused was found to be 174 per cent, and in a case where it was applied 
to a square beam placed on edge, thus, <>> the error was 190 per cent. 

In practice, however, beams of these sections are not used for building construc¬ 
tion in any material, and they need not be further considered. 

Even a difference in the method of loading the beam used, as compared with the 
method in which the experimental beam was loaded to find the modulus, has been 
found to cause errors in results ; but these errors are comparatively small, and may 
be neglected in using a method which after all is merely a rough and ready way of 
arriving at the result. 

The moduli of rupture given in Table I. are those obtained by breaking beams 
by means of weights placed on their centres, but these moduli may, without material 
error, be used in calculating beams with any distribution of load.1 

Practical Formula.—In practice, the rough and ready way of using the 

formula (Equation 29) in conjunction with the modulus of rupture is as 
follows :— 

To find the weight that will break a beam.—Find from pp. 27 to 40 the 

bending moment, M, for the given conditions of load—equate this with the 

moment of resistance, M (Equation 29, p. 52), and we have 

. . . . (30). 

Take the case of a beam supported at the ends and loaded at the centre,2 

W1 = breaking weight in centre 
l = length ) 
b = breadth \ all in the same dimensions, either feet or inches, 
d = depth ) 

f0 = modulus of rupture for the material (see Table I.) 
WH 

M = — (see Equation 13, p. 33) 

WH fjbd2 

4 ” 6 

wJ°4bdl 
~ 61 

To find the load that a beam can safely bear.—W1 is, however, the breaking 

load. To find the safe load the factor of safety F must be introduced. Taking 

W as the safe load with that factor. 

W = 
fo^fi\ 
F x 61 

To find the section of a beam to bear safely a given weight.—Take the 

same case as before—a beam supported at ends and loaded in centre. 

6FWZ 

From this find bd2, and assuming a value for either b or d, find the other, 

which will give the sectional dimensions of the beam. 
Examples of the calculation of beams are given at p. 75 and seq. 

1 For moduli of rupture of other materials, see Part III. 
2 It must be clearly understood that M will vary according to the arrangement 

of the beam and loads. Its different values are given at pp. 27 to 40, also in a 
concise form in the Table with Appendix VII. (see also Appendix XXI.) 
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SHEARING STRESS. 

We have hitherto considered only the effect of the direct 
stresses upon a beam, that is, the stresses which eventually act 
upon the fibres by extending or compressing them in the direction 
of their length. 

There are, however, other stresses acting upon a beam the 
existence of which will be rendered evident upon considering the 
next three diagrams. 

Vertical Shearing Stress.—If a beam AB, Eig. 76, supported 
at the ends, be bent, the fibres above 
the neutral layer are evidently com¬ 
pressed and those below it extended, 
but no other stresses in the beam 
are apparent to the observer. 

Fig. 76. 

If, however, the continuity of the fibres be interrupted by 
cutting the beam into vertical slices, these slices, when the beam 
is loaded, will slip one past the other, as shown in Fig. 77. 

In the uncut beam there must be the same tendency for each 
section to slide vertically upon the next, although actual sliding 
is prevented by the continuity of the fibre or cohesion of the 

Fig. 77. Fig. 78. 

particles. The force causing this tendency is called the vertical 

shearing stress. 
Horizontal Shearing Stress.—In the same way, if the beam 

be divided into different layers of fibres by cutting it into planks, 
the planks or layers of fibres will slide upon each other as in 
Fig. 78, when loaded. 

In the uncut beam there must be a tendency to slide in the 
same way, and the force causing this tendency is called the 
horizontal shearing stress. 

Rules for finding Amount of Vertical Shearing Stress.1 

The amount of the vertical shearing stress is easily ascertained 

by the application of two simple rules— 

1 The practical formulae for finding the shearing stresses are on pp. 57 to 60, 
numbered (31) to (43C), each being in connection with figures showing the distribution 

of loads, diagrams of shearing stresses, etc. 
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1. Vertical Shearing Stress in Cantilevers.—The 

shearing stress at any section is equal to the weight on the beam 

between that section and the outer end. 

2. Vertical Shearing Stress in Beams supported at each 

End.—The shearing stress at any section is equal to the difference 

between the reaction at either support and the weight between that 

support and the section in question. 

These rules hardly require any proof, but it may make them more clear 
to examine a case of each. 

Shearing stress in cantilevers.—AB, Fig. 79, is a cantilever, or a beam 
loaded at the end with a weight W. 

We may divide the beam into ima¬ 

ginary vertical sections at hi, hg, fe; l k h f 0 
these are only a few out of an infinite {_ t|i tit $ 1 
number of sections infinitely near to 
one another. f||| 

A 1 g e B 

Now W acting downwards tends to Fig. 79. 

shear off the piece B/, with a force W, 
acting, as shown by arrow thus, 4-, on the section fe; this is resisted by the 
opposite surface of the section fe, the resisting force acting as shown by the 

arrow t upwards. 
Supposing then that the resistance prevents the shearing at surface fe, 

consider the next surface hg. Here the load W still acts with a force W 
downwards, tending to shear off the piece BA 

Again in the same way at hi, W the load acts downwards, and a 

resistance = W acts upwards, as shown by the arrows. Nothing has intervened 

to increase or diminish the force W caused by the load.1 The same takes 

place at any intermediate section, right back to Al. 

The shearing stress at any section from B to A is therefore always the 

same, i.e. — W as shown graphically in Fig. 82. 

Shearing stress in supported beams.—As regards the second rule, take the 
case of a beam (Fig 80) supported at the ends and uniformly loaded. 

Supposing the beam to be 8' span and loaded with w lbs. per foot run: 
Ra and Rn each = 4iv. 

At the section marked 1^1 the reaction Rx =» 4w acts upwards and is 

wl_. 
T~hw Fig. 80. 

resisted by the four weights 4w acting downwards, so that the shearing force 
at section 1 = RA. 

1 The weight of the beam itself does really increase it, but we have arranged to 
neglect it as insignificant. If it is not insignificant it would cause a shearing stress 
similar to that caused by a distributed load, as described on the next page. 
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At the section marked 2^2 one-fourth of the upward force of the 
reaction RA = 4w is cancelled by the weight w1 acting downwards, so that the 
upward force at the section 2 is Ziv, which is resisted by Zw acting down¬ 

wards between it and the centre. 
Similarly at section 3 the shearing force is (RA - 2w) = 4w - 2w = 2w, 

and at section 4 it is 1 w. 

At section 5 (the centre) the upward force of the reaction is quite 

neutralised by the four weights wv w2, acting downwards and the shear¬ 
ing force = 0. 

Thus at each section the shearing force = RA — weights between the 

section and support A, as stated in Rule 2 above. The same reasoning 
applies to the part CB of the beam. 

The shearing stress is evidently decreasing from 4w at the supports to 0 
at the centre, and may be graphically shown as in Fig. 8i. 

The truth of the rules is so apparent, and their application 
to different cases so simple, that it will be sufficient to show a few 
of the most useful cases graphically, giving at the same time the 
value of the shearing stress in terms of the weights and lengths 
of the beams. 

The shearing stress at any point P is denoted by Sp, and at 
any other points A, B, C by SA, SB, Sc, etc., respectively. 

Graphic Representations1 of Vertical Shearing Stress, 
and Values for the Same. 

Case 1 (Fig. 82).—-beam fixed at one end and loaded at the 

OTHER. 

Shearing stress S = W throughout . . (31). 

W 

Case 2 (Fig. 83).—beam fixed at one end and loaded 

UNIFORMLY THROUGHOUT ITS LENGTH. 

Sp = ww. The point P being distant x from B . (32). 

Sx = wl . . . . . . (32 A). 

Case 3 (Fig. 84).—beam fixed at one end, loaded at the 

OTHER END AND ALSO UNIFORMLY. 

A combination of Cases 1 and 2. The loads are omitted in the figure 

for clearness, but are as in Figs. 82 and 83. 

1 These are merely graphic representations of results obtained algebraically, but 
in Appendix YI. will be seen a graphic method of obtaining the shearing stresses. 
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Sr = W + OT .... (33). 

Sx = W + wl.(33 A). 

Case 4 (Fig. 85).—beam fixed at one end and loaded with 
SEVERAL CONCENTRATED WEIGHTS Wv W2, Wy 

Si = W1 + W2 + Ws • • • (34). 
S at any section = the sum of the loads between that section and the 

outer end of the beam. ....... (34 A). 

Case 5 (Fig. 86).—beam fixed at one end and loaded 
UNIFORMLY OVER A PART OF ITS LENGTH. 

The shearing stress at any point P under the load distant x from A is 

SP = w(z + y — x)9 . . . (35), 
and SA = wZy . . . . . (35 A). 

SB = m,.(35 B). 

Case 6 (Fig. 87).—beam supported at both ends and loaded 

IN THE CENTRE.1 

S throughout = 
W (36), 

except at C where the stress changes direction and 

Sc = 0. .(36 A). 
The arrows indicate the different directions of the shearing stress on the 

opposite side of the centre. Thus 
1 

1 t anywhere in CA the stress is 

thus tending to shear the 

beam as in Fig. 88, whereas in 

the half BO the stress is thus ^ tending to shear the beam as in Fig. 89. At 

0 the stresses in opposite directions cancel one another, and there is no shear. 

1 See Appendix Y. 
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Case 7 (Fig. 90).—beam supported at the ends and uniformly 

LOADED. 

See the remarks on p. 56 with regard to this case. 
wl 

wl 
Sb = "2> 

wl Sp = __wa; . 

(37). 

(37 A). 

(37 B), 

Case 8 (Fig. 91).-BEAM SUPPORTED AT BOTH ENDS, LOADED IN THE 

CENTRE AND ALSO UNIFORMLY. 

This case is a combination of 6 and 7. The load is omitted for clearness. 

wl W 
si=sB=-g+ y> 
„ wl W Sp = __«,x+_ 

(38). 

. (38 A). 

So=0 (stress changing direction) (38 B). 

Case 9 (Fig. 92).—beam supported at both ends and loaded at 

ANY POINT. 

Between A and D 

1! 
(4

 11 
m

 (39). 

Between B and D 
l — W/ 

sp=rb=—w . . . 

SD = 0 (stresses changing direction) 

• (40). 

At D (40 A). 

Fig. 92. Fig. 93. 
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Case 10 (Fig. 93).—beam supported at both ends and 

PARTIALLY LOADED WITH A UNIFORM LOAD. 

Between A and E 

Between B and F 

(l - m)2 — n2 

n w 

s = BB 
(l - n)2 - m2 

21 
. iv 

(41). 

(41 A). 

At any section P under the partial load distant x from A 

. (42). 

Referring to p. 38 it will be a good exercise for the student to deduce the previous 
cases of beams supported at both ends from this case. 

Case 11 (Fig. 94).—beam supported at both ends and loaded 

WITH ANY NUMBER OF CONCENTRATED LOADS. 

Between A and D 
W(l - mx) 

- 1 ' 

Between D and E P
? 

II 
m

 

Between E and F 

s = ra 

Between F and B 

p
f 

II 
m

 

W2(Z-m2) W3(Z-m8) 

l l 
(43). 

W . (43 A). 

W-W2 . . . (43 B). 

Wtoj W2m2 Wsms 

i 1 1 
. (43 0). 

, W.9 (l-ms) 
Fig. 94. 

, W3 m3 
j- 

Horizontal Shearing Stress.—We have hitherto considered 
only the vertical shearing stress, which tends to make sections of 
a loaded beam slide vertically upon one another, as in Fig. 77. 

We have now to consider the horizontal shearing stress, which 
tends to make the layers slide horizontally upon one another, as 

in Fig. 78. 
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This horizontal shearing stress is at every point in the beam 
equal to the vertical shearing stress at that point. 

This is proved thus :—On or near the neutral layer of an unloaded rect- 

a ^_Hm, angular beam draw a little square, Fig. 95. 
If the beam is then loaded until it bends 

« slightly, this square will be distorted into 

f a rhombus, Fig. 96. Now we know that 

y at the neutral layer of a rectangular beam 
there are no direct stresses. 

The distortion must therefore have been 
produced by the vertical shearing stresses 

Y, Y acting as shown by the arrows, and it is opposed by the horizontal 
shearing stresses H, H. Now since there is equilibrium, H and Ii must evi¬ 
dently be equal to Y and V, or the horizontal shearing stress must be equal 
to the vertical shearing stress at the point.1 

We know then the total amount of shearing stress at each section—the 

vertical is found as before explained and the horizontal is equal to it. 

Distribution of Shearing Stress.—It is necessary to know 
further how these shearing stresses are distributed over the section. 

It can be proved mathematically that the shearing stress is 
distributed over the section, as shown in Fig. 97. 

The curve is a parabola, 
the relative proportion of 

whose ordinates is shown in 
the diagram. The area2 of 

the parabola represents to scale 

the total shearing stress at the 
section. 

From this the horizontal 
shearing stress at any point- 
can easily be ascertained. Thus 

suppose the total shearing 

stress S at any section of a 

beam 12" deep is 2 tons. Then 

2 NL x CD = S, 
§ x NL x 12" = 2 tons, 

Neutral 

NL = 2 tons x % 
_ c 
“-2T’ 

= 1 ton. 

X-f* 
1 

IT’ 

L layer_ 

Having thus found the stress on NL to be \ ton, we make a scale on 
which the length NL = -J ton, and we can find the stress at any other point 
by measuring the ordinate of the parabola at that point. 

It is unimportant in most cases to know the exact distribution of the 

shearing stress over the section, but we can see from the diagram that it is 

greatest at the centre and vanishes at the top and bottom layers of the 
beams. 

1 Cunningham, p. 244. 

2 The area of a parabola = § the circumscribed rectangle. The area = | x CD x NL. 
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This is exactly the converse of the distribution of the direct stresses. 
The difference is clearly shown by the diagrams, Figs. 98 and 99. 

Fig. 98. Fig. 99. 

We see from these diagrams that the shearing stress is greatest along the neutral 
layer where the direct stress is the least, and least at the upper and lower fibres where 
the direct stress is greatest. 

In Fig. 99 the amount of the shearing stress is exaggerated in order that 
it may be clearly shown, but its amount is generally very small in com¬ 
parison with, the direct stresses ; so small that in rectangular beams which 

have so much more substance near the centre than is required to meet the 

direct stresses, there is sure to be plenty to meet the small shearing stress, 
and its consideration may therefore safely be neglected. 

I11 built-up iron beams, however, it is different; in those the shearing stress plays 
an important part (see p. 157). 

BEAMS OF UNIFORM STRENGTH. 

If we glance at the graphic representation of the bending 
moments at the different points of 
a beam supported at the ends and 
uniformly loaded throughout its 
length, Fig. 100, we see that the 
bending moment is greatest at the 

Fig- 100- centre and gradually diminishes to¬ 
wards the ends, and that in fact exactly at the points of support 
there is no bending stress whatever. 

If, therefore, the beam be made of the same section through¬ 
out, it is evident that it is unnecessarily strong at every point 
except the centre, and that it may be reduced in section as it 
approaches the points of support, because the bending moment 
becomes less and less as those points are approached. 

There are three ways in which the beam may be reduced so 
as to make it of equal strength throughout its length— 

1. By varying the depth, keeping the breadth the same ; as in 

Figs. 102-105. 
2. By varying the breadth, keeping the depth the same; as in 

Figs. 106-109. 
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3. By varying both breadth and depth. 

The same observations apply to other cases of loading. Thus, 
for example, in a cantilever of rectangular section, with either a 
single or a uniform load, there is superfluous material except near 
the point of fixing (see Figs. 102, 103), and in a supported 
beam carrying an isolated load there is superfluous material except 
under the load. 

In all such beams then a certain portion of the material is 
superfluous, and can be cut away without injuring their strength. 

In timber beams, as a rule, it does not pay to cut away this 
superfluous material, the cost of labour being greater than the 
value of the material saved ; but in some cases for the sake of 
appearance, or in large beams to reduce the weight, it may be 
desirable. 

It can, however, never be necessary to cut timbers to the 
exact curves shown. These curves are the forms which are theo¬ 
retically correct, but practically they are valuable only as dividing 
the parts of the beam which have no excess of strength from 
those parts which are unnecessarily strong and can therefore be 
cut away, thus making a beam of approximate uniform strength. 

The following figures show the shapes of beams of equal strength through¬ 
out their length so far as the direct stresses only are concerned, and in each 
case ignoring the shearing stress and the weight of the beam itself. 

The shearing stresses would necessitate some substance being left on at the 
ends of the supported beams. 

It is not difficult to prove mathematically that beams of equal strength 
throughout their length are of the forms shown, but such mathematical proof 
would here take up more space than can be afforded for it, and the question 

is not one of much practical importance. Case 1 (p. 28) is, however, worked 

out as follows, and the other cases can be worked out in a similar manner. 

Calculation to ascertain the form of a cantilever of equal strength throughout 

its length, loaded at one e7id and of the same breadth throughout. 

Bending moment at any point P (Fig. 101) distant x from the end W = Wx. 
Moment of resistance at P = If0by2. 
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Then since at any point bending moment = moment of resistance, we have— 

At P : Wx 4r lf0by\ At A : Wl = \fJxP- 

l d\ 

which is the equation to a parabola with its vertex at B; the under side of 

the beam would therefore be shaped to this curve. 

Shapes of Beams of uniform Strength. 

a. WHEN THE BREADTH IS CONSTANT THROUGHOUT THE LENGTH OF THE 

BEAM, BUT THE DEPTH VARIED TO SUIT THE VARYING STRESS. 

Figs. 102-105 show the disposition of load and the shape of the beam 

in elevation, the dotted litffe being the beam of constant depth and breadth 

as calculated. 

In Fig. 102, AB is a parabola with the vertex at B. 

In Fig. 103, AB is a straight line. 

Fig. 103. 

In Fig. 104, AP and PB are parabolas with their vertices at A and B. 

In Fig. 105, ABC is a semi-ellipse, AB being the major axis. 
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b. WHEN THE DEPTH IS KEPT CONSTANT THROUGHOUT THE LENGTH OF THE 

BEAM, AND THE BREADTH VARIED TO SUIT THE VARYING STRESS. 

Figs. 106-109 show the disposition of load and the shape of the beam 

in plan. 
In Fig. 106, ABD is a triangle. 
In Fig. 107, AB, DB are both parabolas with vertices at B. 

In Fig. 108, DAC and CBD are two triangles with their bases at DC. 

In Fig. 109, ACB and ADB are parabolas with their vertices at the centre 

points 0, D. • 

B.C.-IV. F 
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DEFLECTION.1 

In many structures it is necessary that the beams, whether of 
wood or iron, forming part of the structure, should be not only 
strong enough, but stiff enough; that is, not only must rupture 
be prevented, but the beams must not bend too much. 

For example, it would never do if the joists supporting a ceiling were to 
bend beyond a certain small amount under the load, although they might be 

strong enough, because a very slight bending is sufficient to cause cracks in the 

ceiling below. Such joists must therefore be stiff as well as strong. 

It is necessary, therefore, to be able to calculate how stiff a given 
beam is, that is, how much it will bend under its load, in order to 
be able to judge whether the amount of bending is likely to cause 
inconvenience ; and if so, to increase the size of the beam in such 
a manner as to prevent such excessive and inconvenient bending. 

The amount of deflection that may be expected in a beam of 
known form and material, with a given amount and distribution 
of load, can easily be ascertained by the use of the formulae given 
below. The investigation of the formulae, however,’ involves the 
use of the Calculus; their proof will therefore not be attempted 
in this work. 

The student must be content to accept these formulae, which 
are based upon those given by Professor Bankine, after investiga¬ 
tions made by himself and other mathematicians. 

Formulae for ascertaining the Deflection of Beams of any Kind. 

General Formula.—The general formula applicable to all kinds 

of any material and with various distributions of load, is 

A = 
?AVZ3 

"LT 

of beams, 

(44). 

Fig. no. 
In this formula 

A = the maximum deflection in inches. Thus in Fig. no, if the beam 

A.B deflect as shown by the arc At/B, the line xy is denoted in the above 

formula by A. 
W = the total load on the beam. 

1 The fornmlce for practical use are Equations 44, 45, 46, 47, pp. 66, 67, 68, and 
in Appendices VIII., IX.. XXI. Examples are given, pp. 76 to 80. 
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l — tlie length of the beam in inches. 

E = the value of the modulus of elasticity of the material expressed in 
the same units as W. 

I = the moment of inertia about the neutral axis of that section of the 
beam where the greatest stress occurs with the given distribution of load. 

n is a coefficient, the value of which varies for each class of beam and for 
each distribution of the load. 

The following Table shows the different values of n for three classes of 
beams and for four distributions of load. 

TABLE C. 

Arrangement of Beam and Load. 

( 

1 
Uniform cross 

section 
throughout its 
length. See 
Figs. 61a and 

126. 

Glass of Beam. 

2 
Uniform 

strength. Same 
depth through¬ 
out its length. 
See Figs. 106 to 

T09. 

3 
Uniform 
strength. 

Same breadth 
throughout 
its length. 

See Figs. 102 
to 105. 

Fixed at one end, loaded at the other . •jr Y 
2 
Y 

,, ,, loaded uniformly i t i 
Supported at both ends, loaded in the middle Ar It 

,, ,, loaded uniformly . tt 

Maximum deflection under any load.—To find the maximum deflection of 

any beam under a given load it is merely necessary to substitute the values 

of the different letters, and the result gives the value of A. 
The values of W and l are of course known ; E is given in Table I.; 

and I, the moment of inertia, can be found by means of the information 
given in Appendix XIV. 

The deflection under yroof load, or under loads which produce a known 

stress, may be ascertained from the following formulae— 

for all beams, and 
a n'.(rc + rt)l2 

E ds 

(45) 

(46) 

for beams with cross sections of equal strength.1 
In these formulae r0 is the greatest stress on the weakest side of the 

beam ; y0 is the distance of the neutral axis from the extreme fibre of the 
beam on that weakest side at the section of greatest stress ; rc, rt are the 

limiting stresses in compression and tension respectively ; ds the depth of the 

beam at the section of greatest stress. The other letters have the same signi¬ 

fication as in Equation 44. 
The following Table shows the different values of nf for three classes of 

beams and for four distributions of load. 

1 These are beams of such a form that the limiting stress is reached on the upper¬ 
most and lowermost fibre of the beam at the same instant. 
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TABLE D. 

Arrangement of Beam and Load. 

1 
Uniform cross 

section 
throughout its 
length. See 
Figs. 6ici and 

126. 

Class of Beam. 

2 
Uniform 

strength and 
same depth 

throughout its 
length. See 
Figs. 106 to 

109. 

Zl 
3 

Uniform 
strength and 
same breadth 
throughout 
its length. 

See Figs. 102 
to 105. 

Fixed at one end, loaded at the other . \ h 
2 •jj 

,, ,, uniformly loaded . \ L 
5 1 

Supported at both ends, loaded in the middle fa 1 
ir 

,, ,, uniformly loaded . fa "S' 
1 

Simpler Formula.—For ordinary rectangular beams of the same section 

throughout their length, such as wooden beams nearly always are, the for¬ 

mula 44 can be much simplified by substituting for the moment of inertia 
b(P 

I its value for a rectangular section, namely . (See App. XIV. and IX.) 
1 2t 

Equation 44 becomes 
12nWP 

E bd* 
(47). 

Comparison between strength and stiffness.—We found that the strength of 
bd2 

rectangular timber beams varied as f0~y, i.e. directly as the breadth, as the 

square of the depth, and as the modulus of rupture of the material, but 

inversely as the length. 

By examining Equation 47 we see that the amount of deflection of 
P 

rectangular beams varies as : that is, the greater the length the greater the 

deflection ; the greater the modulus of elasticity, the breadth, or the depth, the 

less the deflection. 
The deflection arises from want of stiffness, therefore the stiffness or resist¬ 

ance to deflection will vary according to an exactly opposite set of condi- 

Ebd3 
tions—in fact, it varies as ^ . It will be greater directly as E is greater 

(thus an oak beam, for which E is greater than for a similar fir beam, will be 

stiffer than the fir beam), also directly as the breadth and cube of the depth 

are greater ; but, on the other hand, it will be less as the cube of the length is 

greater : that is, of two beams of the same section and material, the longer 

will be less stiff than the other, not in proportion to its length, but of the 

cube of its length. 
Recapitulating, we see that for beams of rectangular cross section 

fjbffi 
The strength of beams varies as —^—, 

stiffness 
Ebd* 

Is * 

Further, since the strength varies as bd2 and the stiffness as 6d3, we see that 

by reducing the breadth and increasing the depth in such a way that the strength 

remains constant, we can obtain stiffer beams. Thus a beam 4 inches broad 

and 6 inches deep has the same strength as one 1 inch broad and 12 inches deep 
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(4 x 62= 1 x 12s), but 4 x 63 = 864 and 1 x 123 = 1728, so that the second 

beam is twice as stiff as the first, though it only contains half the material. 

Amount of deflection alloivable.—This depends greatly upon the nature of 

the structure. It is generally considered that for floors, or roof-timbers sup¬ 
porting ceilings, the maximum deflection allowable is per foot of span. 

For roofs or floors without ceilings a somewhat greater deflection, say —y" per 
foot run, and for rough or temporary structures -ff' per foot of span may 
be allowed in the case of supported beams. 

In cantilevers supporting ceilings the deflection allowable should be 
per foot of length, without ceilings and for rough structures per foot 
of length. 

It will be seen that these allowances make the depression at the end of 
the cantilever the same as that in the centre of the supported beam. 

FIXED BEAMS.1 

The general investigation of the formulas for the calculation 
of beams rigidly fixed instead of being merely supported, at one 
or both ends, involves mathematical knowledge quite beyond the 
province of these Notes. 

The important points of difference between fixed and sup¬ 
ported beams can, however, be explained in an elementary manner, 
and the student will be enabled intelligently to use the formulae 
connected with the calculation of such beams, and indeed to make 
the calculations in an approximate manner without having recourse 
to the formulae at all. 

Nature of stresses upon a beam fixed at the ends.—The stresses produced by 
loads upon a beam, whose ends are rigidly fixed, are different both in distribu¬ 
tion and amount from those jjroduced by the same loads upon a beam whose 
ends are merely supported. 

Thus in a beam supported at the ends and loaded in the centre, as in 

Fig. hi, we know that the beam deflects, forming an approximately circular 

arc,2 the part of the beam above the neutral layer is under compression (ccc), 

the part below in tension (ttt). 
If, however, the ends be rigidly fixed and prevented from tilting up, as 

in Fig. 112, the curve of deflection caused by the weight is quite different. 

1 The formulae for practical use are given in Equations 48 to 52, pp. 71, 72, and 

in Appendix VIII. 
2 For beams of uniform section the curve of flexure is nearer an hyperbola when 

the load is at the centre. 
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From A to / and from B to i tlie bottom surface of the beam is concave ; 
from / to i it is convex. 

Fig. 112. 

Moreover, tlie stresses upon the beam are different from those of the 

supported beam. From A to/and from B to i the upper surface is in tension 

(ttt), the lower surface is in compression (ccc). From f to i the upper surface 

is in compression (ccc), and the lower surface is in tension (ttt). 

It will be seen that at the points f and i, where the curvature changes, 

the nature of the stress also changes ; the upper surface, which from A to / 
and from B to i was in tension, changes to compression, and the lower sur¬ 

face, which was under compression, to tension. 
These points, where the curvature and the stress change, are called the 

points of contra-flexure. 
Their distance from A and B varies according to the shape of the beam 

and the nature of the load. When that distance is known, the calculation of 
the bending moments, etc., becomes a simple matter. 

In fact, the beam thus fixed and loaded is exactly in the condition of two 

cantilevers A/ and Bi, carrying a beam fi between them, which is supported 

at its ends / and i by hanging from the ends/and i of the cantilevers. 

The cantilevers maybe calculated as shown inCase 1, p. 28, and the 

supported portion as in Case 6, p. 32. 

The only difficulty, therefore, is to ascertain the exact distances of the 

points of contra-flexure from A and B. 

' Position of points of contra-flexure in fixed teams with different 
distributions of loads.—Without making any attempt to describe 
the mathematical investigations by which the positions of the 
points of contra-flexure are ascertained, we will give their positions 
for different classes of beams with various distributions of loads. 

TABLE E. 

Distance of Points of Contra-Flexure. 

Class of Beam. 

Arrangement of Beam and Load. 
Uniform cross 

section. 

Uniform strength, 
with 

uniform depth. 
No. of Fig. 

Distance of points of contra-flexure. 

Fixed at botli ends. Load in centre . 0*25 l from A and B 0*25 l from A and B Fig. 113 

it >> Loaded uniformly 0-211 l „ „ 0*251 ,, „ Fig. 115 

Fixed at one end and i 
supported at tlie other J 

j- Load in centre . 0-273 l from A 0*33 l from A 

Fixed at one end and) 

supported at the other J 
- Loaded uniformly 

; 
0*267 l from A 0-33 l from A Fig. 117 
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It will be seen that in beams fixed at both ends the points of 
contra-flexure vary from '2111 to '25 1 from the ends; and in 
beams fixed at one end and supported at the other the point of 
contra-flexure is from *267 l to *33 l from the fixed end; so that 
the distance of the point of contra-flexure from the fixed end of 
any beam may, for approximate calculations, be taken without 
much error at ^ l. 

Various Cases of Fixed Beams. 

One or two cases may now be calculated as examples 

Case 1.-BEAM OF UNIFORM CROSS SECTION FIXED AT BOTH 

ENDS AND LOADED AT THE CENTRE. 

The points of contra-flexure will be 0‘25 l from the walls A and B (see 

Table E). 

It is evident that A/ and Bi, Fig. 113, are in the condition of canti- 
W 

levers ; each loaded at the end with a weight —, besides the weight of the 

beam fi which may be ignored. 

. \ Ma = weight x leverage, 

Mb = 

~2 X 4“ 8 

w i m 
¥x4“ 8 

• (^8). 

• (49). 

(j 

The portion fi is like an ordinary supported beam of a length equal to - 

and loaded with W in the centre. 
W 

The reaction at / and at i will be —. 

. \ Mc = Reaction x leverage, 

W l Wl 

“2~x4“ir 

Graphically the moments of flexure may be shown as in Fig. 

• (50) 

114. 
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Shearing stresses.—In this case the shearing stresses are the same as in a 
beam supported at both ends and loaded in the centre (see Appendix VIII.) 

Deflection.—It can be shown that the maximum deflection is ^th of the 

maximum of a similar beam supported at both ends (see Appendix VIII.) 

Case 2.—beam of uniform cross section fixed at boti-i ends 

AND UNIFORMLY LOADED. 

In this case the points of contra-flexure are distant ‘2111 from A and B, 

Fig. 11 5. 

Ma = weight distributed on cantilever x leverage 4- weight at end 

x length of cantilever, 

— w x *211Z x - _-b - 
•2111 x-5781 

■X-211Z, 

= 0-022toZ2 + OOGlwZ2, 

wl2 
= 0-083wl2 = —.(51). 

M0 = Reaction x leverage - weight between C and / x leverage, 

*578wl *57 81 *578wl *5781 

“ 2 * 2 2 X 4 5 

0*334wl2 wl2 

~6 =24 * 
(52). 

wl2 wl2 

l¥ and 24 are ^ie exact va^ues °f Ma 
and Mc, as can be proved by 

another method; the fraction 0*211 is only approximate. 
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Graphic Representation.—Graphically the bending moments may be shown 
as in the shaded portions of Fig. 116. 

wl2 wl2 wl2 

Tsf4”!! = T' 
As in the preceding case, the shearing stresses are the same as in a beam 

supported at both ends and uniformly loaded (see Appendix VIII.) 

Deflection.—It can be shown that the maximum deflection is -1-th of 

the maximum deflection of a similar beam supported at both ends (see 
Appendix VIII.) 

Case 3.—beam of uniform cross section fixed at one end, 

SUPPORTED AT THE OTHER, AND LOADED UNIFORMLY. 

In this case the beam is like a cantilever Af and a supported beam /B, as 
shown in the portion Ai of Fig. 11 5. 

The point of contra-flexure / is at *211 the span1 from A in Fig. 115 and 
Ai=’789J, therefore in this case — 

The upper portion of A/ is evidently in tension and the lower portion in 
compression ; the upper portion of B/ is in compression, the lower portion 

in tension. 

In the figure the portions in compression are shown in thick lines, those 

in tension in thin lines. They will be practically the same for a beam 
loaded in the centre. 

Bending moments for fixed beams with, different distribution of loads.— 

It is unnecessary to work out any more cases. The bending moments at 

different points for three classes of beams, with one or both ends fixed and 

with different distributions of load, are given in the following Table. 

1 Approximately (see p. 70). 



74 NOTES ON BUILDING CONSTRUCTION 

TABLE F. 

Class of Beam. 

Arrangement of Beam and Load. 
Uniform cross section. 

Bending moment 

Uniform strength, with 
uniform depth. 

Bending moment 

At fixed ends. In centre. At fixed ends. In centre. 

Fixed both ends. Load in centre i wz J wz i WZ 1 wz 
,, ,, Loaded uniformly X wl2 X wl2 A wl2 Ti tul2 
„ ,, Loaded uniformly i wz+x wr- i WZ+A wl2 i W1+A Wi* h WZ+X wl2 

and in centre 
Fixed one end and'! T , ppntrp 
supported at other /Load 111 centre AW A wz 1 m JW z 

T3¥ WZ2 
wl2 

IS 
In centre of 

wl2 
In centre of 

,, ,, Loaded uniformly 4 wl2 supported supported 
portion T portion 

Shearing Stress and Deflection.—For these see Appendix VIII. 
Objections to fixed beams in'practice.—Fixing the ends of beams 

is generally objectionable in practice. In the case of timber, con¬ 
fining the ends keeps them from the air and causes them to rot; 
in the case of iron beams it prevents them from expanding and 
contracting freely. 

There are other reasons against fixing special forms of beams, 
which will be mentioned in treating of those forms. 

As fixed beams are rarely required in practice, it is not 
necessary to go farther into the subject to consider their deflection, 
shearing stresses, etc. 

Enough has been said to show the student that the stresses 
in a beam fixed at the ends are very different from those in a 
supported beam, not only in amount but in distribution. 

Continuous Girders.1—When a beam or girder extends without 
break in itself over two spans or more it is said to be continuous. 

Fig. 11 8 shows to an exaggerated degree the curves formed by 

a uniformly loaded girder extending over two spans, AB, BC, and 
fixed at the ends. 

It will be seen that the general arrangement resembles two 
pairs of cantilevers, Afi Bi and By, C/j, and between them two beams, 
fi, jky supported at the ends. 

1 The formulae for 'practical use are given in Appendix XI. 
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The upper portions of A/, Bi, B/, and Ck are evidently in 
tension, the lower in compression; whereas in fi, jk the upper 
portions are in compression and the lower in tension. 

The points of contra-flexure are at /, i, j, and k. 

Again, if the ends of the girder are not fixed, but merely sup¬ 
ported, the curves will be as shown in an exaggerated form in Fig. 

119, and the portions in compression and tension respectively 
are shown by the thick and thin lines as before. 

It will be seen that the general curves of each span in Fig. 118 
resemble those of a beam fixed at both ends (see Fig. 112), and 
the curves of each span in Fig. 119 resemble those of a beam 
fixed at one end and loaded at the other, as shown in Fig. 117. 

The distances of the points of contra-flexure from the 
abutments, and the value of the bending moments, vary according 
to the section of the girder, the distribution of the load, etc. 

The calculations connected with continuous girders are very 
complicated, and not suited for a work of this kind. Enough 
information has been given above to indicate which portions are 
in compression and which in tension, and that is all that is 
required by the syllabus; but as cases occur of bressummers con¬ 
tinuous over two spans and of rafters continuous over many spans, 
some further information on the subject is given in Appendix XI. 

EXAMPLES. 

In order to illustrate the application of the rules given in 
the previous pages, it will be well to give in some detail the 
calculations necessary for a few examples of such timber beams 
as are used in practice. 

Before making calculations it is always desirable to state the 
preliminaries with great care. These include all known par¬ 
ticulars relating to the case, such as the span, the nature and dis¬ 
tribution of the load, also the moduli of rupture and elasticity of 

the materials, etc. etc. 
Great care must be taken also that the dimensions, weights, 

etc., are all expressed in the same units, i.e. that feet and inches, 



;6 NOTES ON BUILDING CONSTRUCTION 

tons and pounds, etc., are not mixed up in the formulae; for if so, 
grave errors will ensue. 

Timber Cantilever for Balcony (uniform cross section). 

Example 5.—To find the dimensions for oak cantilevers to support a balcony 

to carry a dead load. 
Conditions.—A temporary balcony 30 feet long and 6 feet wide is sup¬ 

ported by 11 cantilevers of English oak, built into a wall and projecting 6 

feet from it. 
The weight of the balcony platform is about 20 lbs. per foot superficial, 

and it is liable to a dead load of about 100 lbs. per foot superficial. 

Find the scantling necessary for the cantilevers if they are made of 

uniform rectangular section throughout: (1) for strength ; (2) for stiffness ; 

the deflection being limited to per foot. 
Preliminaries.—Here each cantilever, except the one at each end of the 

balcony, has to support an area of 6' x 3' = 18 feet superficial. 

The load on this area is 
Platform 20x 18= 360 lbs. 

Load 100 x 18 = 1800 „ 

Total = 2160 lbs. 

Let b — the breadth of the beam. [A breadth convenient for fixing the 

platform to, 3" or 4", may be assumed, say 4".] 

I = the length of the beam = 7 2". 
2160 

w = load per inch run of the beam = -yy- =30 lbs. 

f0 = an ordinary modulus of rupture for English oak= 10,000 lbs.1 

E = an average modulus of elasticity for English oak = 1,200,000 lbs. 

F = the factor of safety for a temporary timber structure with a dead 

load = 5. 
Calculation for strength.—By referring to Fig. 39, Case 2, p. 29, we see 

that the bending moment is greatest at A—the point of fixing. As the 

cantilever is to be of uniform section throughout its length, if it is strong 

enough to resist this bending moment at A, it will be more than strong 

enough in all other parts. 
Now we know that at any point the bending moment = the moment of 

resistance when the forces are in equilibrium. Introducing the factor of 

safety F, by multiplying it into w> we have (Equations 6, p. 29, and 29, p. 52) 

(Fw)l2_ bd2 

2 6 ’ 

e(Fw)p 

m' 
6 x 5 x 30 lbs. x 722 

_ 2 x 10,000 lbs. x 4"’ 

= 583, 
<2 = 7'6 inches.2 

1 It is to be understood that moduli of rupture, elasticity, resistances to tension 
and compression, etc. etc., used in this and all other examples, are taken from Table J. 

2 If b had been taken at 3 inches, d would have been 8 -8 inches, a stiffer beam 

with less timber in it. 
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This is the depth necessary when strength only is considered. 
We must now see if it is sufficient for stiffness. 
Calculation for stiffness.—To ascertain the deflection of this cantilever 

12?fWZ3 
when fully loaded, the general formula (equation 47) is A = - 3.The 

beam is of uniform cross section fixed at one end and uniformly loaded, there¬ 
fore w = (see Table C, p. 67, col. 1, line 2). 

A_ 12 x ^ x 2160 x 723 

'' ~ 1,200,000 lbs. x 4" x 7’6b’ 
= 0*57 inch. 

Since the deflection is to be limited to per foot run of the beam (see p. 
69), i.e. -fjj" for the whole, it is clear that a beam 4" x 7*6" is not stiff enough. 
To find the necessary depth put A = 

We have 
12?iWZ3 6 " 

4 TT E bdA 
Transposing, 

cZ3 = 
40 x 12 x ^ x 2160 x 723 

6 x 1,200,000 x 4 ’ 
= 1680, 

d— 11*9, say 12" 
This depth would be adopted, being greater than the depth (7'6") required 

for strength only. Therefore, to obtain the necessary stiffness, a beam 
4" x 12" is required, supposing that it is decided the breadth shall be 4". 
If a breadth of 3" is sufficient, then it will be found by repeating the above 
calculations that the dimensions are 

(1) For strength, 3" x 8f", 
(2) For stiffness, 3" x 13". 

Timber Cantilever for Balcony (uniform strength, 
uniform breadth). 

Example 5A.—To find the dimensions for oak cantilevers to support a 
balcony to carry a dead load. 

Conditions and Preliminaries.—Same as in Example 5; but supposing that 
for some reason it is desirable to have the cantilevers for the balcony, described 
in Example 5, as light as possible, or that it is thought that their appearance 
would be improved by making them of uniform strength, keeping the breadth 
the same but varying the depth. 

For strength the depth of the beam at the wall would be as before 7*6". 
As regards stiffness, to find the depth for the allowed deflection we use 

the same formula as before, but the value of n is £ instead of £ (see Table C, 
p. 67, col. 3, line 2). 

We have 
12nWZ3 

TTT 

# = 

E6cZ3 ’ 
40 x 12 x Jx 2160 x 723 

6 x 1,200,000 x 4 5 
= 6718, 

d— 18*9, 
= 19 inches nearly. 
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Referring to Fig. 103 we see that the theoretical form of the beam would 
be as shown in Fig. 120. 

The calculated depth is 

given at AC, where the beam 
is built into the wall, and 
the line joining CB is the 
under side of the beam. 

In practice the end 
would not be brought to a 

feather edge as shown at B, 

but would have a thickness 
there of an inch or two, as 

shown in Fig. 121. It will 

be seen that in most cases 

there would be no advan¬ 

tage in using a cantilever 
of uniform strength, for 
though the theoretical form 

would contain less timber, 

still, practically, it would 
contain nearly as much, and 

would involve more labour 
than the beam of uniform 
depth throughout. 

It would be better, 

therefore, to use the latter 

in ordinary cases. 
Balcony with live load.—It will be noticed that the load on the balcony 

has been taken as a dead load. 

If, however, the balcony is liable to be occupied by a crowd of excited 

people moving about, it would be safer to consider them as causing a live 

load. This live load should be reduced to a corresponding dead load by 

doubling it. The total weight would then be as follows :— 

Weight of platform as before = 360 lbs. 
Weight of people 2 x 1800 =3600 „ 

Total weight = 3960 lbs. 

Taking this value for the weight instead of 2160 lbs., the calculation would 

proceed as before with the following results :— 

Uniform cross section 

(1) For strength, 4" x 10 *4", 

(2) For stiffness, 4" x 14*5". 

Uniform strength 

(1) For strength, 4" x 10*4", 

(2) For stiffness, 4" x 23T" 

In practice it would be preferable to adopt a framed cantilever either of 
wood or iron. See also Examples 2 and 11. 

Example 6 —Timber Beam loaded in Centre.—To find the load a given 

baulk will carry. A pitch-pine baulk of 20 feet span 12" wide 12" deep is 



BEAMS 79 

to be loaded in the centre with a dead load. It is to be used for temporary 
purposes. What weight will it safely carry ? 

Preliminaries. — 

l — 240" b — 12" d— 12", 

/o = 11000, 
F = 4. Factor of safety. 

Introducing F we have from Equation 13, p. 33, and Equation 29, p. 
52, or from Appendix VII. 

„ W l . Id2 
FxT 

W-/6^x-xi 
U 6 X l X 4’ 

_ 11,000 x 12 x 122x 4 

6 x 240 x 4 

= 6 tons (about). 

Fir Joist to carry given Load. 

Example 7.—To find the scantling for a fir joist in a single floor. 

Conditions.—A joist of Baltic fir has a span of 14 feet, and is to carry a 

uniformly distributed dead load of 1400 lbs. Find the scantling it should 
have for (1) strength and (2) stiffness. 

This case will not be worked out in full, as it is a very simple one. 

Preliminaries.— 
l — 168 inches 

f0 for Baltic fir = 5760 lbs. 

E „ 1,440,000 lbs. 

xo — 
1400 lbs. 

168 
= 8-^- lbs. per inch. 

F = factor of safety = 4. 

Calculation for strength.—Calculating for a beam of uniform rectangular 

section throughout its length 

(F w)P Id? 

8 IT’ 

ujo 

==122. 

Taking b = 2d2 = 49, and d = 7,/. 

Calculation for stiffness.—To calculate deflection of the beam if 2|" wide 
and 7" deep. By Equation 47, p. 68 

we have 
A _ l2riWls 

E bd* ' 

Here n — -g-fj (see Table C, col. 1, line 4). 
A_ 12 x fix 1400 x 1683 

~ 384 x 1,440,000 x xT® 
= inch nearly. 
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If, however, the beam is to carry a ceiling below, the deflection should 
not exceed per foot of span, or ^■" = |" altogether. 

To find the depth that the beam should have, so that the deflection 

shall not exceed we have by Equation 47 

12nWZ3 3" _ 
¥ “ Ebd3 ’ 

12?AVZ3x 8 

E6 x 3 ’ 

ds = 768, 

d = 9 J inches (about). 

Useful Notes. 

Strongest rectangular beam that can be cut from a round log (Fig. 122). 
Trisect a diameter AB of. the log. From the points of tri¬ 

section C, D raise perpendiculars CE and DF, cutting the cir¬ 
cumference at E and F. Join AE, AF, FB, and BE ; then 
AEBF is the strongest beam that can be cut out of the log. 
It can be shown that 

FB 1 

af=VT0'7 nearly- 

St iffest rectangular beam that can be cut out of a round log 
(Fig. 123). 

Divide a diameter AB of the log into four equal parts at 
the points C, 0, and D. From C and D draw perpendiculars 
cutting the circumference at E and F. Join AE, AF, FB, 
and BE. Then AEBF is the stiffest beam that can be cut 
out of the log, and it can be shown that 

FB= J__4 

AF”V3“7* 

Fig. 122. 

Fig. 123. 

Proportion of breadth to depth in a beam.— 
We have seen above that the ratio of breadth 
to depth is : 

For the strongest rectangular beam cut out 
of a round log, 1 to 

For the stiffest rectangular beam cut out of a round log, 

1 to Jz- 
When, therefore, a single rectangular beam has to be cut from 

a round log, its proportions will be regulated by one of the 
above rules, according to whether its strength or stiffness is more 
important. 

In practice, however, the beams used are not generally cut 
simply out of round logs, and the proportions are governed by 
other considerations. 

The width is made sufficient for lateral stiffness and for fixing 
the superstructure, and the depth as great as convenient under 
the circumstances, taking care not to exceed the market size of the 
timber. 



Chapter IV 

ROLLED BEAMS OF IRON OR STEEL.1 

rFIHE best section for a beam made of iron or steel is very 
different from that for a timber beam. 
We have seen that the direct stresses produced upon the cross 

section of a timber beam may be graphically shown as in Fig. 124. 
They are greatest on the layers most remote c 
from the neutral axis, gradually decrease as they p 
approach the axis, and dwindle to nothing at all ^LtraJ 

at the axis itself. v 
In a rectangular solid section, however, just 

as much material is provided to resist the stress 
at PQ or VX, where this stress is small com- 124’ 
paratively, as at CE or DF where it is largest, and indeed just 
as much at the neutral axis where there is no direct stress at all, 
but merely the maximum part of a comparatively small shearing 
stress (see p. 61). 

It is evident then that, so far as the direct stresses are con¬ 
cerned, the portions COD and EOF are useless, and might be 
removed. To resist the shearing stress, a small portion must be 
left near the neutral axis. 

Nevertheless it would be undesirable to cut away these por¬ 
tions in the case of timber beams, as in most cases it would destroy 
the continuity of the fibres, and would lessen the resistance of 
the beam to lateral forces, that is, to those forces acting hori¬ 
zontally, which, although not as a rule calculated for (their amount 
being uncertain), should be allowed for in practice. Moreover, 
the wood obtained by thus cutting the beam would not pay for 
the labour of cutting. But in iron, which has in any case to be 
formed to a particular shape, it is evidently desirable for the sake 
of economy of material and weight to make beams of the shape 
best adapted to resist the stresses that will come upon them. 

1 Wrought iron in the manufacture of rolled beams has been practically superseded 
by mild steel, the latter material having the superiority both as regards tensile re¬ 
sistance, ductility, and uniformity of quality. A description of the qualities and 
tests of steel suitable for work of this kind will be found in Part III. Chapter IY. 

B.C.-IV. G 
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A C 

Iron or steel beams are therefore rolled of the form shown in 
Fig. 125. 

CE being called the upper flange 
DF „ lower „ 
KM „ web „ 

By this arrangement, as will be seen, the bulk of 
the metal is placed in the flanges where the greatest 
direct stresses exist, and these flanges are connected 

by the web KM. If the thickness of the web were regulated by 
the shearing stress only, the amount of which is comparatively 

small, it would be made very thin. 
Practically, however, for reasons which will soon be men¬ 

tioned, the web is made thicker than is necessary to resist the 
shearing stress. 

D F 

Fig. 125. 

Let us now take a section of an ordinary rolled iron beam 
(Fig. 126), such as is kept in stock by merchants, and ascertain 
the nature and distribution of the direct stress upon it. 

Resistance of Wrought Iron. 

Ultimate Resistance.—We know from Parts II. and III. that the breaking 

stresses for average wrought iron may be taken as follows :— 

Tension . . . 25 tons per square inch. 

Compression . . . 16 to 20 „ „ 

Shearing ... 20 „ „ 

But as rolled beams are often of inferior iron the breaking stress in tension 

should not be taken higher than 20 tons. 

Working Resistance.—The working or limiting stresses that may with 

safety be allowed in the case of rolled beams1 are 

In Tension ... 5 tons per square inch. 
Compression 4 „ „ 
Shearing 4 „ ' „ 

These are lower than those sometimes allowed in the case of iron for roof 

trusses. 

To find the Moment of Resistance of an X Beam. 

There are several different ways, more or less accurate, of finding the 

moment of resistance of a rolled iron beam. 

A simple, and at the same time accurate method, is founded upon exactly 

1 In consequence of the iron in rolled beams being free from joints, welds, and 
other sources of defective workmanship, it is the practice of some engineers to take 
the working stresses upon them as follows :— 

In Tension .... 6 tons per square inch. 

Compression . . . 5 ,, ,, 
Shearing . . . 5* ,, ,, 

As such beams are, however, often made from inferior iron, it is better and safer to 
adhere to the limiting stresses given above. 
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tlie same principles, and worked out in almost the same manner, as tlie cal¬ 
culation described at p. 43 et seq. for a timber beam. 

Graphic Method, including Web.—The internal direct stresses produced 
in a wrought iron beam, slightly bent by a central load, are similar to those 
produced in a timber beam. 

The fibres above the neutral axis are in compression; those below it in 
tension. 

The intensity of stress in the different layers of fibres is greatest in those 
which are most remote from the neutral axis, and becomes smaller and smaller 

as they approach the neutral axis, until, at the axis itself, there is no direct 
stress at all. 

The amount and distribution of the stresses may be graphically shown, 
just as they are for a timber beam in Fig. 74. 

Fig. 126 is the section of a rolled iron beam 10" deep, with flanges 4" 
wide and V thick, the web being also thick. 

I 

The centre of gravity of this section will be at the central point n, and 

the neutral axis will pass through it (see p. 44). 
The limiting or working stress for wrought iron in compression being 

4 tons, and in tension 5 tons per square inch, it is evident that the limit will 

be first reached in the flange which is under compression, i.e. in the present 

case (a beam supported at the ends and loaded) the upper flange. 

To put this in other words : When the stress upon each flange is 4 tons 

per square inch, the compression flange will be undergoing the limiting stress 

allowed for it, but the tension flange will be undergoing only four-fifths of 

the stress that it could rightly bear. 
Fig. 127 is a diagram showing the intensity of stress on the different layers 
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of fibres at the moment when the extreme fibres under compression at CE 
are subjected to the limiting stress of 4 tons per square inch at ce. 

When this intensity is called out, a similar stress df of 4 tons per square 
inch occurs on the lowermost layer DF. This layer would safely withstand 

5 tons per inch, but that stress cannot be called out without exciting a similar 

stress of 5 tons per square inch on the uppermost compression layer CE, 
ie. a stress in excess of the limit of 4 tons per square inch. 

A cross section of the rolled iron beam is shown in Fig. 128, with the 
angles square for the sake of simplicity, and having marked upon it the 

amount and distribution of the stress upon the section. 

At CE the compression flange is 4" wide, the stress at CE is therefore four 

times ce — 4x4 tons =16 tons. 
At GH the flange is also 4" wide, and the stress four times gli = 4" x 3 6 

tons= 14-4 tons. 
At KL the web is | inch wide and the stress upon it at that point is = 

^ x gh = ^ x 3’6 — 1’8 ton. Two points 7c and l are thus obtained on the 
diagram of stress, as shown in Fig. 129, 
which is an enlargement of part of Fig. 128. 

The diagram of stress is completed (the 
web being rectangular) by joining Ten and 

In (Fig. 128). A moment’s consideration will 
show that the same two points can be obtained 
by dropping perpendiculars KK' and LL' on 

to CE, and joining K'n and L'n, the inter¬ 

sections with KL are the points required. 

Thus the hatched portion above the 

neutral axis represents the amount and dis¬ 

tribution of the compression on the fibres of 

the beam. 

In the same manner may be constructed the hatched diagram of tensile 

stresses below the neutral axis. 
It will be seen at once that the result we have obtained amounts to 

drawing Cn, En as far as their intersection with GH, and Dn, Fw as far as 

their intersection with I, J, and then completing the diagram by joining K\ 
L'w, MX and P'n. So that in practice Fig. 127 is not required. 

Thus CoJcnlp'E is the equivalent area of compressive stress. This area, 

multiplied by 4 tons per square inch, will give the actual amount of resist¬ 

ance to compressive stress. 
Similarly the hatched figure DrmnpsF below the neutral axis, multiplied 

by the intensity of stress 4 tons per square inch, gives the amount of resist¬ 

ance to tension. 
Now we know that in the case of the timber beam the moment of 

resistance is equal to the stress of either kind multiplied by the distance between 

the centres of gravity of the equivalent areas shown on the diagram. 
It is, however, simpler in this case, and quicker, to take the parts of the 

rolled beam separately. 
Thus, in Fig. 128, the moment of resistance of the flanges is equal to 

stress area Co&ZpE x distance between the centre of gravity of CoHjtfE and 

of DrmnpsF x limiting stress. 
The moment of resistance of the web = stress area lcln x distance between 

the centres of gravity of lcln and mpn x limiting stress. 
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Putting this into figures we have— 

M of Flanges = Stress Area 
CoklpE X 

Limiting 
Stress x 

= {l(4" + A4")xj} 

= £ x x 4 x 9*53, 
= 72*43. 

tons 

x 4 x 

Distance between Centres of 
Gravity of Areas CoklpE 

and DrrnpsF 

9*53 inches, 

1VT nf WoK _ Stress Area v Limiting Distance between Centres 
kin x Stress x of Gravity of Areas kin and mpn 

= | x 4 x \ } x 4 tons x 6 inches, 

= fu* x ^ x 6, 
= 24*3. 

Therefore, M of Flanges and Web = 72*4 + 24*3, 

= 96*7 inch-tons. 

STRESS DIAGRAMS. 

In cases where the flanges of the beam differ very greatly from rect- 

Fig. 130. Fig. 131. 

angles, the nearest equivalent rectangles may be sketched in and the cal¬ 
culations carried out as if the flanges were of this shape. 

Thus in Fig. 130 abed may be taken as the shape of the flange ; and in Fig. 
131 the flange may be considered as made up of opqr and stuv. The moment 

of resistance of each rectangle should then be found, as previously explained, 

and the sum of these moments will be the moment of resistance required. 

Alternative Method.—The following is another method, which may 
occasionally be employed with advantage. 

In Fig. 132 the stress diagram for the shallow rectangle sv is obtained as 
explained for Fig. 128. Now it is evident that the depth su of the rectangle 

may be diminished until it becomes nothing, without altering the position of 
the points w1 and vv The rectangle su would then coincide with the line uv. 
It thus appears that u-^v^^ represents the stress in the layer of fibres uv ; 
and in the same way xlyl represents the stress in the layer xy. Hence uv 
xv yv and vl are points in the stress diagram of the flange. 

And similarly any number of points can be found on the stress diagram, 
as shown in Fig. 132. 

Area and centre of gravity of stress.—The area of the stress diagram and 

the distance of its centre of gravity from n must now be found. The former 

can be obtained by reducing in the usual way to a triangle, or better still, 

by means of a planimeter, should one be available ; the latter can also be 

determined by a graphic method, which is too complicated for these Notes. 
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Both, however, can be found by the following simple artifice with ample 

accuracy for all practical purposes. 
Draw the stress dia¬ 

gram on a thick piece 
of Bristol board, and cut 

it carefully out with a 

sharp penknife. 
To find the area 

weigh the cut-out dia¬ 
gram, and then weigh 

one square inch of the 

same Bristol board ; the 

first weight divided by 

the second will give the 
area required in square 

inches. 
To find the centre of 

gravity.—Make a small 

hole at each of the 

corners D and F, so that 

when a needle is passed, 
through, the piece of 
cardboard will swing 

perfectly freely. Attach 
a small weight to a fine thread and secure the thread to the needle as shown 

in Fig. 133. Mark the position of the thread on the diagram, both when sus¬ 

pended from D and from F ; the intersection of these two lines is the centre 

of gravity required. In the particular case under consideration the centre of 

gravity lies on the centre line through n, owing 

to the symmetry of the diagram. 
Mathematical Method of finding the moment 

of resistance of a wrought iron X beam.—The 
graphic method described, pp. 83 to 85, gives exactly 
the same result as the accurate mathematical formula 
given in Rankine’s and other works, and is simpler 
to understand. 

The mathematical formula is— 

M = g • • • (53), 

where r0=limiting stress per square inch, 
I = moment of inertia (see Appendix XIV.), 

I is worked out for the present example in App. Fig. 133. 
XIY., and found to be 1207. Substituting in Equation 53, we have 

r0—4 tons for compression, 
?/o = 5 inches, 

M = — 
Vo 
4x1207 

M = 967 as before. 
When the beam with its load is in equilibrium, the moment of resistance thus 

found is of course equal to the bending moment found in the manner already 
explained. 
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The calculations necessary to ascertain the weight a given rolled iron beam will 
carry, or to lind the dimensions of such a beam to carry a load of particular weight 
and distribution, are similar to those already described for timber beams. 

Examples of some of the cases likely to occur in practice are given as illustrations 
at p. 88 et seq. 

Approximate and Practical Formulae for Polled 
Iron Beams. 

Approximate Method, No. 1 (<ignoring web).—In most books of formulae, 

and in many other works describing the calculation of rolled beams, the resist¬ 

ance to direct stresses afforded by the web is ignored ; the resistance of the 
flanges alone is calculated. 

Thus in Fig. 128, p. 83, the resistance indicated by the triangle kin would 

be omitted. 
Instead, however, of taking the stress area CoklpE as representing the 

varying resistance of the flange, the whole area of the flange is taken. 

Again, instead of taking the distance between the centres of gravity of 

the stress areas as the length of the arm of the couple, the full depth of the 

beam is taken. 

The resulting formula stands thus— 

M = area of flange x limiting stress x depth, 

= A xr0xd.(54). 

This formula gives defective results, and the thicker the web (in propor¬ 

tion) the greater the error. The error will therefore be greater in small 

rolled beams (as in the above instance) than in large ones. Taking the beam 

just dealt with, and r0 = 4 tons 

M = 4x|-x4xl0, 
= 80 inch-tons. 

We know from p. 85 that its actual value, as there calculated, is 96*7 

inch-tons. 
This formula should therefore be employed only as a trial-method to 

pick out a suitable section, as shown in Example 9, and to be followed up 

by the accurate method already explained. 
Approximate Method, No. 2 {including web).—In the method just described 

the flanges only are considered, the web ignored. 
From a glance at Fig. 128, p. 83, it will be seen that the moment of the 

triangle of stress thus ignored, i.e. kin, is approximately 

= area kin x x r0, 
= ^ area of web x §<2 x r0, 
= J area of web xdx r0. 

If, therefore, we add area of web to the area of the flange and multiply 

by d, we shall have another formula for the moment of resistance, namely— 

M = (A + £ area web) xr0xd . . . (55). 

Taking the same beam as before, 

M = (4x £ + £x 10 x J)x4x 10, 

= 113-inch tons. 

This formula gives too large a result, and is therefore not a safe one 

to use; the true value of M lies between the values found by the two approxi¬ 

mate formulae. 
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Practical Formula for Polled Iron Beams, whose Length, 
Breadth, Depth, and Weight are given. 

The student should observe that in the case of rolled iron 
beams the choice is practically limited to the sizes which are 
usually rolled by manufacturers, and in many cases to what happens 
to be in stock. Most manufacturers publish a list of sections, and 
many also supply illustrations of full-sized sections. The process 
is therefore to select from such a list that section which best fulfils 
the requirements of the case. For such a purpose the approxi¬ 
mate formulae given above are very useful, but it sometimes happens 
that only the depth, the width, and the weight per foot are 
obtainable, and it is to be observed that this is the information 
usually given when specifying for a rolled iron beam. The follow¬ 
ing formula based on these data is therefore useful, namely— 

Approximate Method, No. 3.—Safe distributed load in tons 
d 

= 0-52(10-0-3M)jr. . . (56), 

where w — weight of rolled iron beam in lbs. per foot, 
b = breadth in inches, 
d = depth in inches, 
L —span in feet. 

This formula is constructed on the supposition that the 
maximum safe stress is 5 tons per square inch, and it will be 
found on trial to give fairly good results. 

Distributed Load that can be safely borne by a Rolled 
Iron Beam of given Dimensions. 

Example 8.—Conditions.—Suppose an I rolled iron beam to be of the 
section shown in Fig. 126 and to be 12 feet between supports, what load uni¬ 
formly distributed over its length will it safely carry ? 

Calculation by mathematical Method.—Preliminaries.—Taking the 

safe limit of stress in compression at 4 tons per square inch, we know from p. 

86 that the moment of resistance of this beam = 96’7 inch-tons. 

The maximum bending moment (see Case 7, p. 33) Mc = —. 
o 

But 

or since 

MC = M, 

wl2 = 96*7 inch-tons, 

1= 12 feet =144", 

96*7 x 8 w=wz= ——, 
= 5*37 tons. 

Calculation by approximate Method No. 1.—The value of M found by the 
first approximate method which ignores the web was 80 inch-tons (see p. 87). 
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Hence 

wl— 
80x8 

144 ’ 
= 4*44 tons. 

Thus this method gives as the distributed weight that can safely he carried by 
the beam 4*44 tons, whereas by the more accurate method it was found to be 5*37 
tons. 

Distributed Load that can safely be borne by a Rolled Iron 
Beam of given Length, Width, Depth, and Weight. 

Example 9.—A rolled iron beam 12 inches deep and 6 inches broad is 
found from a Table of Sections to weigh 56 lbs. to the foot. Hence, from 
the approximate formula No. 3 (56), for a span of 18 feet we have 

Safe distributed load = 0*52 (56 - 0*3 x 6 x 12)L|, 
= 11*9 tons. 

The average thickness of the flange of such an iron beam is 1 inch. 

Hence, using approximate formula No. I, 

A — = A xr.xi 

Safe distributed load wl — 
8x6x1x5x12 

18 x 12 ; 

= 13*3 tons. 
The moment of inertia of this section will be found to be 400. 

by the mathematical formula (see Equation 53, p. 86) 

wl2 r0l 

8 

Safe distributed load wl = 

Vo’ 
5 x 400 x 8 

6 x 18 x 12’ 

Hence 

= 12*3 tons. 
Example 9A.~Again, take the case of the rolled iron beam 16" x 6" of 

which the moment of inertia is 730, and let us find the safe distributed load 
for a span of 20 feet, when the beam is supported at the ends. 

On referring to a Table of Sections such as is published by manufacturers 

it will be seen that this section weighs 63 lbs. to the foot. Hence by 

approximate formula No. 3 

Safe distributed load = 0*52 (63 — 0*3 x 6 x 16) 

= 13*8 tons ; 

and by the accurate mathematical formula 

Safe distributed load = f X X 
8 x 20 x 12 

= 15*2 tons. 

Section for a Joist of a specified Span to carry a given 
Distributed Load. 

Example 10.—Conditions.—A rolled iron floor girder of 20 feet span 

and fixed at the ends has to carry a uniformly distributed dead load of 1 

ton per foot run of its length. 
Find the dimensions required 

(1) For strength, 

(2) For stiffness. 
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Preliminaries. — 

w—1 ton per foot run = ton per inch = 186 lbs. 
I — 20 feet =240 inches. 

E = 29,000,000 lbs. for wrought iron bars. 

Resistance to direct Stresses.—This being a case of a beam fixed at the ends, 
the greatest bending moment is at the point of fixing (see Case 2, p. 72), 

wl2 
and is (Equation 51, p. 72) yy 

jl (2 4 O')2 
Therefore MA = —- = 400 inch-tons, 

I A 

and hence the rolled beam must have a moment of resistance of 400 inch- 
tons. 

It is practically necessary to select a section from those kept by manu¬ 

facturers. Supposing, therefore, we have a sheet of sections before us, and, 

as a first trial, select a section 12" deep, with flanges 6" wide, and 1" thick. 

Using the approximate formula No 1 given at p. 87 (Equation 54) we find 

k~-v'L-->! M = 6 x 1 x 4 x 12, 
= 288 inch-tons, 

which is a great deal too small. 
Trying next a section 17" x 6" x lj" we find 

M = 6x l|x4x 17, 

= 510 inch-tons, 

which is more than necessary. A section 16" x 6" 

x 1" gives M = 384 inch-tons. This section will 

therefore probably do, since the value of M found 

by the approximate formula is too low. 

The moment of resistance of this section may 

be found by the graphic method thus : 

The upper and lower flanges may be taken as 

having a mean thickness of 1 inch, and the web 

-is inch thick. 
The equivalent areas are drawn as described at 

p. 83, and we have the following moments of 

resistance (Fig. 134):— 

-
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Fig. 134. 

For flanges1 

For web 

tons inch-tons 

£ (6" + £6") x 1" x 15" X 4 = 337*5 

tV x $ x J x ? * x § x 14" x 4 = 64*3 

Total moment of resistance = 401*8 

This section will therefore be suitable in point of strength. 

1 15", the distance taken between the centres of gravity of the stress diagrams 
for the flanges, is a little less than the true distance, because the stress diagram for 
the flange is a trapezium, not a rectangle. The true distance is 

2(7 + i'26+Je61) 6 + J6 
= 2(7 + 0*51), 
= 15*02, 

and the moment of resistance for the flanges becomes 342 inch-tons. 
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It must of course be understood that no holes are to be made in either 

flange. If any are necessary, the breadth or thickness of the top and bottom 
flanges must be increased accordingly. 

Resistance to Shearing.—We know then that the beam selected is able to 

bear the direct stresses that will come upon it; the next question is whether 

the web will bear the shearing stresses. 
The greatest shearing stress is at the points of fixing, and it there amounts 

J wl , ~ H 20 tons 
to — (see Case 7, p. 59) = —-— =10 tons. 

A A 

This has to be resisted by the sectional area of the web. This area is 

14" x TV' = nearly 8 square inches, 
10 tons , . 

the shearing stress will therefore be g ~ = 1J ton Per square inch. 

Now the safe working shearing stress may be taken as 4 tons per square 

inch, so that the web is amply strong enough. 
Deflection.—From Case 2, p. 72, and Appendix VIII., we see that the maxi¬ 

mum deflection of a beam of uniform section fixed at both ends and uniformly 

loaded throughout its length is at the centre, and is 

W Is JL_ 

A=EIX 384> 

We know (Equation 53, p. 86) that 

I == M x 

= 402 x 

= 804. 

16 

2x4’ 

20 x 12 x 186 x 2403 1 

29,000,000 x 804 * 384’ 

= 0*06 inch, 

or much less than the specified limit for floor girders (see p. 69) of per 
foot of span, viz. in this case, f-§ = 

The section of girder chosen is therefore both strong enough and stiff 

enough for the purpose, if care is taken in setting it that the ends are 
properly fixed. 

Remarks on Rolled Beams. 

Large rolled teams not theoretically economical. Rolled teams 
much used tecause cheap and useful. Can te fixed at ends. Rolled 
iron beams when more than 12 or 14 inches deep are not theoreti¬ 
cally economical, because their section is uniform throughout their 
length, and their flanges are equal to one another. They are 
therefore not of uniform strength throughout their length, and thus 
more material is used in them than is theoretically required. 

A glance at pp. 34 and 59 will show that in a section of uniform strength 

both web and flanges would vary in dimensions at different parts according to 
the stress that comes upon them. 
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Thus for a beam with a uniformly distributed load and supported at the 

ends the area of the flanges required at the centre to meet the maximum direct 

stress becomes unnecessarily great as the ends are approached, because the 

direct stress diminishes (see Fig. 50) towards the ends. 

This is still more the case with a load at the centre (Fig. 48), 

The web, on the contrary, would theoretically require to be greater at the 
supported ends to resist the shearing stress, and would gradually diminish 

towards the centre. 
The flange in tension might be smaller than that in compression, as it 

can be safely subjected to a greater stress per square inch. 

In the same way, beams of uniform strength for other dispositions of load 

would theoretically require to have flanges and web with varying sections to 

suit the stresses at different points. 
The method in which rolled beams are manufactured (see Part III.) 

renders it impossible that their section can be varied to suit the stress that 

comes upon them at different points. 

It results, therefore, that these beams rolled of uniform section throughout 

must contain more material than is theoretically required. This is not of 
much importance in small beams ; when, however, the beam is large, the 
waste of material becomes important, and it is better to build up such a beam, 
or girder, with plates and angle irons so disposed as to have at each point, as 
nearly as may be, the exact amount of material which is required to meet the 

stress at that point. 
The method of doing this is described in Chapter VIII. 

Eolled beams are cheap and convenient, and are therefore used 
for a great many useful purposes in spite of the fact that they 
contain more metal than is theoretically necessary to meet the 

stresses upon them. 
One advantage of rolled iron beams is that they can be placed 

with either flange uppermost, thus preventing all chance of mis¬ 
takes which occur with other girders put up by ignorant men. 
Moreover, as the flanges are equally strong, these beams can be 
fixed at the ends, thus greatly adding to their strength—giving 
them a great advantage over cast iron girders, which cannot so 

readily be fixed. 
Of course as compared with cast iron girders they possess a 

still greater advantage in being made of a sound and reliable 
material which will not give way suddenly. 

Market Sections.—Eolled X joists can readily be obtained 
in mild steel, from 3 to 20 inches in depth, with flanges up to 
8" wide. The largest sizes are not economical to use, as ex¬ 

plained above. 
Girders built up with the aid of X iron beams are sometimes 

used. The following are some of the forms :— 
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Fig. 13 5 may be useful in some cases, but a beam built up 
with plate and angle iron would probably be better. 

Figs. 136 and 137 are distinctly faulty owing to the waste 
of material at the centre of the section. 

Steel rolled joists or beams are similar in form to those of 
wrought iron, and can be calculated in exactly the same way, 
using the following working stresses: tension 6-J- tons, compres¬ 
sion 6tons per square inch. 

Adopting these stresses Formula 56, p. 88, may be modified 
for steel as follows :— 

Safe distributed load in tons 

= 0*67 (w-—0m3bd)y . . . (56a). 
Ju 

With regard to the limiting stresses in rolled joists of iron or 
steel it should be remembered that while a working compressive 
stress in the upper flange equal in intensity to that of tension in 
the lower flange may be permissible in beams well supported 
laterally, yet that in the case of unsupported beams liable to 
lateral flexure these stresses should be modified in accordance 
with the proportions of the top flange considered as a column, but 
deriving assistance from the stiffness of the solid web. 



Chapter V. 

CAST IRON GIRDERS.1 

mHE calculation for cast iron girders may be based upon the 
same simple methods that have already been explained for 

timber beams and wrought iron I girders. 
There is, however, one principal point of difference, which 

makes the calculation at first sight not quite so straightforward 
and simple as in the cases previously explained. 

This difference is caused by the nature of the material. In 
the timber and wrought iron beams the resistance to tension per 
square inch was the same or not very different from the resistance 
to compression; but in cast iron the resistance to tension is very 
small compared with the resistance to compression, as will be seen 
at once by a glance at the following figures. 

Resistance of Cast Iron. 

Ultimate Resistance.—The ultimate resistance, i.e. the resistance to actual 

rupture of cast iron obtained under proper specifications for girder work, may 

be taken as follows :— 

Tension ... 9 tons per square inch. 

Compression... 48 „ „ 
Shearing 8J- „ „ 

Working Resistance.—Working or safe limiting stress to be put upon cast 

iron per square inch :— 
Tension . . . 1^- tons per square inch. 

Compression. . .8 „ ,, 

Shearing . . . 2*4 „ „ 

It will be seen from the above that the ultimate resistance 
to tension is about one-sixth of the resistance to compression. 
The limiting stress to be allowed in tension is therefore one-sixth 
of that allowed in compression. 

Flanges.—If the tension flange is not made equal in strength 
to the compression flange it will tear across before the compressive 

1 Small girders of cast steel are occasionally used for purposes connected with 
machinery, but up to the present cannot be said to have found a place in ordinary 
Building Construction. The proper form of cross-section for a girder of cast steel is 
probably not the same as that for a cast-iron girder. 
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stress upon the other flange is equal to what the flange is able to 
bear. It will be seen that approximately, if the web be ignored 
altogether, the tension flange should, in order to be of equal 
strength with the compression flange, have an area six times as large. 

Approximate Formula for Calculation of Cast Iron Girders. 

The formulae ordinarily used for the calculation of the strength 
of cast iron girders are based upon the valuable experiments of 
the late Mr. Eaton Hodgkinson. 

Those experiments were made with girders having webs so 
thin that the webs may practically be ignored, because they afforded 
very little assistance to the flanges in resisting the direct stress. 

Mr. Hodgkinson arrived at the conclusion that Fig. 13 8 is the best form 

of section for a beam required to bear an ultimate or breaking strain :— 

‘ * The section of the flanges being in the ratio of 
6 to 1, or nearly in that of the mean crushing and 
tensile strength of cast iron.” 

He also inferred from his experiments that “ when 
the length, depth, and top flange in different cast iron 
beams with very large flanges are the same, and the 
thickness of the vertical part between the flanges is small 
and invariable, the strength is nearly in proportion to 
the size of the bottom flange.” Also that “in beams 
which vary only in depth, every other dimension being 
the same, the strength is nearly as the depth.” 

From these data1 he found the moment of Fig. 138. 
resistance — Cxaxd. 

a being the area of the tension flange in inches. 
d being the depth of the girder. 

C being a constant or modulus found, by breaking several experimental 

beams, to be tons. 

This value of C gives the resistance to actual breaking; the working 

modulus may be taken at one-fifth of this, i.e. l-£ ton. 

As the bending moment equals the moment of resistance we have 

M = Cxax(i . . . . (57). 
For instance, in the case of a beam supported at the ends and loaded in 

the centre 

W = 
4 Cad 

l 
26 tons x ad 

~j * 

1 These results are not here stated in the exact form given by Air. Hodgkinson, 

but are modified to make them in accordance with the formulae given above for timber 
and Wrought iron beams. 
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If l be reduced from inches to feet W = —j-— ; and this is the shape in 

which the formula is generally given in books, where W is the breaking weight 

in tons. 

It will be seen that this formula roughly gives the moment of 
resistance of the tension flange. 

In practice it is found that when cast iron girders fail, it is 
generally by the rupture of the flange which is in tension—the 
flange in compression is generally more than strong enough. 

If, therefore, the tension flange is strong enough, the girder is 

likely to be safe. 
The strength of the compression flange may, however, be 

approximately found by the same formula by substituting 48 tons, 
the breaking stress in compression, for the value of C. 

In recent practice the area of the top flange is raised from 
one-sixth of the bottom flange to one-third or one-fourth, so that 
by increased breadth sufficient resistance shall be offered to lateral 

bending. 
This formula is very simply applied as shown in Examples 

11 and 11 A, and though it is only approximate, it is quite accurate 
enough for the calculation of cast iron girders. The material of 
which they are made is so treacherous and uncertain that it is 
always necessary to use a large factor of safety, or (what amounts 
to the same thing) a small limiting stress in calculating them. 
Any minute accuracy in the method used for ascertaining their 

resistance would therefore be useless. 

Graphic Method of ascertaining the Section 
for a Cast Iron Girder.1 

The distribution of stress over a cast iron girder under a safe 

load, and subject only to a small limiting stress, can be shown in a 
manner similar to that already described for timber and for wrought 
iron beams, and its strength determined from the diagram thus 

obtained. 
Such a diagram will show the actual distribution of the 

stresses over both flanges and the web at the moment when 
the extreme fibres under tension are subjected to the working or 
limiting stress, and can easily be constructed as follows. 

1 This is described as it illustrates principles, and for the sake of those who 

prefer drawing to calculations. 
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Take tlie case of a girder of the section shown in Fig. 139, supported at 
the ends and loaded in the centre. 

The lower flange will be in tension, and 

the centre of gravity will be at a point 7" 
from the bottom edge.1 

The neutral axis NA will pass through the 
centre of gravity. 

The diagram of intensity of stress (Fig. 140) 

and the diagram of distribution of stress (Fig. 

141) are drawn in the same way as at p. 83. 

If we limit the tensile stress on the lower¬ 

most fibre to 1|- ton (the working tensile stress), 
we see that the maximum compressive stress per 
square inch d'a' upon the uppermost fibre will 

be (in proportion to its distance from the neutral 

m13 13 3 39 
axis) — x b e = - - x - tons = tt = 2 tt tons. 

2 14 14 
Fig. 139. 

7 " 7 

Now the fibres in compression could safely bear 8 tons per square inch, 

so that in this girder they are not called upon to bear more than about one- 

third of the safe working stress. 

Scale of Stresses 1 inch — 4 tons. Linear scale inch— 1 foot. 
Scale of stresses 1 inch—12 tons. 

So far as mere compressive stress goes, the upper flange is therefore un¬ 

necessarily large, though it may nevertheless be desirable to make it of the 
dimensions shown, for the reason mentioned at p. 96. 

The figure showing the distribution of stress is obtained as before by 

multiplying the number of inches of fibres at each point by the intensity of 

stress at that point obtained from Fig. 140. 

1 See Appendix XII. 

B.C.-IV. H 
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Thus at CD there are 4" of fibres, each acted upon by a stress equal to 
13 13 

d'a' or ~y x the limiting stress, so that C1D1 = — x 4 = 7-f inches. At gh there 

12 
is 1 inch of fibres acted upon by — of the limiting stress, so that the width 

12 
of the stress area at this point is = -y inch and reduces gradually until -at 

the neutral axis the direct stress is nothing. 

The equivalent shaded area in tension below the neutral axis is of course 

equal to the equivalent shaded area in compression above the neutral axis, 

being in each case about 17-f- square inches. 

The centres of gravity of these two equivalent areas are 15-97 inches 

apart, and the moment of the couple, i.e. the moment of resistance of the 

girder, is equal to the equivalent stress area of either kind in square inches x 

the limiting stress per square inch x the distance between centres of gravity = 

17y square inches xl| ton x 15-97 inches = 417*5 inch-tons. 

Comparison with Result from approximate Formula.—Let us compare 
this result with that obtained from the approximate formula given at p. 95, namely— 

U = Cad. 
Taking C = 1J ton, as at p. 95, we find 

M = 1 x (16 x 1J) x 20, 
= 400 inch-tons. 

But the limiting stress has been taken above at 1J ton per square inch. If C be 
taken =1J ton, M = 480 tons. 

Fig. 142. 
Linear scale 1J"=1 foot. 

Scale of stresses 1 inch =12 tons. 

Fig. 143. 
Scale of stresses 
1 inch = 4 tons. 
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Section with tapering Web.—In a girder of the section shown in Fig. 142, 
and at p. 169, Part I., where the web tapers in thickness from the upper to 

the lower flange, supported at the ends and loaded, the stresses would be as 

shown in Fig. 143. 
It will also be noticed that the maximum stress in compression, i.e. that 

on the extreme upper fibre, is only 3^ tons. 

Mathematical Method for calculating a Cast Iron Girder. 

The mathematical method may be described, though the graphic method just 
described is equally accurate, and safer to use. 

The formula used for M is — I, or — I, in which 
Vc Vt 

rc = limiting.stress in compression. 
rt — ,, tension. 
yc = distance from FA to extreme fibre of compression flange. 
yt— ,, ,, tension flange. 

1 = moment of inertia. 

The former of these two formulas is used when the compression flange is weaker 
than the other; the latter formula when (as is usually the case) the tension flange 
is the weaker. 

A case worked out by this method is shown at p. 104. 

Figs. 141 and 142 give a clear idea of the nature and distribution of 
the direct stresses on a cast iron girder, but for the reasons given at p. 96 it 

is seldom necessary to go into any accurate calculations for such girders. 

The shearing stress is distributed in the same way as described at p. 61 

for timber beams. It is nearly all borne by the web, being a maximum at 

the neutral axis and diminishing as the flanges are approached, until at the 
flanges themselves the shearing stress is almost nothing. 

Practical Points connected with the Form of Cast Iron 
Girders.1 

Proportions of Flanges.—111 both the sections given it will 
be seen that the compression flange is never called upon to 
undergo anything like the working stress that it can safely bear. 

Thus in Fig. 140 the stress on the extreme fibre in compression 
is only tons instead of 8 tons per square inch, and in Fig. 143 
it is only 3-^- tons per square inch. 

It appears, therefore, that so far as resistance to crushing is 
concerned, the compression flange might be made smaller; practi¬ 
cally, however, other points have to be considered. 

The flange which undergoes compression must not be made 
too narrow, or (though safe against crushing) it will fail by buck¬ 

ling sideways. 
The greater the span the wider the flange should be. No rule 

has been laid down for this, but it is well not to make the com¬ 
pression flange narrower than one-sixtietli of the span. 

1 See also Part II. 
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It will be further seen that in some cases, when from construction of the 
whole building it is impossible for the cast girder to buckle, the compression 

flange need not have an area exceeding one-sixth of the area of the tension 

flange, and this proportion is sometimes taken as the universal rule. 
When, however, the compression flange has to be widened to resist cross- 

buckling, or when it is required to be wide to support a wide form of load 

such as a wall above, then it is often necessary to make it of greater area 
than one-sixth of that of the tension flange. The consequence is that some 

writers propose one-fourth and others one-third as the proportion (see p. 96). 

Each case must, however, depend upon circumstances. As a 
rule a compression flange having one-sixth the area of the tension 
flange is large enough, if it is wide enough to resist cross-buckling, 

and to carry the load upon it. 
The web must of course contain sufficient area to withstand the 

shearing stress that comes upon it. 

In order to prevent it from “ buckling ” sideways it is customary to 

strengthen it by feathers or stiffeners, as shown at / in Fig. 144 amd hi Part 

I. Figs. 245, 246. 
These stiffeners should, however, be avoided as far as possible, because 

the angles formed by their junction with the web and flanges tend to produce 

weak points in the castings, for the reasons explained in Part III. 

The depth of a cast iron girder must of course in most cases 
be governed by circumstances, but when possible it is desirable 
to give it a depth of at least one-twelfth the span, or one-tenth 
when considerable stiffness is required. The depth is, however, 

very often made much less than this in practice. 

Camber.—Cast iron girders should be constructed with a rise in the centre equal 
to to 7r&<r of their span, so that they may not when loaded sag or droop below 
the horizontal line. 

Points connected with casting.—So far as the requirements of good casting 
go,1 for flanges 2' wide it-is not wise to have a less thickness than l|", and 
for flanges 18" wide not less than l", but as a rule 2 the thickness of any part 

should not exceed iV of the width of the part. 
When one flange is to be thinner than the other, as in Fig. 142, the web 

may taper from one to the other, each end being equal in thickness to the 

flange it joins. 
Some founders prefer that the thickness of the metal should be the same 

throughout web and flanges, as in Fig. 141. 
In any case, there should be no sudden variation in the thickness at any 

part, and no sharp angles. 
G-irders of uniform Strength..—The method by which cast iron girders 

are made is such that they can without any difficulty be cast so as to 
be of uniform strength, the form varying according to. the load they have 

to carry. 
Thus for a girder with a uniformly distributed load the shape would be 

1 Wray. 2 Adams. 
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approximately that shown in Figs. 144 or 145, the material being reduced 
where the stress is less, so as to form curves.1 

The alteration in section may be obtained by altering the depth, as in 

Fig. 144, and leaving the flanges of uniform width throughout, or by 
altering the width of the flanges at different points according to the stress upon 
them, keeping the depth of the girder constant throughout, as in Figs. 146, 

147. 
ELEVATION. 

(f . .-.z3 
iSSi 

H 

Fig. 146. 

PLAN J 

<r /--- ----s 1 ^ 

1 Fig. 147. | 

A cast iron girder should never be fixed at the ends, because of the 
change from compression to tension which takes place (as shown in Fig. 112) 

in the top flange as the fixed end is approached. This is not desirable even 
when the girder is designed accordingly, and is unsafe if the ordinary design 
is followed, for then the top flange at the point of fixture will be unduly 

strained in tension. 

EXAMPLES OF CAST IRON BEAMS. 

Cast Iron Cantilever. 

Example 11.—Conditions.—A cast iron 

cantilever for a balcony (Fig. 148) has a 

projection of 6 feet, and has to carry a 

distributed dead load (including its own 

weight) of \ ton per foot run. The depth 
at the wall must not exceed 3 feet. Find 
the dimensions for the cantilever. 

Preliminaries. 

w = L ton = weight per foot run on the 
cantilever including its own weight, 

= ton per inch run.2 

1 Theoretically the curve for Fig. 144 should be something between a parabola 
and an ellipse. I11 practice an arc of a circle with ends rounded is used, the ends 
being half the depth of the centre. The curves on plan Fig. 147 are parabolas. 

2 The cantilevers are assumed to be 5 feet apart. 
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l = length = 72 inches. 
C = 1 ton per square inch = coefficient for Hodgkinson’s formula. 

a — area of top (or tension) flange in inches (to be found). 

d — depth of cantilever at wall = 36 inches. 
E = modulus elasticity of cast iron= 17,000,000 lbs. per square inch. 

Now since M = M, 
l 

hence (Case 2, p. 28) wl. - = Cad, 

x 72 x 36 = 1 x a x 36. 
Hence area of tension flange is a = 3 square inches, and the flange 

may be 4" x §■" 
area of compression flange = ^ x 3, 

= -| square inch. 

Thus the web is thick enough to act as a compression flange, or 

an enlargement may be made for appearance, as shown in Fig. 

H9.1 
The shearing stress at the wall will be = ivl = 3 tons (Fig. 83, 

p-57)- , . _ . 
The thickness of web t required to resist shearing 

shearing stress _ 

“ depth of web x working resistance to shearing per square inch’ 

3 tons 

*= 36 x 2’ 
i^ch, 

the actual thickness f" is therefore 18 times as strong as it need be. 
Great waste of metal and sacrifice of appearance would result from 

making the cantilever of uniform depth throughout. The depth required by 

theory at different points may be found by equating the moment of flexure 

at each point with the moment of resistance. 
_x) 2 

At any point P distant x from the wall Mp = - 

We have then 
w(l - x)2 

= Cad, 
2 C /, 

Taking l — 6 feet, When x = 1 d = 
j(6 - a)2 ( 

1 x 3 
= |2 x 1. _ 2_s _ 25 inches 

x — 2 d = j2 x -j"| = 16 „ 

x=3 d = f2x|= T%= 9 „ 

x = 4 d = %2 x ^ = T\7 = 4 „ 

x = 5 d — ^2x^ = '~2= 1 inch 

x= 6 d = 0. 

Setting off these values as ordinates at the different points, and drawing 

the curve of the bottom flange through the extremities of the ordinates, 
we have Fig. 150. 

1 It should be remembered that this proportion of compression to tension area 
applies to .girders with parallel flanges. If the cantilever be designed as shown in 
Fig. 150 the compressive stress may be ascertained by the method of moments round 
the point A, and the flange area must then be proportioned to the stress so found. 
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The curve might have been ascertained by drawing a parabola with its 
apex at B through CB. 

It has also been shown that area of 

the web is largely in excess of the require¬ 
ments. It is evident, therefore, that large 

holes may be made in the web, as in Fig. 

148, which will lighten the cantilever and 

improve its appearance without making 

it too weak. The end of the cantilever 

may with advantage be thickened as 

shown by the dotted line, Fig. 148. 

The deflection of the cantilever cannot 

it has been designed by an approximate formula, in which the resistance 
afforded by the web has not been taken into account. 

Assuming, however, that the stress on the tension flange will not exceed 

the limit of 1 ton per square inch, the probable deflection may be ascertained 
by Equation 45, p. 67. 

be accurately ascertained, because 

in which n' — l (for a cantilever of uniform strength and breadth), 
r0 = 1 ton, 

Z = 72", 

Hence 

y0 = 16 inches nearly. 

1 x 2240 x 722 

“17,000,000 x 16’ 
= 0'04 inch = inch. 

The allowable deflection, even if there were to be a ceiling below, is 

per foot run of cantilever = so that this cantilever is amply stiff 
enough. 

If any holes are made in the upper flange to aid in securing the platform, 
a sufficient width must be added to the upper flange to make up for the loss 
in area caused by the holes. 

Clearly, also, it is not strictly accurate to take the load (including weight 

of cantilever) uniformly at \ ton per foot, as the weight of the cantilever 

itself varies from 8 lbs. per inch run at the wall to almost nil at the end. 

In this small cantilever this is of no consequence, but in larger work it would 
become important. 

Cast Iron G-irder. 

Example 11A.—To find the weight that a given girder will bear. 
Conditions.—A number of old cast iron girders in stock have their cross 

section throughout of the form and dimensions shown in Fig. 139. Span 

= 20 feet. What distributed load per foot run will they safely bear when 

supported at the ends ? 

1. By the approximate rule (Equation 57), taking limiting stress in tension 

at lj ton per square inch, 

Cad x 8 
w = 

l2 ’ 

V 



104 NOTES ON BUILDING CONSTRUCTION 

I|xl6x20x8 

2402 

= 0-067 ton per inch, 

= 0#8 ton per foot run. 

If C is taken at 1^ ton, as recommended at p. 95, the safe distributed load 

would be |- 0*8 = 0*66 ton per foot run. 
2. By the graphic method, taking the limiting stress in tension as \\ ton. 

From p. 98 we know M to be 417'5 inch-tons. Hence 

wl2 
— = 417'5. 

w =0-058 ton per inch, 

= 0*70 ton per foot. 

3. By the mathematical method.—Finding I as in Appendix XIV. to be 

1950, and knowing the tension flange to be the weakest, we have, since 

ivl2 rtI 

T = f> 
wl2 li x 1950 

T~ 7 ’ 
= 417’8 inch-tons, 

and vj — 0*058 ton per inch, as by the graphic method. 

Deflection.—To find the deflection of this girder when loaded with a 
distributed load of *7 ton per foot as found above by the graphic and mathe¬ 

matical methods. 
nWl3 

From Equation 44, p. 66, and Table C, we have A = 
lid 

5 
n = —- for a girder of uniform cross section supported at the ends and 

384 

loaded uniformly. 

I = 1950, see Appendix XIY. E = 17,000,000 lbs. per square 

inch. 
5 14 x 2240 x (20 x 12)3 

“ 384 * 17,000,000 x 1950 = * mch* 
The deflection allowable if there is to be a ceiling below would be per 

foot of span, or = J". The girders would therefore be amply stiff enough. 



Chapter VI. 

TENSION AND COMPRESSION BARS. 

IN the previous chapters we have considered various methods of 
calculating the strength of beams made of one piece of material 

—either wood, wrought or cast iron. Such beams can only be 
made of comparatively small dimensions, and in the case of wood 
or wrought iron it is, as already pointed out, uneconomical to make 
them beyond a certain size, because, in a uniform section, which does 
not accommodate itself to the varying stresses, much material is 
thrown away. 

Large beams or girders are therefore built up of smaller pieces 
suitably connected together, thus forming either plate girders or 
open-work girders in wrought iron, or trusses in timber. More¬ 
over, roof trusses are composed of a number of pieces or members 
jointed together (see Parts I.-II.) The various members of such 
structures will be subject to tension or compression or shear 
according to the position of the member in the girder or roof 
truss. The first step, after designing such a structure, is to 
ascertain the amount and nature of the stress each member has 
to bear; and the next to design each member so as to safely 

resist the stress in it, as will be explained in the present chapter. 
Lastly, the various connections must be of adequate strength to 
transmit the stress from one member to another. This forms the 
subject of “ joints ” and will be considered in the next chapter. 

It will, however, be best to leave for the present the question 
of finding the stresses in the various members; we will therefore 
deal first with the design of separate members, assuming the stress 

upon each as known. 
Tension Bars. 

Symmetrical Stress.—Let AB, Fig. 151, represent a tension 
bar stretched by the forces P^, P^. The dotted line shows the line 
of action of these forces, and we will suppose that it is exactly 
in the centre of the bar. By cutting the bar across at C, as 
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shown in Fig. 152, the tension forces excited in the fibres of the 
bar are, so to speak, brought to view; and since the line of 

Fig. 151. 
/ 

R t 
■V . R 

r R 

t 

R t 
iC 

Fig. 152. 

action of the force is central, these forces are equal, or, in other 
words, the stress is uniformly distributed over the cross section of 
the bar. Clearly therefore: Safe resistance to tension of the bar 
= safe resistance to tension of the material per unit of. area x area 
of cross section. 

Thus a wrought iron bar 2 5" x 1" could resist safely 5 tons 
per square inch or 5x2,5 = 12,5 tons. 
Or, again, a round iron bar 1" diameter could resist safely 

' 5 x 0*78 = 3‘9 tons. 

Effective Area.—Let us now inquire into the effect of making 
holes in the bar, such as would be made for rivets. 

In the first place let there be one hole at the centre line of 
the bar, as at D, Fig. 153. The cross section at D is clearly the 

Fig. 153. 
D 

R t 
V3 Y 

R t -. J —»- 

3 
D 

Fig. 154. 

weakest in the bar, and it is there where rupture would take 
place. The stress at the section is shown in Fig. 1 54, and it will 
be noticed that, as before, the stress is uniformly distributed, but 
that the area over which it acts is reduced. This reduced area 
is called the effective area of the tension bar and: Safe resistance 
to tension of bar— safe resistance to tension of the material x effective 
area. Or in symbols 

E« = nxA . . . (58). 

The same formula would clearly be applicable if two holes 
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symmetrically placed were made in the bar, as shown in Figs. 155 
and 156. 

R* o 
o 

Fig. 155. 

■Rtf 

Fig. 156. 

If now a third hole be made, as shown in Fig. 1 5 7, it becomes 
a question whether the bar will break as shown in Fig. 1 5 8, or as 

R, 

-§~- 

Fig. 157. 

3 
Fig. 158. Fig. 159. 

shown in Fig. 159. It has been found by experiment on ordinary 
fibrous iron that a bar is most likely to break along such a line 
that the area of the section along the line of fracture is a mini¬ 
mum. Therefore, if a + c + c + a is less than a + b + a, the bar 
will tend to break, as shown in Fig. 1 5 9, and the effective area will 
be 2 {a + c) x thickness of the bar. 

Unsymmetrical Stress.—So far it has been supposed that the 
holes are placed symmetrically with regard to the centre line of 

_& 
b 

Fig. 160. 

%-[- 

Fig. 161. 

the bar. Fig. 160 shows a tension bar with a hole made in it 
nearer to one edge than to the other, and Fig. 161 exhibits the 
stresses in the fibres. It is clear that the intensity of stress will 
no longer be uniform, as in the previous cases, but will be greater 

at the edge near the hole than elsewhere; the distribution of the 
stress can be found by calculation, but by a method rather beyond 
the scope of these Notes. The student should, however, observe 
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that an unsymmetrically placed hole weakens a tension bar more 
than a symmetrically placed hole does, and in the same way it 
will be seen that if the tension in the bar is not transmitted along 
the centre line, the bar will be weakened as shown in Figs. 162, 

_ 

% 

Fig. 162. 

Fig. 163. 

163 ; for the intensity of stress being greatest at one edge, the 
bar will begin to yield first at that edge, and its whole area will 
never be opposed to the full working stress. 

It should be an aim, therefore, in designing tension bars to 
arrange the holes in them symmetrically, so that the stress shall 
be transmitted along the centre line. When this cannot be done, 
it is necessary to slightly increase the cross section accordingly. 

The formula = rt x A is applicable to tension rods. The 
ends of such rods are often screwed with q minus thread, in which 
case the effective area is the area at the bottom of the threads 
(see p. 145). In fact, this formula is of general application when 
the stress is uniformly distributed over the cross section, and to 
use it the weakest section of the tension bar or rod must be found, 
and the area of that section is the effective area. 

Example 12.—A rectangular iron tension bar is required to resist a stress 
of 10 tons. The thickness of the metal is and allowance is to be made for 
one f" rivet hole. Find the width. 

If a is the total width the effective width is a — |-, and the effective area 
(a - !■)!■ square inches. 

Assuming a safe resistance to tension of 5 tons per square inch, we have 

5(a ~ f)^= 
whence a — 4f inches. 

Example 13.—The stress in a wrought iron tension rod is 7*83 tons. 

The ends are formed into links for pin joints (see Example 26, p. 140). 
Find the necessary diameter. 

The links at the ends of the rod would be made of such dimensions as to 

be of at least equal strength with the rod. The strength of the rod is there¬ 

fore not reduced in any way, and consequently the effective area is the full 

area of the cross-section. Allowing a safe stress of 5 tons per square inch, 

we have clearly 7-83 = 5 x A, orA=l*56 square inch, which corresponds to 

a diameter of 1*4 inch, or a rod lj" diameter would do. 
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Compression Bars or Struts.1 

It might, at first sight, be thought that compression bars or 
struts could be treated in the same manner as tension bars, and that 
the resistance of a compression bar could be obtained by 
multiplying the area of the cross section by the resist¬ 
ance per square inch. But a moment’s consideration 
will show that this cannot be the case, for in a tension 
bar the forces acting on it tend to straighten it, whereas 
the forces acting on a compression bar practically tend 
to bend it,2 as shown in Fig, 164, thus causing a bend¬ 
ing moment which has to be resisted in addition to the 
compression proper. Fig. 165 represents the portion of 

--K 

__ 1 

£ 
t i 
1 1 

-B—-t— 

j>-;- 

Fig. 165. 

the bar at AB to an enlarged scale, the arrows of length 
a show the compression proper, and the other arrows the 
bending stresses, which are distributed as in the case 
of a beam (see p. 43). The maximum intensity of 
compression will be at B and equal to ct + b. At A 
it will be a minimum and equal a — b, and if b > a (as 
in the figure), the fibres at A will be in tension. 

It is clear that a + b must not exceed the safe resistance to 

compression of the material. 

Fig. 164. 

Fidler’s rules for Struts.—Unfortunately, however, there are many 
difficulties in the way of finding the value of b. In the first place it depends 
on the amount to which the resultant stress deviates from the centre of 
gravity of the cross-section of the strut, and it further also depends, as shown 

in a paper 3 by Professor Fidler, M. Inst. C.E., on inequalities in the modulus 

1 The formula for 'practical use will he found for iron struts in Table V., in 
Equation 60, p. 113, and for timber in p. 115, and Table VI. As the question of 
long struts has hitherto been in an unsatisfactory condition three or four methods 
of dealing with them are given, Prof. Fidler’s being preferred. 

2 Theoretically, with the stress passing absolutely through the centre line of the 
strut, there is no tendency to bend, but practically this condition is never fulfilled, 
and the slightest divergence causes a bending stress ; so that, at best, the state of 
the stnlt is one of unstable equilibrium. 

3 Published in Minutes of Proceedings, Inst. C.R, vol. lxxxvi., 1886. 
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of elasticity which may exist in different parts of the column ; for instance, 

a variation of 2 per cent in the modulus of elasticity in a solid cylindrical 

column will reduce the strength by 26 per cent. 
Struts of rectangular section.—It can be shown, by an investigation too 

difficult for these Notes, that the average ultimate stress per square inch for an 
ideal column of rectangular section, in which there is no variation of the 

modulus of elasticity, is given by the formula 
d2 

rc = 7t2E . .... (59), 

where d is the shortest side of the rectangular cross section and l the length of 

Fig. 166. 

the column. This formula is given in Der Constructed, by Rouleaux; it is based 

on Euler’s theory, and is plotted graphically in Fig. 166 in the curve BHC, on 

the assumption that the material is wrought iron, that is, taking E = 1200 tons. 

In this figure the abscissae measured along OP are the ratios1 ^12 • $ an(^ 

the ordinates are the corresponding breaking weights in lbs. per square inch. 
AB is drawn at the ultimate resistance to crushing of the material. 

Now Prof. Fidler shows in the paper above alluded to, that under the most 

unfavourable conditions which are all likely to occur in practice, the column 

may be weakened to the extent shown by the curve ATC. This curve therefore 

gives the minimum strength of wrought iron columns of rectangular cross- 

_ l 
section for varying ratios of ^ The actual strength of any particular 

column may therefore lie anywhere between these two curves, and Prof. Fidler 

comes to this conclusion: “that the strength of columns cannot be defined by any 

1 This ratio is length divided by radius of gyration (see top of next page). If k be the 
.. „ ,. „ ,. .. o moment of inertia of the cross section 

radius of gyration of a cross section then k*=-+ - 
OJ • area of the cross section 

bds 1 d? cl 
= for rectangular sections (see Appendix XIV.) ~ x ^ = p2'*‘ K~~\f V 
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hard and fast line, even when the modulus for the whole column and the 
ultimate strength of the material are accurately known ; but, on the contrary, 

the strength may have any value less than that of the ideal column within 

certain limits. The strength of columns must, therefore, be represented by 
an area, as shown in Fig. 166, within which the results of individual 

experiments may be expected to place themselves at haphazard.” 

The advanced student is strongly recommended to read Prof. Fidler’s 

paper,1 in which will be found the formula he arrives at—a formula which 

is, however, too complicated for these Notes. 
Struts of any cross section.—We have confined ourselves so far to columns 

of rectangular cross section ; the same reasoning, however, applies, whatever 

may be the cross section, but we must substitute for - ^ d (which is the 

radius of gyration for a rectangular section) (see Equation 59) the expression 

for the radius of gyration of any cross section, which can be found from 

NO Moment of inertia of the cross section 
(Radius of gyration)2 =-t--c-7:-• 
' ' Area of cross section 

The value of the moment of inertia of the cross section varies according to 

the axis about which it is taken, but when taken about an axis through the 

CG of the cross section, perpendicular to the direction in which the column 

tends to bend, it is a minimum, and the radius of gyration found from this 

moment of inertia is the one to insert in the formula. 
Practical Value of d.—It is, however, somewhat laborious to obtain this 

radius of gyration, and for practical purposes, at any rate for building con¬ 

struction, the value of d can be taken as shown in Fig. 167, multiplying by a 

factor n as shown in Table V., which has been compiled from Fidler’s formula 
and from similar tables given in the paper, and is recommended for use. 

Many other formulae have been proposed for finding the strength of 
columns, and some of them will be mentioned later on. 

Short and Long Compression Bars. 

It is often the practice to divide compression bars into two 
classes, viz. short compression bars and long compression bars. 
Short compression bars are those which fail by direct crushing, 
and their strengths are calculated as if the pressure were uniformly 
distributed over the cross section. Long compression bars are those 

1 Also Bridge Construction, by T. Claxton Filler. 
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which fail by bending, so that some of the fibres are torn. A 
sudden change in the manner of failing has therefore been assumed. 
Such an assumption is contrary to all experience and common sense, 
and it is evident that these two causes of failure lie at the extreme 
ends of a series, and that between them failure arises from a 
gradually varying combination of the two causes. 

Referring to Fig. 165 a compression bar may be said to 
commence to fail by cross-breaking when b — a; but in fact the 
bending moment has begun to act from the first, and has been gradu¬ 
ally increasing the compression on one side of the bar and lessening 
it at the other, and it is therefore not right to assume that the 
pressure is uniformly distributed. It may be mentioned that some 
experiments by Mr. Kirkaldy point to the same conclusion. 

The following Table gives the proportion between length and least 

dimension of the cross section at which compression bars have been assumed 

to cease to become short and become long.1 

Wood .... 20 

Wrought Iron 10 

Cast Iron .... 5 

Of course there is in reality no abrupt transition from short to long com¬ 

pression bars as assumed in this 

Table, but the figures are given, 

as they are much used with the 

ordinary formulae. 

Securing ends of long 
struts. — The manner in 
which the ends of a long 
compression bar are secured 
has a great influence on its 
powers of resistance. If 
the ends are hinged or 
rounded the bar will tend to 
bend as indicated in Fig. 168, 
but if they are fixed or flat 
the bar will be stiffer and will 
tend to bend as shown in Figs. 
169 and 170. Manifestly 
a compression bar with the 

1 That is, it has been assumed that a wooden strut whose length is more than 20 
times the least dimension of its cross section will fail by bending; if less than 20 

times that it will fail by crushing. 
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ends fixed is considerably stronger than one with the ends 
rounded. Again, one end may be rounded and the other fixed, 
in which case the strength will have an intermediate value 
(see Fig. 171). In any particular case, before the ends of 
a compression bar are assumed to be fixed, the matter should 
be carefully considered, because it often happens that wThat may 
appear at first sight to be fixed is not fixed at all. The criterion 
is whether the ends are so connected as to constrain the bar to 
bend as shown in Fig. 169. Thus the end of a bar 
fixed to a T iron as in Fig. 172 is not “ fixed,” because 
the bar can bend as shown in Fig. 17 3 by twisting the 
T iron. There is, however, a certain amount of con¬ 

straint due to the resistance of the 
T iron to bending, so that the bar 
is stronger than if its ends were 
purely hinged. These last remarks 
apply to the case when the ends are 
fiat (see Fig. 174). 

Gordon’s Formula. — The formula 

principally used in this country for long 

compression bars is that known as Gor¬ 

don’s formula, namely— 
ATc 

Fig. 172. Fig. 173. 

Z2 

l+ad? 

(60), 

where a is a constant determined by experiment, d is the least dimension of 
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the cross section, as indicated in Fig. 167, A the area of the cross section, and 
rc the safe resistance to compression of the material per square inch. 

The value of the constant a depends not only on the material but also 

on the form of the compression ban The following Table (G) gives some 

of these values. 
To compare this formula with Fidler’s formula, when the material is 

wrought iron, the curves shown in Fig. 17 5 have been drawn. It will be 

seen that the agreement is fairly good, but that Gordon’s formula gives lower 
results for short columns and higher results for the longer columns. 

TABLE G. 

Values of a when 

Material. Form of Cross-section. Both ends 
are 

rounded or 
hinged. 

Both ends 
are fixed. 

One end is 
rounded, 
the other 

fixed. 

Timber Rectangular \ 4 1 1 
Circular J 250 250 100 

Wrought iron 
> > 
> > 

Rectangular 'i 4 1 1 
Circular (solid) j- 
Circular (hollow) J 2500 2500 1000 

LT+D 
l 4 

1 1 
f > 

icii-i J 900 900 
1 

360 

Cast iron Circular (solid) 
1 

Too 
1 

400 
1 

160 

- 
Circular (hollow) 

1 
200 

3 

1 
800 

3 

1 
320 

3 
Rectangular 400 1600 640 

5) Cross-shaped 3 
200 

3 

800 
3 

320 

13 cwts. 

4 tons. 

► 8 tons. 

N.B.—In using this Table it must be remembered that it is calculated with a 
factor of safety of f. In many structures, such as those of cast iron or timber, a 
factor of safety of 6 to 8 or 10 is necessary for safety, and care must be taken in 
such cases to modify the value of rc accordingly. 

Formulee for Wooden Struts.—The formulae in use for wooden struts are 

more at variance than those for iron, and it will be useful to compare some of 

them. For instance :— 

Professor Rouleaux gives this formula in Der Constructeur1— 

IE 
R0 = 7r2y2~ -r factor of safety . . (61), 

in which I is the moment of inertia, E the modulus of elasticity which reduces 

to the following, taking E = 1,300,000 lbs.2 and a factor of safety between 4 
and 5, _ bds 

Rc = 2000-2 cwts. 

1 The letters have been changed to agree with the notation in this book. See 
also Equation 59. 

2 This modulus must be converted into cwts. before reducing the formula, because 
the safe load is to be expressed in cwts. 
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Professor Bitter gives the following— 

R„ =- 

1 + 0-0027 
(62), 

■which is the same as Gordon’s, but with a different constant. In both these 
formulae the ends are supposed to be rounded. 

Example 14.—To compare the formulae let us find by each of them the 

safe resistance to compression of a wooden strut 10 feet long and 4" x 3" 

cross section, ends rounded. 

By Gordon’s formula : 
^ 4 x 3 x 13 
B = - 

l + o 
■( 

120 

By Bouleaux’s formula : 

250 V 3 
= 5-8 cwts. 

4 x 33 
Bc = 2000 -j^o2 ’ 

= 15 cwts. 

By Bitter’s formula : 

B„ = 
4 x 3 x 13 

1 +0*0027 x 402’ 
29*3 cwts. 

These results vary so, that it is difficult to make use of them, and we 

must resort to some other method. 

Table for Wooden Struts.—Table YI. was deduced from some 
experiments by Mr. Ivirkaldy,1 but modified to agree with Mr. 
Kdler’s views (see p. 110). 

The above example works out as follows by means of this Table :— 
l 

Batio = - = 40 (col. B in Table), 

Safe intensity of compression per square inch = 1*06 cwt., 

Total safe resistance = 4x 3x 1-06 = 12-7 cwts. 

Again, from Table VII. (Stoney’s Table) we find for a ratio of 40, 80 

tons as the breaking load per square foot, or taking a factor of safety of 4 the 

safe load = 20 tons per square foot. Hence in the case of the above example 

20 x 20 x 4 x 3 

Rc== 12 x 12 ’ 
= 33*3 cwts. 

This Table is, however, deduced from experiments with large timbers with 
flat ends adjusted as in ordinary practice, so that the ends might be con¬ 

sidered as partially fixed. Working out the example again for fixed ends by 

means of Table YI. we find 
Safe intensity of compression for ratio 40 

= 3’60 cwts. per square inch, 

.-. Bc= 12 x 3*60 = 43-2 cwts. 

Table for practical use.—It is clear from the above that the subject of 

1 Corps Papers, Royal Engineers (Yols. XXII. and XXIII.) 
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long wooden struts is in an unsatisfactory condition. On the whole. Table 

VI. is recommended for use, and it moreover saves a considerable amount 
of numerical work. As a further comparison this Table is shown graphic¬ 
ally in Fig. 176 by the curve ATC; likewise Rouleaux’s formula, which, 

as already mentioned at p. 110, is the formula for an ideal column, is shown 

by the curve BHC. It will be observed that the curve ATC agrees well 
with the corresponding curve ATC in Fig. 166, which can be looked upon 
as an indication of the reliability of the Table. 

Fig. 176. 

We now proceed to work out some examples. 

Cast Iron Column. 

Example 15.—Find the dimensions of the cast iron column supporting 
the end A of the plate iron girder of Example 1, p. 21. The cross section 
to be circular and hollow. 

The load on the top of the pillar is equal to the reaction on the girder, 

which has already been found to be 16*6 tons. The length of the pillar is 

10 feet. The practice with cast iron pillars is to make the ends large and 

flat, and such pillars can be considered as fixed. In this example it will be 

assumed that the ends of the pillar are “ fixed.”1 

Assume, as a first trial, that the external diameter is 4 inches, and that the 

thickness (t) of metal is \ inch. Then 

l— 120 inches, 

3 It is, however, though usual, not good practice to have a large bearing surface 
on the top of a column, because the deflection of the girder causes nearly all the 
stress to pass down one side of the column, thus producing a bending moment. This 
may be avoided by having a small bearing surface at the top of the column, but 
then it would be in the condition of being fixed at the lower end and rounded at the 
top, and the value of a in Gordon’s formula would be 
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d — 4 inches, 

t = 0*5 inch, 

rc = 8 tons. 

= 7T« (d-t) = TT% (4-|), 

= 5*5 square inches. 
Or using a table of areas of circles 

A = area of circle 4" diameter - area of circle 3" diameter, 

= 12*57 -7*07 = 5*5. 

Gordon’s Formula.—Hence, using Gordon’s formula, since 

a~wu'(J (f°r ends), 
8x5*5 

Rc ~ i , i . /1 2 0 \2 — ^^011S- 
1 + Four \~T~~) 

Fidler’s Formula.—Again, referring to Table V., p. 332, we find the 

value of n for a circular hollow column to be 3*1. The ratio of l to d is T|i>7 

therefore - = 3*1 x Tf-- = 93 (see p. 333). From Table V. we find the 
K l 

safe stress in tons per square inch. When — = 95 (the nearest to 93) the safe 
K 

stress is 3*66 tons per square inch. 

Hence 

Safe load = 5*5 x 3*66, 

= 20 tons. 

This is rather more strength than required, but looking to the uncertain 

nature of cast iron, and the possibility of flaws, this section is not too large. 
Since the actual load is 16*6, and according to Gordon’s formula the safe 

load is 20*7 tons with a maximum intensity of stress of 3*76 tons per square 

inch, the actual maximum intensity of stress will be 
16*6 

x 3*76 = 3*0 tons per square inch. 

Cast Iron Column. 

Example 16.—Find the safe load that can be placed on a cast iron 

column of H section of the following dimensions: Length 15 feet, width of 

flanges 6", width across the flanges 8", thickness of metal (flanges and 

web) 1". 
It will be found that the area of the web is half the area of the flanges 

together. Hence, referring to Table V. and p. 333, the proper value to take 

for n is 4*2, so that 
l 15x12 

Ratio - = —-— x 4*2 = 126. 
k 6 

If, therefore, the ends are supposed to be rounded, the safe stress per square 

inch is 0‘86 ton, and the safe load 
= (2x6 + 6xl)x 0*86 = 15*5 tons. 

But if the ends are supposed to be fixed, the safe stress would be 2*19 tons 

per square inch, Table V., and the safe load 39*4 tons. In practice it 

would not, however, be safe to rely on the ends being fixed unless special 

precautions are taken. 
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Timber Strut. 

Example 17.—Find the cross section of a rectangular strut of Riga 

fir 13' 6" long, and capable of withstanding safely a stress of 25 cwts., the 
ends being considered rounded. 

There are clearly any number of cross sections that will fulfil the given 

conditions. If it were required that the strut should contain the minimum 
quantity of wood, then the cross section would be a square and the side of 
the square could be found by means of Table VI. by a series of approxima¬ 
tions. But in practice one side of the scantling is generally determined to 

enable the strut to fit in with other work. In this example let it be assumed 
that one side of the cross section is to be 4" ; then 

„ . 13' 6" 
Ratio = —-rr,— = 40, 

4 

and, referring to Table VI., the safe stress per square inch 

= T06 cwt. 
Hence the other side required 

25 
; = 5*9". 

Or a cross section of 4" x 6; 
4 x 1-06 

would be suitable. 

Timber Strut. 

Example 18.—Find the cross section of a rectangular strut of Riga fir 
13' 6" long, and capable of withstanding safely a stress of 12 cwts. One side 

of the cross section is fixed at 4", the ratio - will be 40, and the ends are 
d 

supposed to be rounded. 

If the side to be found is greater than 4", the safe stress per square inch 

will be as in the last example = TO6 cwt., the side required is 

12 
“4x 1-06 = 2-8 ‘ 

The side to be found is therefore smaller than the given side, and the 

ratio is therefore greater than 40, so that the safe stress must be less than 

TO6 cwt. per square inch. In other words, the required side must be greater 
than 2*8" and must also be less than 4". 

In a case like the present we must proceed by a series of approximations. 
Assume that the required side is 3-|", then 

^ 13'6" 
Ratio = =50, 

safe stress = 0*60 cwt. per square inch, and therefore the safe stress the strut 
can withstand 

= 0*66 x 3£ x 4 = 8*6 cwts. 

The side is therefore still too small, therefore assume 3f" as the required 
side, then 

„ . 13'6" 
Ratio = -3— = 43, 

6t 
and safe stress = 0’9 2 cwt. per square inch. 

Hence total safe stress 

0*92 x 3f x 4 = 13*8 cwts. 

Therefore, according to the calculations, a cross section of 3|" x 4" is 

rather stronger than necessary, but in practice it would be a suitable section. 
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Wrought Iron Strut. 

Example 19.—Design a wrought iron strut of the form shown in Fig. 
177 to bear a stress of 1*69 ton, the length being 2'11". 

In struts of this form it can always be arranged to make the tendency of 

the strut to bend as a whole less than the tendency of the sides to bend 
between the distance pieces,1 or in other words, such a strut will tend to fail 
as indicated in Fig. 178. The strength of such struts will therefore to a large 

Fig. 177. 

extent depend on the number of distance pieces used.2 * Clearly the portions 

of each side bar between two distance pieces (such as ab, Fig. 178) can be 

looked upon as a long compression bar hinged at the ends. 

A simple way of designing such struts is to assume some convenient cross 

section for the flat bar iron forming the sides, and then to calculate how far 
apart the distance pieces can safely be placed. 

Fig. 178. 

In this example the stress is small, and therefore very small side bars 

will probably suffice. 
For instance, assume If" x as the cross section of each side bar. Then, 

as each has to bear half the stress or 0’85 ton, the intensity of stress will be 
0-85 . 1 

= y-o—3 = 1*3 ton per square inch. 

On referring to Table V. it will be seen that this intensity of stress 
corresponds to a ratio of 135. Hence, since n= 3*5 for a rectangular cross 

section, maximum safe distance between distance pieces 

o 135 

= txF5=14'5 

One distance piece is therefore hardly sufficient, and it would be better 

to use two, as shown in Fig. 179. 

1 The student is recommended to test this statement in the present case by 

taking the value of ?i = 3*0 from Table V. 
2 Within the limits of the strength of the strut as a whole, which it will be safer 

to consider as hinged at the ends in either plane of flexure. 
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The cross section of the side bars might, however, with advantage be 
increased (if" being rather narrow) say to 2", then intensity of stress 

0*85 
3 = IT3 ton per square inch. 

2 x o 
Whence ratio = 147, and maximum distance between distance pieces 

147 
x —15*7". _ 3 ” ¥ 3*5 

T Iron Principal of a Roof. 

Example 20.—The T non principal of a roof is subject to direct compres¬ 
sion only. The portions between the supports are 10*8 feet long, and the stress 
is 7-83 tons. Find a suitable section for the T iron (see Example 42, p. 209). 

The purlins are supposed to be placed at the joints of the roof; the 
principal is therefore only subject to direct compression and not to any bend¬ 

ing stress, as would be the case were the purlins distributed along its length. 

In this case, therefore, a section of T iron in which the stem is about equal 
to the table will be the best. 

Now in a roof of this size the principal would be made of a single T iron 

from wall plate to ridge, and on referring to Table H, p. 213, it will be seen 

that the upper part (DC) of the principal has less stress to bear than the lower 

part AD (Fig. 373), so that the upper part assists the lower part to resist 

buckling. Moreover, the purlin tends to “ fix ” the principal at D. The 

lower end (A) of the principal can, however, only be regarded as “ rounded.” 
On the whole, therefore, the principal from A to D can be regarded as a long 

column with one end “ fixed ” and the other “ rounded,” and the safe stress 
taken as the mean. 

Try in the first instance a section 4j" x 4" x From p. 333 we 
obtain 4*9 as a sufficiently accurate value for n. Then from Table V. 

„ I 10*8 x 12 
Ratio 7 =---x 4*9 = 158*7. 

k 4 

Safe stress = |-(0*98 + 2*14) = 1*56 ton per square inch. 

Total safe stress = 1*56 x (4 -f 4)i, 
= 6*3 tons. 

Next try the section 4£" x 4|" x Then 

" l KT8xl2 
Ratio 7 =-—— x 4*9 = 141. 

k 4*5 

Safe stress = 1*86 ton per square inch. 
Total safe stress = 1*86 x (4 + 4£)£, 

= 7*9 tons, 
which will just do. 

Comparison with MoleswortK s Tables.— On referring to the Table for 
trussed rafter roofs in Molesworth’s Pocket-Book of Engineering Formula, it 
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will be found that the section of the principal is given as 3J" x 3 x The 
roofs referred td in the above Table are of the same kind and shape as the 
one in which the stresses are found in Example 42, and the rise (-| span) 

and camber of tie-rod are the same as assumed in the example. On the 

other hand, however, as stated in Moles worth’s Pocket-Book, in the Table 

the trusses are supposed to be 6 feet 8 inches apart, whereas in the example 
they were taken as being 8 feet apart; and although not stated, it is probable 

that the covering on the roofs in the Table is corrugated iron or zinc, whereas 

in the example the roof-covering is countess slates on boarding. 

It will be interesting to investigate this a little more closely. 

Now, on referring to Example 42, Table H, it will be seen that the stress 
in the principal (AD) due to roof-covering, etc., and snow is 4*45 tons, and 
on referring to p. 209 it will be further seen that this stress is due to a load 
of 20*2 lbs. per square foot of roof surface. If the roof-covering is altered 
to corrugated iron the load will be reduced by about 8 lbs. per square foot 

(see Table XIII.), or say to 12*2 lbs. per square foot. The stress of 4*45 

tons will therefore be reduced to 
12*2 

4*45 x —— = 2-68 tons, 
20*2 5 

and accordingly the total stress in the principal will be reduced from 7*83 

tons to 
7*83 - 4*45 + 2*68 = 6*06 tons, 

and diminishing the distance apart of the trusses from 8 feet to 6 feet 8 

inches will further reduce the stress to 
q'q" 

6*06 x -ttt77= 5*05 tons. 
8 0 

We have now to find what stress a T iron principal 10*8 feet long and 
3^ x 3 x cross section can bear. 

As before, 

Ratio = - 
10*8 x 12 

•x 4*9 = 212. 

Safe stress per square inch= 1*01 ton. 

Total safe stress = 1 *01 x (3 + 3)J, 
= 3 tons. 

From the above it appears that it would be wiser to use the stronger 

section obtained by the calculations on p. 120, at any rate for important roofs 

and in exposed situations, where full allowance for wind pressure ought to 

be made. 
Comparison with Hurst's Table.—In Hurst’s Pocket-Book 4|-" x 3~" x 

are given as the dimensions for the principals for a trussed rafter roof 40 feet 
span, rise | span, and camber of tie-rod ^ span, covering countess slates on 

boards. Distance apart of trusses, 6 feet. 
Now in this case the length of the principal rafter from A to D (Fig. 360) 

is 11*7 feet, so that 
11*7 x 12 

Ratio = —7TT-x 4*9 = 196. 
3*5 

Safe stress per square inch= 1*12. 
Total safe stress = (4*5 + 3)|- x 1*12, 

= 4*8 tons nearly, 

which would be almost enough for a corrugated iron covering. 



Chapter VII. 

JOINTS AND CONNECTIONS. 

A GREAT variety of joints for connecting the various members 
of wooden and iron structures have been described in Parts I. 

and II. It is proposed to show in this Part how to determine the 
dimensions of the various portions of a joint when the stress to be 
borne is known. 

Riveted joints are principally used for built-up wrought iron 
beams and roofs, but occasionally pin joints are employed. In 
roofs, screw connections, cotter joints, and pin connections are 
used, and these will also be described in this chapter. 

Points to be observed in making Joints. 

These are as follows :— 

1. The members of the structure connected together should be 
weakened as little as possible. They are liable to be weakened, 
as will be seen in the sequel, either by cutting away material (for 
instance, a minus screw thread), or by the design of the joint being 
such as not to transmit the stress uniformly over the cross section. 

2. Each part of the joint should be proportioned to the stress 
it has to bear. 

3. Abutting surfaces in compression should be placed as 
nearly as possible perpendicular to the stress. 

RIVETED JOINTS. 

The manner in which these joints are made and the technical 
names given to them were dealt with in Part I., and it there¬ 
fore only remains to show how the strength of such joints can 
be calculated. 

We will first consider riveted joints in tension. 

Riveted Joints in Tension. 

Lap Joint.—Starting with a single lap joint with only one 
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rivet, as shown 
to fail— 

1. By one or 
tearing across, Fig. 

in Fig. 180, it is clear that this joint is liable 

both 
181. 

bars 

2. By the rivet cutting 
into the metal of the bar, or by 
the bar cutting into the rivet, R 
according to which metal is the 
softer, Fig. 182. 

3. By the rivet being 
sheared, Fig. 183 (single shear 
in this case). 

4. By the rivet shearing 
a piece out of the bar, Fig. 
1 84. 

Let t be the thickness, b 
the breadth of the bar, and cl 
the diameter of the clenched 
rivet and of the rivet-hole,1 also 

the tension in the bar, rt the 
working resistance per 
square inch in tension = 
5 tons. 

1. To guard against 
the first manner of failing 

Fig. 180. 

Fig. 182. 

L 

Fig. 183. 

R* = (& - d)trt (63). 
2. The resistance to 

bearing T& has been found 
by experiment to vary as FlS* 184* 

the thickness and as the diameter of the rivet, that is, as td; so 
that if rb is the safe resistance to bearing per square inch 

Tb = tdrb . . . (64). 
The value of rb of course depends on the quality of the iron 
employed, but it is usually safe to take it as 8 tons per square inch. 

3. The resistance of the rivet.to shearing Ts varies as the area 
of the cross section of the rivet, namely 0,hl8d2} therefore 

Ts=0-78d2xrs . . . (65). 
rs can be taken at 4 tons per square inch. 

4. To guard against the fourth manner of failing, the lap 
should be sufficient to prevent the piece of the bar shearing out. 

1 See p. 136. 
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Two surfaces have to be sheared, each having an area of t x - 
2 

(where l is the lap) and the resistance to shearing is therefore 

Ts = 2tx ~xrs) 

= tlr, .... (66). 

The joint should be so arranged that Tb, Ts, and T/ are each 
greater than T, so that the metal of the tension bar may be sub¬ 
jected to the full, safe, tensile stress it is capable of resisting; that 
is, the joint itself must not be less strong but a little stronger 
than the tension bar . to be connected. 

Example 21.—As an example assume 

b— 1*4 , t = 4 , d- 
Then 

¥■ 

Rt = (l*4 - 0-75)| x 5 = 1-62 ton. 

T& = ^ x | x 8 — 3*0 tons. 
Tg = 6*78 x (f)2 x4 = 1*76 ton. 

By putting T/= 1*62 ton we get the least value of Z, namely 
1*62 _ 1*62 

l~~it 2~’ 

= 0’81 inch. 

Practically, however, a lap of only O'81 inch is quite insufficient, because 

the rivet holes would be much too close to the end of the bar, from a manufac¬ 

turing point of view. In the present case the lap should be 
2 x 1 \ x d — 2£ inches 

(see p. 136). 
Single riveted lap joint.—The equations already deduced can be easily 

applied to the case of the joint shown in Fig. 185, thus 
Rt = (b- 3d)trt, 

Tft = Z(3d)rb, 
Ts = 3(0*78d2>v 

Fig. 185. Fig. 186. 

Double riveted lap joint.—And similarly for the joint shown in Fig. 186. 

R* = (6 - 3d)trt, 

T& = t(6d)rb, 

T,= 6(0*78cZ2)rg. 

Butt joint with single cover plate.—The joint shown in Pig. 
187, with a single cover plate, can be looked upon as two joints 
like that shown in Fig. 185 put close together, and the equations 
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for that joint will therefore be applicable. Clearly the cover plate 
should have at least the same thickness as the plates to be 
joined.1 

The double-riveted single 
cover joint shown in Fig. 188 
can be calculated from the 
equations for the joint shown 
in Fig. 1 86. 

In the above it has been 
assumed, in finding the resist-_1 ■■■■'["> - t_ 
ance to tearing of the bars, O'1"" O ' p 
that the tensile stress was Fl&* 187, 
uniformly distributed over the cross section. A glance at Figs. 

QQ 00 / 
0* 0* 00 / 

z O Ql 

<-, fTTT »_, 
L~. * 

Fig. 188. 

189 and 190 will, however, show that this assumption is not 

Fig. 189. Fig. 190. 

warranted, and that the strength of the bar is less than cal¬ 
culated, the tendency of the stress being to draw the bars into 
the position shown. This is one of the cases mentioned at p. 
108, in which the stress is not transmitted down the centre of 
the bar, and an allowance should be made; but the values of Tb 
and T5 are not affected. 

Butt joint with double cover plate.—This reduction in the 
strength of a tie-bar can be avoided by using two cover plates, as 
shown in Fig. 191 ; which arrangement clearly allows of the stress 
being uniformly distributed. As regards the thickness of the cover 
plates, each should have at least half2 the thickness of the plates 

1 Prof. Unwin says that a single cover plate should be 1J the thickness of the 
plates joined, at least in boiler work.—Machine Design. 

2 Prof. Unwin says §, at least in boiler work. 
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to be joined; the resistances of the covers to tearing and to bear¬ 
ing will then be at least 
equal to those of the 
plates. It is to be ob¬ 
served that the shearing 
resistance of the rivets is 
doubled by the use of two 
cover plates, because each 
rivet has to shear along 
two sections instead of only 
along one, as shown in Fig. 

r \.-...✓p t , 

)r—1 

192. 

Fig. 191. 
vvs 

These rivets are said to be in “ double shear/'1 

wmmmwmmw.w/m- 

Fig. 192. 

Joint,Fig. 191.—The equations to find the strength of this joint are therefore 

Ilt = (b - 3d)trt, 
T& == t(3d)rb, 
Ts= 6(0*78 d2)rs. 

Comparing the joint shown in Fig. 193 with that shown in 
Fig. 194 it will be seen that, 
other things being equal, the 
first weakens the plates more 
than the second does, but 
that they have the same 
bearing resistance and the 

© O i © © 
O O i OO 

7 

©O | OO 1 
Fig. 193. 

same resistance to shearing. 
The joint shown in Fig. 

195 has the same bearing 
and shearing resistance as 
the two above, but weakens 
the plates by only one rivet 
hole. 

Considering a section 
AA, the plate is weakened 
by two rivet holes be, but be¬ 
fore it can tear across this 
section, the first or leading 

19o# rivet a must fail by shearing 
or bearing, which practically makes up the difference : so that this 

1 Some experiments show that the resistance to shearing on two sections is about 
l less than double the resistance on one section. 
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section is as strong as the one through the leading rivet. Similarly, 
the section through the three rivets def is stronger than the two 
first, there being three rivets abc to fail as above, to set against the 
weakening due to two rivet holes. It should, however, be noticed 
that the cover plates should be made thicker than half the thick¬ 
ness of the plates, since their section is reduced by three rivet holes. 

Joint, Fig. 195.—The equations for this joint are therefore 

R$ = (6 - d)trt, 
Tft = t{6d)rb, 
Tg = 2 x 6(0*78d2)rs, 

and the thickness t' of each of the cover plates can be found from 

Rf=2(&-3d5«Vt, 
or 

Joint, Fig. 196.—These equations also apply to the joint shown m Fig. 

y~ ©2 X© ^ 
0 

x 
n° 
°© 

©x© 
©° y 

Fig. 196. 

196 except as regards the cover plates. The upper plate, in which there is 
no joint, acts simply as a distance piece, and does not affect the resistance to 
shearing, or to bearing, of the rivets. But the lower cover plate now trans¬ 
mits more stress than the upper one, as shown by the arrows, and should 
therefore be made thicker ; in the present case very nearly in the proportion 
1 _2 

I” P 
so that \t' and §1' are the proper thicknesses to give to the top and 

bottom cover plates respectively. There is, however, a danger, when carry¬ 
ing out the work, of transposing the cover plates, so that in practice both are 
made of equal thickness, and usually of the same thickness as the plates to 
be jointed, so as to be on the side of safety. 

General Formulae for riveted Joints other than grouped Joints. 

The student ought to have no difficulty in deducing from the 
foregoing the following general formulae for riveted joints (other 

than grouped joints). 
Let Rt be the tensile stress to be borne by the tension bar 

(denoted by R, in the previous equations). 
a the number of rivets required for resistance to bearing. 
0 the number of rivets required for resistance to shearing. 
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s the number of sections at which each rivet tends to shear 
(i.e. s = 1 for lap and single cover joints, and 5=2 for double 
cover joints). 

k the number of rivets in the first or outermost row, that is, 
the number of rivet holes by which the tension bar is weakened. 

b the breadth of the bar. 

t the thickness of the bar and also of the cover plates. 
d the diameter of rivet holes. 

Then = rt. (6 - led)t . 

_A_ 
a r^td’ 

_rt b- Jed 

n * d 

rt-__ 
1 rs x sx 0'78d2’ 

_ Tt (b - led) t 
= ^ ‘ 0*78sd? ‘ 

(67) . 

(68) . 

(69). 

Whichever is greater, a or /?, must be adopted as the number 
of rivets in the joint. 

The calculations connected with the above are much shortened 
by the use of Table VIII. 

Double-cover Riveted Joint. 

Example 22.—Design a double-cover riveted joint similar to Fig. 195, 
the plates to be joined being 9" broad and |-" thick. 

We have 
s=2, 

Jc= 1, 
6 = 9, 

and from the practical rules for Eiveted Joints, p. 136, 

Hence from (68) ,= 5 

/J_ 1 6 
a ~ TIP 

1 v 1 5 1 x TJ 
1 5 
IF 

= 6 nearly. 

o_ 5 ._(9 ~ tt)I~ 

‘ ^ (0*78 x 2 x (d•|-)2, 
= 4 nearly. 

Each side of the joiut must therefore contain six rivets. On reference 

to p. 136, it will be seen that the minimum pitch ought to be 2^" ; thus only 

three rivets can be placed in one row across the width of the bar. Hence 

the required joint will be as shown in Fig. 197. 

With the aid of Table VIII. the result can be obtained more quickly as- 
follows :— 

The resistance to bearing of one rivet in plates is 4’7 tons, and 
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the resistance to double shear is 2 x 2’76 = 5-52 tons. The number required 
for bearing must therefore be adopted. This number is 

— ^ ~ ^ xJM 
4.7 4-7 ’ 

= 6, nearly, as before. 

0 
©s 

Q© 

N / 

©Q© 

\ 
Q© P 1 

Fig. 197. 

Formulae for Grouped Joints. 

We have next to consider “grouped” joints (see p. 93, 
Part I.) 

Equations for Joints with three Plates. For Shearing.—Taking a 

r Q-.--P Q Q Q p... 
j: 

wro C7. 
A BCD E 

Fig. 198. 

1 i LJ_L S LI I 
ri= ! ! ! La“ r —s 
Lr—1 

■.1 | p1- —~r 
1 - 1-1- 1 i ! a 

Fig. 199. 

simple case of three plates joined together as shown in Fig. 198, we see that 
the joint can fail by the shearing of all the rivets, as indicated in Fig. 199. 

Let be the number of rivets in each end group (i.e. between A and B 

and D and E); n2 be the number of rivets between the joints (i.e. between 

B and C and C and D); t the thickness of the plates, and t2 the thickness 
of the covers. 

Then it is clear that the number of rivets sheared through, if the joint 
were to fail as above, is 

2 nx + 2 n2, 
and therefore 

HT = (2n1 + 2n2)0^8d2rs . . . (70). 
For bearing.—The joint might also fail by the rivets cutting into the 

plates, as shown in Fig. 200. From A to B the resistance to bearing is 

nx x 3 tdrb, 

and from B to C it is 

and from C to D 

So that altogether 

B.C.—IV. 

n2 x 2 tdr^y 

n2 x tdrjj. 

Bt = (3nx + 3 n2)dtrb (71). 
K 
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Prom Equations 70 and 71 the total number of rivets required can be 
obtained. Two values will be found for 2 (nx + n2), one being the number of 

/ contact with rivet 
Separation between 
End of plates. 

Fig. 200. 

rivets required for shearing, and the other the number required for bearing; 
the larger value is to be taken. 

So far we have only found the sum of 2?ix + 2n21 and to obtain nx and 

n2 separately we must consider two other ways in which the joint may fail. 

-O—O—O. -0-0- 

jr- m 1 1 ! 1 1 
c 1 • 1 ! j j i 1 ; ' 'ili J 
T..- J lLt^ .... 1 ..) i-LJ 1—11 . ...r 

tro xrO^TCr 

Fig. 201. 

Failing as in Fig. 201.—In the first place it may fail as shown in Fig. 

201, by the rivets between B and D shearing and the cover plates tearing 

across at B and D'. 

The resistance to tearing of the cover plates is, if nz is the number of 
rivets to be deducted, 

2 x (6 - n3d)t2rt. 

depends on the width of the plates and on the pitch 

of the rivets ; for instance, with 10" plates and 3" pitch, 
would be 3, as shown in Fig. 202. 

The resistance to shearing <Jf the rivets between B 
and D' is 

2n2 x 078d2rs, 
so that 

Rt = 2(b - n3d)t2rt + 2n2 x 078d2rs . (72). 

It must now be determined what value should be 

given to t2. On referring to p. 127 it will be seen that 

when two plates have to be joined, the cover plate 

nearest the joint should be made \t thick, and by the same reasoning it will 
appear that for three plates 

t2 = fs. 
We can therefore find the value of n2 from equation 72, and hence the 

value of nr 

Practically, as already mentioned, it is usual to make £2=7, but this will 
not affect the above calculations. 

Cutting into covers and plates.—The joint can also fail by the rivets cutting 
into the covers between A and B, and into the plates between B and D. 

The resistance to bearing of the covers between A and B is 

2^2^, 

The value of n3 
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and the resistance of the plates to bearing between B and D is 

2n2tdrb -f n2tdrb (see p. 129). 

So that, assuming as before t2 — t, 

Kt = (2n1 + Sn2)tdrb . . . (73). 

It is only necessary to see that the values already obtained for nx and n2 

are sufficient to give the bearing resistance required by this equation. 

On the whole, therefore, the strength of a grouped joint with three 
plates can be calculated from the four equations 70, 71, 72, and 73. 

Similar equations would be obtained whatever the number of plates to be 

joined, and the following are the general equations which the student should 
check by working out several cases. 

General Equations.—Let N be the number of plates on each side of the 
joint which are to be connected, then 
for shearing (see 70) 

El = {+ (N - 1)»2}0-78d2 rs . . (74), 

for bearing (see 71) 

Bt = ~ { 2rq + (N - 1 )n2 | dtrb . . (75), 

for tearing of covers and shearing (see 72) 

Bt = 2(6 - n8d)t2rt + (N - 1>2 x 0 *7 8d2rs . (76), 

for bearing on plates and covers (see 73) 

RT = | 2nx + ^(N - 1)W2 | dtrb . . (77). 

The total number of rivets is evidently 

2n1 + (N-1 )n2.(77a). 

These equations can be solved very simply by the use of 
Table VIII., as will appear from the following example. 

Double-cover Grouped Joint. 

Example 23.—Design a double-cover grouped joint to connect four plates, 

each 9" x f", the end group of rivets being so arranged as to only weaken 

the plates by one rivet hole. 

Preliminaries.—Let d— 1-^- inch, which is the usual size of rivet for f" 
plates, and let rt = 5 tons, rb = 8 tons, and rs = 4 tons. 

Then 

RT = 4(9-l£)fx5, 
= 118 tons. 

Now from Table VIII. 
0-78d2rs=: 3*98 tons, 

dtrb = 6'75 „ 

N 
-dtrb= 13-50 „ 

Clearly, therefore, a greater number of rivets are required for shearing 
than for bearing. 

Hence, from Equation 74 
118 
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We must now apply Equation 76. Following the same reasoning as at 
p. 127 it will be seen that for four plates 

4 

Hence assuming n3 = 3 we have (76) 

118 = 2 (9-3 x l£) x f x 5 + Zn2 x 4, 
whence 

118-34 

12 
= 7. 

The arrangement shown in Fig. 203 only gives n2 = 6, but is near enough, 

/ ^.QIOO 
O^OiQQ 
\ yQiao 
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Fig. 203. 

considering that the safe resistances assumed for bearing and shearing are 

rather low. Moreover, in practice t2 would be made equal to t. Substituting 
this value (6) for n2 in equation 78, 

2wx = 29-6-3x 6, 

= 11*6. 

nl= 5*8. 

Six rivets therefore will do. 

Substituting these values of nx and n2 in Equation 77 we find 

Rt = (2 x 6 + |x 3 x 6)6*74, 

= 323*5 tons, 

so that there is no fear of the joint failing in the fourth manner. 
The joint is shown in Fig. 203. 

Double-cover Grouped Joint for Plate Girder. 

Example 24.—Design the right-hand joint for the lower boom of the 
plate girder shown in Fig. 259 and Plate A. 

On referring to Example 36 it will be seen that the plates to be joined 

are two in number, and that they are 9" wide and thick ; and further 

that f" rivets are used. 

Owing to the angle irons connecting the booms to the web, only two rows 

of rivets can be used, so that n<> = 2. 

Take 

rt — 5 tons per square inch, 

8 „ „ 

rs — 4 » j y 

From Table VIII. it appears that for f" rivets 

resistance to shearing = 1*77 ton, 

resistance to bearing in •§" plate = 2 *2 tons, 
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■dtrjj = 2*2 tons. 

Hence a less number of rivets are required for bearing than for shearing. 

Now since two rivets have to be deducted 

Rt=2x(9 —2xf)f x5, 
== 28*2 tons. 

Hence total number of rivets required for shearing 

28-2 

1*7 
= 16. 

Applying Equation 7 6 we find, remembering that for two plates t2 = 

28*2 = 2(9 - 2 x f)§ x x 5 + n2 x 1*77, 
28-2- 18-75 ko . 

••• ™2 =-P77-= 5'3 nearly. 

And since n3 = 2, three rows of rivets will be required in the length of half 

the joint. 
Lastly, since from (77a) 

2nx + w2 = 16, 

.-. n. = 5-35, 

so that three rows must be used. 
In practice, however, t2 would be made equal to t, and the above calcula¬ 

tions would be modified as follows— 

28*2 = 2(9-2 x|)fx 5+?i2x 1-77, 
28-2- 28-2 ^ 

•'•W2= i.y7 =0- 

This appears to be an absurd result, but since there are only two plates 
to be joined, and the cover plates are made of equal thickness to the plates, 

"T“ 
cj (j y 

um U)) La 

/a-=i 
Fig. 204. 

(—-7— 
1 Rivets U pitch /'LA. Wrapper 8x8k3/£ 

@000 @—-a^~@ \@> © i 

■' ■■■ ~ .. ■■ 
4-^^-i&T -^^^^^ 

<r 

Fig. 205. 

it follows that the covers are able to transmit the stress without the help of 

any rivets between the joints. In practice, however, this would be a bad 

construction, and a couple of rows of rivets would probably be used, as shown 

in Figs. 204 and 205. 
On referring to Example 36 it will be seen that one of the covers can be 
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formed by extending one of the plates of the booms ; the other cover can 

be added in the usual way, and the angle irons can be cranked over it as 

shown in Tig. 259 (an objectionable arrangement), or the upper cover can be 

formed by angle wrappers as shown in Fig. 206. 

Oblique riveted joints.—So far we have 
only considered riveted joints connecting plates 
placed in prolongation one of another, but 
clearly the same rules are applicable when one 
plate, or set of plates, is placed at an angle to 
the others as shown in Fig. 207. 

Example 25.—Thus, taking the dimensions given in Fig. 207 and 

deducting two rivets, we have, assuming rt — 5 tons—r& = 8 tons—and rs = 4 

tons, Rt = (0 - 2 x f)£ x 5, 

= 11 *25 tons. 

If a is the number of rivets for bearing— 

axjxfx 8 = 11*25, 

a = 4 nearly. 

And if is the number of rivets for shearing— 

/3 x 0'78(f)2 x 4 = 11*25, 

/3 — 6*3 nearly. 

So that the joint is weaker in shearing than in bearing. 

Using Table YIII. we find resistance to bearing of one rivet 

= 3-0 tons. 

Resistance to shearing of one rivet 

= 1-77 ton. 
Therefore number of rivets required 

-“25-e* 
1-77 

as before, and six rivets will do. 

It might be objected that, in calculating RT, only one rivet should be 

deducted to obtain the effective cross section of the tension bar, but it will 
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be observed that the leading rivet is much nearer to one edge of the bar than 

to the other, and therefore weakens the bar by more than one rivet hole, as 
explained at p. 126. Professor Reilly has treated this subject at some length 

in a paper published in Vol. XXIX. Minutes Proceedings of the Institution 

of Civil Engineers, and shows that a similar faulty arrangement of rivets, 

though of frequent occurrence in practice, will increase the intensity of stress 

on one side of the bar by as much as 26 per cent. Professor Reilly not only 
recommends that the leading rivet should be placed on the centre line of the 

bar, but also that all the rivets be placed symmetrically about the central line, or 

at any rate that the centre of gravity of the rivets lie on the central line, which 
he calls the mean fibre. Thus arranged, the joint we have just calculated 

would be as shown in Fig. 209. Only one rivet need now be deducted, 

so that 
RT = (6-f)ix5, 

= 13T tons, 

and 
P 1-77 7 nearly. 

The rivets are rather numerous, and it would be better therefore to use 

larger ones. Re-calculating with f" rivets we find 

Rt = (6 - !)£ x 
= 12 *8 tons. 

And from Table VIII. 
Resistance to bearing = 3*50 tons. 

Resistance to shearing = 2*4 „ 

Therefore 

12‘8 K.Q a = ——— =5 3. 
2*4 

Five or six rivets ought therefore to be used, and with six rivets the 

arrangement of the joint would be as shown in Fig. 210. 

Riveted Joints in Compression. 

At one time it was considered that the compression stress 
was transmitted across the joint by the plates abutting against 
each other, and such would be the case if the joints were perfectly 
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fitted; the rivets would then transmit no stress, and their only 
function would be to hold the plates together. Such fitting 
cannot, however, be ensured in practice, and it is therefore 
assumed that the whole stress is transmitted by the rivets, and 
the calculations are in no wise different from those required for 
tension joints. The following points, however, should be ob¬ 
served— 

1. No deduction is to be made for rivet holes, as the metal of 
rivet completely fills up the hole and passes on the stress. 

2. The longitudinal pitch of the rivets sometimes requires to 
be less than in tension joints, or the plates might buckle between 
the rivets as shown in Fig. 211. 

Dimensions for Riveted Joints. 

Diameter of rivet holes.—If t is the thickness of the thickest plate to be 

jointed— 

Fairbairn’s rule : d — 2t for plates under thick, 

d — ^t „ thick and over. 

Unwind rule : d —P 2 Jt. 

Pitch of rivets.—Minimum pitch of rivets = 2 x d; minimum distance1 of 

centre of rivet hole from edge of plate = 1^ d. 

The pitch of rivets in girder work usually varies from 3 to 5 inches, 
but it should not exceed 10 to 12 times the thickness of a single plate, as 
otherwise damp may get in between the plates and cause rust, which in time 
swells and bursts them asunder2; 4" is a common pitch for girder work. 
The pitch is sometimes made greater in the tension than in the compression 

flange. 

Note upon the Difference between the Figured and Actual 

Sizes of Rivets and Rivet Holes. 

In the calculations given above, the rivets and the rivet holes are assumed 

to be of exactly the sizes shown or figured upon the drawings. 

In the actual work, however, neither the rivets nor the rivet holes are 

of the sizes shown upon the drawings. 

Iron rivets.—To begin with, the rivet as purchased is generally inch 

smaller diameter than its nominal size—that is, a so-called 4 inch rivet would 
be inch in diameter. 

When, however, the rivet is heated and clenched it will, if the work be 

1 TV" to should be added in the case of thick plates and rivets. 2 Stoney. 
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properly done, very nearly1 fill the hole, and the hole will be found to be 
considerably larger than the nominal size of the rivet, especially in the case 

of punched holes. 

Punched holes in iron plates.—When a hole is punched in a plate the 

diameter of the punch is generally inch larger than that of the rivet that 

is’to go into the hole, and then again the die is larger, in proportion to the 

thickness of the plate, than the punch. 

This results in the punched holes being larger at the lower surface of the 
plate than at the upper, and the actual diameter of the holes is from 10 to 20 

per cent larger than the nominal diameter of the rivets.2 
Strength of iron rivets in punched holes in iron plates.—It will be seen, 

therefore, that the rivets filling punched holes will have a considerably larger 
shearing area than the rivets shown in the drawings. 

If rivets of the figured sizes are strong enough to withstand the calculated 

stress, then the actual rivets in the work will evidently be unnecessarily strong, 
and their number might, so far as this point alone is concerned, be reduced. 

On the other hand, however, it must be borne in mind that the stress 

upon a riveted joint is not divided equally among all the rivets, as assumed 

in the calculations, but that in consequence of bad workmanship, and for other 

reasons (see p. 135), increased stress may come upon some of the rivets while 

others do not take their share. 
For this reason engineers sometimes add 10 to 20 per cent to the calculated 

number of rivets to make up for uneven stress. 

Thus on the one hand, though fewer rivets would be required in the work 

than those calculated, because the rivets as clenched are actually of larger 

sectional area, yet on the other hand more rivets would be required in order 
to make up for defective workmanship and consequent inequality of stress. 

Strength of actual riveted joint may be practically taken the same as figured. 

—The result is that these two causes affecting the number of rivets actually 
required as compared with those calculated may be considered to cancel one 
another,3 and there is no practical error involved in calculating the rivets 

according to their figured dimensions. This is the usual practice, and it is 

followed in these Notes. 
Punched holes in iron tension joints.—With regard to the deduction to be 

made for rivet holes in tension joints the case is somewhat different. The 

diameters of punched holes are, as mentioned above, from 10 to 15 per cent 

larger than the nominal size of the rivet, and in addition to this, in roughly 

punched work, the edges of the holes are somewhat torn, so that the effective 

1 “In order to get good riveted joints the rivet must be properly put in and must 
fill the hole when cold, but as a matter of fact this is really never the case, in conse¬ 
quence of the rivets contracting laterally when cooling. This is not so much the case 
with steel rivets, as they are or should be worked at a dull red heat. The most per¬ 
fect joint would be one in which drilled holes were used and the rivets turned and 
closed quite cold. Moberley, quoted in Stoney on the Theory of Stresses, p. 684. 

2 Stoney. 
3 There are other minor circumstances affecting both sides, e.g. rivet iron is gener¬ 

ally better than other iron, and might be subjected to a higher shearing stress. The 
friction between the plates assists the rivets ; on the other hand, an iron rivet 
sheared on two surfaces has not twice the resistance of one surface, but only 1 § times 

that resistance. 
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area of the plate is reduced by a width greater than that of the nominal 
diameter of the rivet. 

Mr. Stoney says : “ Probably the most accurate method for making an 
allowance for the injurious effect of punching would be to add a certain per¬ 

centage* say ~jj to ~ of its diameter, to each hole when calculating the effective 

net area of a punched plate. Mr. White (Director of Naval Construction) 

states that they were accustomed to allow 4 tons off the very best iron for 

punching—4 tons off 22 tons. Civil engineers, however, rarely make any 
similar allowance in riveted girder work, probably through inadvertence, or 

because the rivet holes are generally pitched farther apart in girders than in 
ships.”1 

It will be seen, therefore, that in the case of the holes as well as that of 

the rivets it is the usual practice to base the calculations upon the figured 

dimensions of the rivets, it being generally considered that the working 

stresses taken in practice are so low as to leave a sufficient margin to cover 

all extra stresses caused by enlarged holes, rough punching, injured plates, 
and other defects in workmanship. 

In some cases, however, engineers allow for the damage done to plates by 
punching, making a rough addition to the diameter deducted to cover this, 

e.g. in the case of a ■§ inch rivet they deduct an inch from the effective 
width for the plate. In all important tension joints this question should be 
carefully considered and some allowance of the kind made if considered 
necessary. 

Rimering out.—If the hole is punched about £ inch less than the required 

diameter, and this margin is afterwards bored out to the required diameter, 

the damaged metal is removed and no harm has been done by the punching. 

Drilled holes.—In the case of drilled holes their diameter is only about 

-gh- inch larger than the nominal diameter of the rivet. The edges round the 

hole are not damaged, so that there is no practical difference between the 

actual sizes of the holes and those figured for the rivets. 

Steel rivets fill the holes better than iron ones, because they are not so 

hot when clenched and contract less in cooling. 

PIN JOINTS. 

These joints are much used for connecting the various tie- 
bars of roofs to the other members, and examples can be seen on 
reference to Parts I. and II. Such joints are also occasionally 
used for open girder work. 

These joints are formed with links 
somewhat of the shape shown in Fig. 
212. A little consideration will show 
that this link is liable to fail by 

Fig. 212. tearing, as shown in the figure. The 

continuity in the fibres of B is interrupted by the hole for the 

1 Stoney in Theory of Stresses, p. 650. 
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pin P; moreover b is further liable to be split from the inside by 
P (if it is too small) bearing upon it, so that the intensity of 
stress over the cross sections cc is by no means uniformly distri¬ 
buted. However, the calculations that would be required on 

Shaler Smith. 
(hammered) Howard. 

Fig. 214. 

(hydraulic forged) 

Fig. 217. 

Sir Charles Fox. 

Fig. 218. 

the assumption that the stress is not uniformly distributed are 
far too difficult for this hook, and would certainly not be carried 
out in practice. We must therefore resort to experiments. 
Such experiments were made by Sir C. Fox, C.E., and more 
recently by Mr. David Kirkaldy, C.E., and by Mr. C. Shaler Smith 
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in America. Tigs. 213-220 give the shapes of links derived 
from these experiments, and also other shapes used in actual 
practice. It will be seen that there is a considerable diversity of 
opinion. In each of the cases shown, the various dimensions of 
the heads are given in terms of the width of the body of the link 
as the unit. On the whole, perhaps, the American experiments 
are the most reliable, and in these experiments the effect of the 
method of manufacture and of the proportion the diameter of the 
pin bears to the width of the bar was investigated. 

Table IX. embodies the results of these experiments, and we 
proceed to work out an example by its help. 

Pin Joint for Poof-Truss. 

Example 28.—Determine the dimensions required for the various parts 
of the joint shown in Figs. 219 and 
220. 

This is the joint at the point F 
of the roof worked out in Example 
42. From Table H, p. 213, we 

find that FA is subject to a stress 

of 7-83 tons, FG to 3*88 tons, 

FC to 4*13 tons, FD to 1*69 
tons. 

The dimensions of the strut have 

already been determined in Example 

19, p. 119, that of the tie-rod FA in 

Example 13, p. 108, and of the tie- 

rod FG in Example 27, p. 147 ; and 

it will be observed on referring to 
these Examples that 1-|" is the effect¬ 
ive diameter of the rod FA and that 
1"#0 is the effective diameter of the 
rod FG.1 

Pin bolt.—It will be seen that 

for the double eye of the tie-rod FA 

the pin has four shearing surfaces, 

but that there are only two shearing 

surfaces for the single eye of the 
Fig. 220. tie-rod FG. Clearly, therefore, the 

diameter of the pin will be regulated by the tension in the tie-rod with 

the single eye, namely 3*88 tons. Let d be the diameter of the pin, then 

since it is in double shear 

2 x 0*78d2 x r8= 3’88, 

1 The actual diameter 1^ is reduced by the screw in coupling. 
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.\ taking rs— 4 tons, we find 

d = 0 • 7 9 = nearly. 

Practically a J" pin would be used, as some allowance must be made for the 
pin not fitting tightly. Professor Unwin recommends as a full allowance 

that only |4hs of the shearing resistance should be reckoned on. This/wZZ 
allowance would require a pin diameter. 

Tie-Rod FG.—The eye at the end of the smaller tie-rod is shown in 
Fig. 222, and we have to determine three dimensions, viz. a, the thickness 

of the link ; b, the width at the back of the eye ; and c, the width of the 
sides. 

The dimension a has a minimum value depending on the bearing resistance 
of the eye which must be equal to 3*88 tons. Hence, taking the pin as 
diameter, 

a x £ x r& = 3*88. 
Or, taking = 5 tons,1 * * * 

3*88 x 8 

7x5 
= 0*88 inch. 

To allow for the pin not being quite tight it will be best to make a = 

1 inch. 

Referring now to Table IX. To use this Table we must first find the 
ratio diameter of pin d , . , . , , « „ „ , 
——-———— = - which is I--1 Vtt = 0*74. 
width of the bar a 5 

The nearest number given in the Table is 0*75, and we find 067 as the 

iber in column 2 of the T 

the effective area of the tie-rod, 

3 ’88 
number in column 2 of the Table. Hence, since -is 

’ 5 

ca x 5 
= 0-67, 

3-88 
. \ c = 052 inch. 

Next to find b ; for a hammered eye the cross section at the back of the 
eye is equal to the effective cross section of the tie-bar. Hence 

_ 3*88 

ha=— 

whence 
b = 078 inch = nearly. 

Tie Rod FA.—We next have to find the dimensions of the double eye 
of the larger tie-rod FA. Each half can be calculated as a single eye reckoning 

on half the stress. 
As before, to find a we have 

7 K 7‘83 
t x 5=_2~- 

Or 
a — 0'9. 

This is rather wide, and will make the joint look clumsy. To diminish 

a the diameter of the pin must be increased. Let, therefore, the pin be 

1 “ American engineers who have great experience in pin bearings . . . usually 
limit the bearing pressure to from 10,000 to 12,000 lbs. (4’46 to 5*36 tons) per square 
inch on the projected area of the pin, and this, no doubt, is a safe rule for pins.”— 

Stoney on Strains. 
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made 1" in diameter; this necessitates re-calculating for the previous 
eye. 

Eye of FG.—It will be found that for this eye 

3^88 

or say to allow for a loose pin. We now have 

diam. of pin d 

width of bar = a= 1 * = °‘84- 

This number does not appear in Table IX., but by interpolation we find 
that 0*7 is the corresponding number of column 2. Hence 

cax 5 
■ = •7, 

and 

c = 

3*88 

0*7 x 3*88 x 8 

5x7 
= 0*62, 

ba = 
3-88 

Whence 

Fig. 221. 

Elevation of Eye of FG. 

Fig. 222. 

Flan of Eye of FG. 

& = 0*9 inch. 
These dimensions are given in Fig. 221. 

Eye of FA..—Returning to the double eye we have for a pin 1 inch diameter 
1 K 7-83 

a x 1 x 5 =- 
2 ’ 

a = 0*78 inch. 

Or, allowing for a loose pin, each half of the double eye can be made 
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. . _ _ _ . diam. 
thick. But the ratio for each half of the double eye is 1 4- l|- = 0*73, 

width 

so that 
ca x 5 

i x 7*83' 

c = 0’6 inch. 

- = 0«67, 

Further ba¬ 
il x 7-83) 

.*. 6 = 0*9 inch, 

or very nearly the same dimensions as those found for the single eye. 
Practically the double eye would be of the form shown in Fig. 221, and the 
single eye also of the same shape. 

Rod FC.—There remains to be designed the double eye for the small 

tension-rod FC having a stress of 4*13 tons. In this case we have 

4*13 
a x 1 x 5 = —— 

2j 

or a — '413 inches. 

But as this thickness would be barely sufficient to make the arms of the 

jaw of equal strength to the body of the tie-rod, we will make a = A11 

increase of strength in this part will be judicious. 

If the diameter of the rod FC be taken as 1" as shown in Figs. 373, 374, 
n diam. of pin 

and the width of the arms of the jaw also 1", then =14-1 = 1, 

and the corresponding number in column 2, Table IX., is 0*75. Hence 

ca = 4—^ x 0*75 = 0-31 and c = 0*62. The total width of the eye will there- 
5x2 

fore be the same as that of the jaw shown in Fig. 221, which will do very well. 

The cross section at the back of the eye is as before equal to that of the 

tie-bar, or = *78 square inch—b therefore equals 0*78 or say ; but as it is 

not desirable to make minute alterations in the patterns of these eyes, we 

will take 6 = • 9", and the shape of the eye will then be similar to that in Fig. 

221. The complete jaw is shown in Fig. 224. 
Fig. 220 shows the complete joint. It is wide in the direction of the 

bolt, and therefore somewhat clumsy in appearance. It would be improved 

by taking a = f " instead of The student is recommended to try this. 
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Joints at Apex and Feet of Truss. 

Example 26a.—The connections at the apex and feet of the roof-truss are 
sometimes made by castings. 

These, however, are clumsy and unreliable, and apt to be broken in transit. 

As the principals are usually sent to their place of erection in parts (so 
as to avoid injury, and for convenience of carriage), it is better in the case of 
small roofs where there are not many principals to use bolts rather than 

rivets, because there would be so few rivets that it would not be economical 

to send a gang of workers with their forge and tools, and because with bolts 

under ordinary circumstances all the necessary work in erection can be done 

by a carpenter. 

For the roof, Fig. 373, p. 215. The rafter is a T iron 4-J x 4^ x and 

the stress it sustains = 7*83 tons (Table H, p. 213). 
7.83 

Taking rb— 5 tons, bearing area required for bolts = = T56 square 

inch. 
For such roofs it is better therefore to use bolts, and connections with 

bolts are shown in Figs. 225, 225a. That at the apex will now be calcu¬ 
lated. 

Joint at apex.—Assuming 1^" bolts, 

Bearing area of each bolt = £" x l^/' = ,62 inch. 

1*56 
Number of bolts required on each side of the connection = -— = 2*5, 

*D A 
say 3. 

As there will be a plate on each side of the T iron the bolts will be in double 

shear, and the shearing strength will not require investigation, as it will be 
very much in excess of what is required. 

The united thickness of the plates should be at least equal to the thick¬ 

ness of the stem of the T iron, i.e. ; but as it is better to make them a little 
in excess, in this case two plates each §" thick will do. 

Having calculated the joint for the T irons, the bars FC and CG (see Fig. 

373, p. 215) must be considered. The diameter of the bolts should first be 

calculated in proportion to the bars, as explained at p. 140, then the bearing 

area of the bolt on the connection plates investigated. If the thickness of 

plates calculated for the T irons is not sufficient, then the plates or the 
diameter of the bolts connecting FC and CG must be increased ; in this case 

the bars FC and CG are only diameter, arid it can be seen by inspection 
that the plates are amply thick. Fig. 225a shows the connection. 
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Joint at foot.—The shoe of the principal can also be made of wrought 
iron, as shown in Fig. 225. The stress and the bolts will be the same as 
at the apex. 

SCEEWS. 

Screws are of constant use in building construction in the 
shape of nuts and bolts, screw connectors, etc. 

The thread usually employed is that shown in Fig. 226; it 
will be observed that it is cut into the bolt or rod, and is therefore 
called a minus thread. The strength of the bolt or rod is thereby 

Minus thread 

Fig. 226. 

Plus thread 

Fig. 226a. 

weakened, and to obviate this loss what is called a plus thread is 
sometimes used, as shown in Fig. 226a. For such a thread the end 
of the bolt or rod has to be thickened by upsetting, and it is a 
matter for consideration, in each case, whether the saving in metal 
is worth the additional cost of cutting a plus thread. As a 
matter of fact their use is somewhat limited. 

The thread on the bolt is called a “ male ” thread, and the 
thread in the nut into which it fits is called a “female” 

thread. 
The resistance of the screw to being torn out of its nut 

depends on the resistance 
of the threads to being 
sheared off. With the V 
thread generally used in 
building construction, the 
area to be sheared is the 
surface area of a cylinder 
of height l and of diameter 
D (Fig. 227). D is the 
diameter of the bolt, taken 
at the bottom of the 
threads, and is called the 
effective diameter, and the ratio between D and d depends on the 

B.C.-IV. L 

<3-*---/.MW I ■ . 

Fig. 227. 
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pitch and the kind of thread employed. In the case of Whit¬ 
worth’s screws, which are in general nse in this country, the 
ratio is 

D = 0*9^ — 0‘06 . . . (79), 

which can also he written 
7 D + 0-06 

d = —— = 1*1 xD + 0‘07 nearly . (80), 

D and d being expressed in inches. 

Now the area of the cylinder, that is the shearing area 
required, is 

7tD X l. 

Hence Rs = irDl. rs. 

As regards the value to be given to rs, it is to be observed 
that the metal is weakened in cutting the thread, and for this 
reason Humber recommends a value of 2 tons to the square inch 
(instead of 4 tons, the usual value). Substituting for rs and D 
we get 

Rs = 7t(0*9c2— 0*06)Z x 2. 

Practical formula.—This equation will be found to reduce 
approximately to the following, which is a form suitable for prac¬ 
tical use— 

Es = (5*6^ — 0*4y . . . (81). 

Theoretically the resistance to stripping of the thread should 
be equal to the tensile resistance of the bolt. The latter is 

So that 

Rt = 

ttDV* 

4 

7rD2 

~~4~ * ' 

ttD lrv 

l 

= ^(0-9d-0-06). 

Substituting 5 tons for rt and 2 tons for rs and reducing, we 
find 

l = 0'56d — 0‘04 nearly . . (82). 

r 1 . d 
It thus appears that l requires to be rather more than - 

h 

The usual practice is to make l — d, which is a good, safe rule. 
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Screw of Tie-Rod. 

Example 27.—The tie-rod of a roof is subject to a stress of 3‘88 tons 
(see Example 42, p. 209), and is provided with a screw coupling as shown 
in Fig. 228. Find the diameter of the tie-rod and of the coupling. 

It will be noticed that one end of the coupling is cut with a left-handed 
thread and the other with a right-handed thread ; thus when the coupling 

is turned in one direction the tie-rod is drawn together, but is slackened off 
when the coupling is turned in the other direction. 

We must first find the effective diameter of the tie-rod. Referring to 
Equation 58, p. 106, it will be seen that 

R* — rt + 

77-D2 
3-88 = 5 + —, 

4 

™ 4 x 3‘88 
E — , 

5x7r 
or D = 1 -0 inch. 

Hence from Equation 80 

cl= IT x 1-0 + 0*07, 
= 1*17 = 1 nearly. 

Therefore following the rule l = d, the female screw in the coupling 
should be made 1T^- inch long. The length of screw thread to be cut on each 

half of the tie-rod depends on the amount of play desired ; under ordinary 

circumstances about 3 or 4 inches of screw on each will do, and consequently 

the least length of the coupling over all would be 6 or 8 inches. 

To find the outside diameter of the coupling theoretically required for 

strength, make the cross section of the coupling at A B equal to the effective 

cross section of the tie-rod. If d1 is the outside diameter of the coupling, then 

d* = IP + d* 

Or in this instance 
d* = (l-0)2 + (IT 7)2. 

Whence dx — T54 = 1 -j9^. 

Practically this diameter is quite insufficient, for a clearance must be 
allowed beyond the outer diameter of the thread, or the female screw could 

not be cut in the coupling ; the inner diameter of the coupling would there¬ 

fore have to be !■§. The thickness of metal would also be, say, ^ inch, 

making the outer diameter of the coupling 2|-, or 2 x d—a very proper 

proportion. 
The outer surface of the coupling would in practice be forged into an 

hexagonal form for convenience in screwing up. See Part I. p. 192. 
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A usual form of 

COTTER JOINTS. 

these joints is shown in Fig. 229 (see also 

Part I.) Such a joint tends 
to fail as follows— 

1. By shearing of the 
gib G and cotter C (double 
shear). 

2. By the cotter cutting 
into the tie-rod T. 

3. By the gib G cutting 
into the sleeve ss. 

Let k be the thickness of 
the cotter or of the gib bearing against the rod or the sleeve, and 
c the width1 of the gib and cotter; t the thickness of the flattened 
part of the rod, and tx the thickness of each side of the sleeve, then 

Rs = 2 kc x rs. 

For the rod RB = kt x r6. 
For the sleeve R'B = 2 ktx x rb. 

Moreover, the effective section of the flat part of the tie and 
of the sleeve must be proportioned to the resistance to tension of 
the tie-rod, namely Rr 

For a theoretical joint these resistances should each be equal 
to Et, hence 2kcrs = RT . . . (83), 

7ctrb = Et . . . (84), 
and clearly t = 2tx . . . (85). 

If the value of k is assumed, the remaining dimensions for a 
given value of RT can be found. 

Example 28.—The tie-rod of a roof is connected to the principal, 
and to the shoe at the abutments, by means of a cotter joint, as shown in 

Fig. 229. The tension in the tie-rod is 7’83 tons (see Example 42, p. 209, 

and Table H, p. 213). Find suitable dimensions for the cotter joint. 

Let /c = £", then from Equation 84, taking ?*& = 5 tons per square inch 

%xtx 5 = 7-83, 

whence £ = 3T inches. This is too large a value for t. It will therefore be 

necessary to take a larger value for 7c, for instance 1 inch, then 

7-83 x 1 
t-- 1*56. 

Practically lj" will do. Hence (85) 

*1-5-1" 2 
2 x 1 x c x 4 — 7-83, 

c — 1 inch nearly. 

A taper of 1 in 24 to 1 in 48 is usually given to the cotter. 

And 
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This is the minimum value of c. Practically, more room is required to 
fit in the gib and cotter ; not less than 2 or 2^ inches. 

Lastly, to find the depth a of the sleeve. The effective section of the 

sleeve is 

or 

►7.0 0 

2x(«-i)lry, 

or 
a- 1 = 1*04, 

2 *04 inches. 

Some allowance ought to be made for possible errors in manufacture, so 
that practically it would be well to make a = 2|-". 

The depth of the flat part of the tie-rod should also be made 2^ inches. 
The length of the sleeve should be made sufficient to prevent the cotter 

shearing a piece out of each side of it, and the same is true of the flat part of 

the tie-rod ; the calculations are, however, left to the student. The dimen¬ 

sions given in the figure are slightly more than those theoretically necessary. 

JOINTS IN WOODEN STRUCTURES. 

Numerous kinds of joints are employed by the carpenter in 
framing wooden structures, and a large number of these were 
described in Part I. The proper proportions for such joints have 
been determined by long experience, and the necessity to make 
any calculations in connection with them is never likely to arise. 
It is, however, thought that the consideration of the principles on 
which the strength of such joints could be calculated will be a 
useful exercise for the student, and a few of the joints given will 
therefore be examined with this object in view. 

“ Fished ” Joint for Wooden Beam. 

Example 29.—For instance, let us inquire into the joint shown in Fig. 

230, which is shown in most books on 

Carpentry, and in Part I. 

If the bolts fit tightly into the 

wood it can be considered that part 
of the stress is transmitted by them, 

and the remainder will therefore have 

to be transmitted by the tabling. 
Clearly only the resistance to bearing 

of the bolts need be considered. 

u 
. ft . ft , 

T5L Jh 1 3
 

3
 

3 3 
s» 
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9 Iff 
a i a 

Q! a 3 
Fig. 230. 

If the fish-plate is made of the same wood 
b — 2i 

as that to be joined, the thinner part t should be made equal to ——, i being 

the depth of the indent. Hence 

2t = b-2i .... (86). 
The resistance to tearing of the fish-plates will then be equal to the resistance 
to tearing of the beams to be joined. It will also be seen that then the 

resistance to bearing of each bolt of diameter d is 
2 txdx r&. 
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So that if there are n bolts on each side of the joint the total resistance 
to bearing is _ . 7 

2 ntdi'i). 

Therefore the resistance to be demanded of the tabling is 
Rt — 2 ntch'i). 

But (remembering that we must deduct one bolt hole), 
Bt =2 t(a — d)rt. 

Therefore the resistance of the tabling must be equal to 
2 t(a - d)rt - 2ntdr^. 

Now the indent must be of sufficient depth to prevent the fibres being 

crushed ; this condition is fulfilled by 

2t(a —d)rt—2ntdrj)=2iarc . . . (87). 
Again, the length of the indent and the distance AB must each be 

sufficient to prevent shearing off of the wood. The resistance to shearing of 
either is 

ear8, 

therefore t(a - d)rt - ntdr& = ears . . . (88). 

From these equations the various dimensions can be found. 
As an example take the following data, which assume that the wood is 

of fair quality Baltic fir. 

a— 12", 
. & = 8", 

n— 4, as in Fig. 230. 

d = f\ 
rt— 12 cwts. per square inch, Table Ia, p. 328. 
rc — 10 cwts. „ „ 

rg= T3 cwt. „ „ 

r&=12cwts. „ „ 

Substituting these values in Equations 86 and 87, we get 

24=8-2^ 
or t = 4 —i. 

And «(12-£)12-4*xfx 12 = -£ x 12 x 10, 
or 991= 120i. 
Therefore 99(4 — i) = 120t, 

219^=396, 
i= T8 inch, 

and t — 2*2 inches. 

Again, from Equation 88 we have 

2*2 x (12 - |) x 12 - 4 x 2-2 x -| x 12 — e x 12 x 1*3, 

whence e — 14 inches. 

It would probably be better in practice to neglect the resistance offered 

by the bolts, and take them as only holding the joint together. To adapt 

the above equations to this case it is only necessary to omit the term 

2ntdr^. The equations then become 

2 t — b — 2i, 

t(a - d)rt = mrc, 

t(a - d)rt — ear8. 
Taking the same data as before, 

t = 4: — i, 
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whence 

or 

Hence 
and from Equation 88 

or 

(4-^)135 = 120^, 
.135x4 

^ = — -=—1=2*1 inches. 
255 

£ = 4 — 2*1 = 1*9, 

1-9(12 -f)12 = ex 12 x 1*3, 
1-9 x 11-25 x 12 

12 x l:3 

= 16^- inches nearly. 

It appears strange that the value obtained for e in this case should be 
so little greater than in the first case, but the reason is that the beam is 
much more weakened than in the first case owing to the greater depth of 

the indent, as will be seen by the following. 
In the first case the resistance to tension of the joint is 

2t(a — d)rt — 2 x 2*2 x 11*25 x 12, 

= 594 cwts. 

In the second case it is 
2t'(a - d)rt = 2 x 1*9 x 11*25 x 12, 

= 513 cwts. 

Further, the safe resistance to tension of the full section of the timber, 

namely 8" x 12", is 
8x12x12=1152 cwts., 

from which it is evident that this is a very uneconomical form of joint, more 

than half the strength of the timber being lost. 

Scarfed Joint for Wooden Beam. 

Example 30.—Calculate the safe strength of the joint shown in Fig 

231, which is a bad form, as pointed out in Part I. 

Preliminaries.—The various dimensions are given in the figure, taking 

as before 
rt = 12 cwts. per square inch, 

rc= 10 „ » 

rg = 1 3 )) >.» 
= 12 „ 

This joint can fail in three ways: (1) by tearing across da or be ; (2) by 

shearing along ca \ (3) by the fibres at ab or ab' being crushed. 

For the first we have 
Rt = 9 x 2f x 12 = 297 cwts. 

For the second 
R. = 24 x 9 x 1 -3 = 280 cwts. 
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For the third 
R0=3£x 9x 10 = 315. 

It thus appears that this joint is most liable to fail by shearing the 
fibres along ca, and that 280 cwts. is the safe stress that it could be 
subjected to. 

The strength of the full beam = 9 x 9 x 12 = 972 cwts., so that this 
joint is still less economical than the last. 

Joint at Foot of Principal Rafter (Wood). 

Example 31.—To ascertain whether the joint shown in Fig. 232 is of 
sufficient strength to resist a 
compression of 61 cwts. in the 
principal. 

Preliminaries.—We will as¬ 
sume that this joint is made with 
inferior timber, and therefore 
take 

rt = 10 cwts. per square inch. 
rC — ^ )) )} 

rs= 1’3 ,, „ 
rb = 7 „ „ 

The joint may fail in two 
ways: (1) By crushing the 
fibres at ad; (2) by shearing the tie-beam along cd. 

As regards (1), the bearing surface is ade, allowing nothing for the tenon, 
which would not be fitted to bear ; de is inclined to the pressure, and only its 
equivalent at right angles to the pressure must be taken, therefore the bearing 
surface is the whole cross section of the principal, less the tenon, that is 

4x2 = 8 square inches. 
So that 

Rb = 8 x 7 = 56*5 cwts., 
which is not quite sufficient. 

As regards (2), R8 = 6x4x1 *3 = 31 *2 cwts. 
But it will be observed that it is only the horizontal component of the stress 
in the principal that tends to shear the tie-beam along cd. This horizontal 

component can be very simply found by a graphic 
method, which will be more fully explained in the 
sequel (see Chap. IX.) Draw a triangle ABC (Fig. 
233); AB being vertical, BC horizontal, and AC 
parallel to the principal, then CB will represent the 
horizontal component required, to the same scale 
that AC represents the compression in the prin¬ 
cipal. In Fig. 233 the scale chosen is 50 cwts. 
to one inch, AC is plotted as 61 cwts., and the 
horizontal component CB is found to scale 53 cwts. 

Fig. 232. 

l<--53 cwts-> 

Scale 50 0 to 1 inch. 

Fig. 233. 

It thus appears that the resistance to shearing of the tie-beam along cd (31 ‘2 
cwts.) is quite insufficient. 

The additional strength required can be obtained by means of a strap as 
shown in Fig. 234. To find the stress in this strap we must resolve the por¬ 
tion of the horizontal component it has to bear parallel to the strap. The 
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portion of the horizontal component which the strap has to bear is 53 — 31*2 

= 21 *8 cwts., and the resolved part of the stress can be found by means of a 
triangle as before, and as shown in Fig. 235. Thus it is found that the stress 

in the strap is 43*6 cwts. = 2*18 tons. 

Suj^posing the strap is made of iron, then the necessary breadth 6 can be 
found from 

26x£x 5 = 2*18, 
whence 6 = 0*87 inch. 
A strap 1" wide would be used. 

By a calculation similar to that given in Example 27, it will be 
found that a -I" screw and nut are required. 

A bearing plate is required to prevent the strap cutting into the upper 
side of the principal at e; its length will be 4", the breadth of the principal 
rafter, and to find the least breadth we have 

4 x b' x 7 = 43*6 cwts., 

whence 6'= if inch nearly. 

The bearing plate1 at / would be made of the same width. 

The above calculation supposes that the horizontal component is partly 

borne by the strap, and partly by the wood. Any shrinkage of the wood 

would, however, throw the whole stress on the strap, and it is therefore safer 

to consider that the whole of the horizontal component is resisted by the 

strap. The stress in the strap would then be (referring to Fig. 235) 

43*6 x = 106 cwts. = 5*3 tons, and making the strap of f-" iron, 
‘ 21*8 

26 x f- x 5 = 5*3 tons, 

6=1*4. 

So that a strap l£" x §" would be used. 
The bearing plates at e and / would be made about 4" wide, and the 

screw bolt of f" diameter. 

1 Unless there is any objection to weakening the tie-beam at this point, / would 
be better notched in to prevent slipping (see Part I.) The strap at e must be made 
as much longer than 4" as will provide bearing for the nuts, and must be thick 

enough to prevent bending. 



Chapter VIII. 

PLATE GIRDERS. 

THE subject of plate girders was discussed to a certain extent 
in Part I., and it is now proposed to enter more into detail 

and to show how the various calculations can be effected. 
General form.—Pig. 236 shows in outline the 

general form of the cross section of a plate girder 
with a single web. The flanges consist of one or more 
plates (the thickness and number depending on the 
stress to be borne) riveted to a couple of angle irons; 
the web consists of a thin plate, stiffened, however, 
against crumpling up, by means of vertical T or L 
irons. On referring to the distribution of the stresses 
in a rolled iron girder, p. 83, it will be seen that the 
web of a plate girder being very thin can bear but a 
very small part of the direct stresses. Practically the 

Fig. 236. whole of the direct stresses may be taken as borne 
by the flanges, and the whole of the shearing stresses by the web, 

when the flanges are parallel. 

Practical points to be attended to.—The following practical points should 
be borne in mind in designing a girder. 

The depth of plate girders varies from ^ to the span ; y1^ is said to 
be the most economical proportion. In floors of buildings much shallower 

girders are often used to save height. 

For calculations the “effective span” that is, the span between the centres 

of the bearings of the girder upon the abutments, should be taken, and the 

“ effective depth ” that is, the distance between the centres of gravity of the 

flanges (see Plates A and B). 
The width of the flange under compression should not be less than ffjj to 

of the span, or it will be liable to buckle sideways. 
No plates of less than J inch thickness should be used, or they will soon 

be destroyed by corrosion. 
There should be as few joints as possible, especially in the tension flange 

and web. 
Plate girders should be constructed with a camber or rise in the centre 

of about to -j-J-g- of their span, or at any rate in excess of their calculated 
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deflection, so that if they should droop beneath their loads they may not sag 
below the horizontal line. 

Care should be taken to use market sizes of plates and angle irons1 (see 
Part III.) as far as possible. Expense is incurred by using extra sizes. It 

may, however, be cheaper in some cases to use extra lengths, in order to 
reduce the number of joints. 

All parts should be so arranged as to be got at easily for riveting. 
The ends of girders should be bedded on lead or felt. 

FLANGES. 
As regards the direct stresses, we need therefore only consider 

the part of the girder shown in Fig. 237, and from 
Equation 54, p. 87, it will he seen that the moment 
of resistance of this section is 

M = r,A(D or rcAcl) . (89), 

according to which is least, D being the “ effective 
depth ” for the whole cross section.2 

Algebraic method of finding lengths of plates,—By equating 

the moments of flexure to the moments of resistance at differ¬ 
ent points along the girder, the number of plates required at 

those different points can be found. Such a method is, how¬ 

ever, cumbersome and tedious, and the required results can ( 

be obtained more easily and rapidly by the following 1 
graphic method. 

nr 

JL 
At 

Fig. 237. 

Graphic method of finding lengths for plates in tension flanges. 

—It has been shown (p. 33 et seg.) that the moments of flexure 
at the various points along a beam can be represented graphically 
by a curve; for instance, by a parabola when the beam is uni¬ 

formly loaded. 
Thus, in Fig. 238, akc represents the moments of flexure at 

every point of a uniformly loaded beam of span ac. 

How considering the tension side of the girder, the moment of resistance offered 
by the two angle irons will be the same at every point, since the depth of the girder does 
not vary. Let ah represent this moment of resistance and draw bd parallel to ac, thus 
we obtain by the intersection with the parabola two points a' and c'; and the portions 
aa' and crc require only the two angle irons so far as strength is concerned. Practi¬ 
cally, however, the first plate is also generally continued from one end of the girder 
to the other. Let now ef represent the moment of resistance of the first plate. As 
before, we obtain points a" and c" where the second plate ought to commence, and 

1 The weights of angle and tee irons can be found by means of Table X. 
2 At is effective area of tension flange, Ac is effective area of compression flange. 
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in like manner the point a!" and c"', where the third plate ought to commence, can 
be found, and so on for as many plates as may be required to afford the necessaiy 
resistance. 

The same process is clearly applicable to the compression 
flange of the girder. 

Flanges for Plate Girder of 20 feet span. 
Example 32.—The matter will be probably made clearer by an example. 

Let the effective span be 20 feet and the load 50 tons, equally distributed 

so that the moment of flexure at the centre is 1500 inch-tons* 1 (see Fig. 
240). Then we can draw the parabola alec as explained in Appendix III.2 

Assume further that the depth of the girder to the backs of the L irons is 

T 7", and that 3" x 3" x L irons and plates 10" wide are used. 

Tension, or lower flange.—It will be seen from Plate A that the cross 

section contains one rivet (J") hole in each angle iron, and two rivet holes in 

each plate.3 It will be found that the “ effective depth,i.e. distance between 

centres of gravity for the L irons, is 17*1 inches.4 Therefore the moment 

of resistance of both angle irons in the tension flange (taking rt = 5 tons) is 

2(3+ 21 -|)x-|x 17*1 x 5, 
= 395 inch-tons. 

Hence we can draw bd by making ab = 395 inch-tons to the scale chosen for 
the figure, namely 3000 inch-tons to an inch, and we then find by measure¬ 
ment that aa! and c'c = 1*4 foot. 

Again, the effective depth of the first plate is 19*5", hence its moment of 

resistance is 

[10-(2 x|)]x£x 19-5 x 5, 
= 402 inch-tons. 

Of the second plate 

[10-(2x|)]x£x 20*5x5, 
= 423. 

Of the third [10 - (2 x |-)] x \ x 21*5 x 5, 

= 443. 

We can therefore draw a series of parallel straight lines at distances 

representing these several values in inch-tons, until we just pass beyond the 
apex of the parabola. In this manner we obtain the points /, g, etc., and by 
dropping perpendiculars the points a', a", a'", etc., so that the number of plates 
and length of each are shown in Fig. 239, and can be found by measurement.5 

Compression, or upper flange.—On the compression side the moment of 

resistance of the two angle irons (taking rc = 4 tons) is 

V)i2 940 
1 (see p. 33) =-5-= 1500 inch-tons. 

o o 

2 A circular arc can be substituted for the parabola if the rise of the arc does not 
exceed Jth of the span (see p. 30). 

3 In many cases, when the plates are wider, they are riveted together also at 
their edges, so that there would be four rivets to deduct. 

4 It is as easy and more accurate to take “ effective depths ” separately for the pair 
of L irons and for each plate. 

5 As the sum of the above moments is 1663 inch-tons, and by the data only 1500 
are required, it is evident that the third plate need not be more than XV' thick, It 
will be found that the moment of resistance of such a plate is 275 inch-tons. 



PLATE GIRDERS 157 

2(3 + 2})x}x 17-14x4, 
= 377 inch-tons.1 

And of the first plate 

Of the second 

Of the third 

10 x |-x 19|x 4, 

= 390 inch-tons. 
= 410. 
= 430. 

Repeating the above process as shown in Fig. 239 we obtain the number 
and lengths of plates given in Fig. 240. 

Fig. 240. 

Fig. 241. 

Fig. 239. 

As already observed, the first plate is continued in both the tension and com¬ 
pression flanges for the whole length of the girder, and is so shown in Figs. 
239-241. 

It is to be observed that in practice the plates (after the first) will be 
somewhat longer than shown on the diagram, for they must include the next 
row of rivets beyond the point indicated in theory. 

WEB. 

Calculations for the Web—Shearing stress.—As already 

mentioned, the web can be considered as taking the whole of the 
shearing stress, and no great error will be involved by further 
assuming that the stress is uniformly distributed over the cross 
section. The methods of finding the amount of the shearing stress 
have already been explained in Chap. III., p. 55 et seq. 

The thin webs of plate girders tend to fail, much in the same way as 
long compression bars do, by bending or buckling, as shown in Fig. 242, and, 

to understand this, we must consider for a moment the stresses acting on a 

small portion of the web. Let Fig. 243 represent a small square marked on 

the web. We know from p. 61 that vertical shearing stresses V act along 

1 The rivet holes are not deducted, as the rivets are supposed to fill them, so that 
the pressure is transmitted over the whole section. Some engineers would take 
rc = 5 tons over the section, deducting the rivet holes. M of the angle irons would 
then be the same as for the tension flange 395 inch-tons. 
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AB and CD, and that horizontal shearing stresses H act along CB and AD. 

Now it is clear that these forces will distort the square and make it take the 
shape of a lozenge, as shown in an exaggerated manner in Fig. 244. This 

Fig. 243. Fig. 244. 

distortion clearly extends the material in the direction BD, and compresses it 

in the direction AC; and the tensions and compressions thus excited in the 

material will just balance the shearing stresses. This may perhaps be more 
clearly understood by imagining the square AC formed of four rods jointed 

at A, B, C, and D, and two springs introduced as shown in Fig. 245. AVhen 

the forces H, H, Y, Y commence to act, the square will be deformed as shown 
in Fig. 246 ; the spring BD will be stretched and the spring AC compressed ; 
and (supposing the spring AC is not allowed to bend) the extension and com¬ 
pression of the springs will continue until they balance the applied forces. 

Now Professor Bankine has shown that the intensity of tension and 
compression excited as described above is equal to the intensity of the 

shearing stresses which produce them. We may therefore replace the 

vertical and horizontal shearing stresses, acting on the web of a plate 

girder, by a tensile and compressive stress of equal intensity, and acting 

in directions inclined at an 

angle of 45° (see Fig. 247). 

Now it is the compressive 
stress CC which tends to cause 

the buckling of the web, and 

for purposes of calculation we 

can consider the web as made 

up of a series of strips, in¬ 
clined downwards towards the 

supports at an angle of 45°, 

JL 

Fig. 248. 



PLATE GIRDERS *59 

and each acting as a long column. The length of these long columns is clearly1 

\/2 x 8, 

where 8 is the unsupported depth of the web between the angle irons (see Fig. 
248), and they can be considered as “fixed” at the ends. The thickness (tw) 

of the web is the least diameter of the long columns in question. We can 
therefore apply Gordon’s formula (see p. 113, or Tables V. and XL) to calculate 

the necessary thickness to be given to the web. It, however, frequently happens 

that an undue thickness would have to be given to the web to make it stiff 
enough. In such a case the additional resistance to buckling can be obtained 

by riveting vertical T or L iron stiffeners to the web as shown in Fig. 249, 
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Fig. 249. Fig. 250. 

and if S is the clear space between the stiffeners, the length of the long 
columns into which the web is supposed to be divided is 

S x 
and Gordon’s formula or Table V. can be applied as before. 

As stated below,2 the base and perpendicular of the triangle, of which 
the column is the hypothenuse, are equal. Therefore, when the distance S 
between the stiffeners is less than 8, S will represent the base and perpen¬ 
dicular of the triangle, and the length of the column will be shortened. 
From this it will be seen that stiffeners are theoretically useless unless they 
shorten the length of the assumed columns, and to be effective must be closer 

together than the depth. 

Example 33.—The depth between centres of rivets of a web is 21" and 

the unsupported depth (8) is 18", the thickness y^-, and the shearing stress 

to be resisted is 9*3 tons. Find whether any stiffeners are necessary, and 

if so, at what distance apart they ought to be placed. Find also what thickness 
ought to be given to the web to obviate the necessity of stiffeners.3 * 

1 Length of the long column = -. 5,r0 = V2x5. 
D ° sm 45 

2 The length of the columns is represented by the length of a line drawn across 
the web in the direction that the web will fail, and as this direction is at an angle of 
45°, its length can be represented by the hypothenuse of a right-angled triangle whose 
perpendicular is equal to the depth of the web. The formula \/2 x 8 which expresses 
the length of the hypothenuse in terms of the deptli of the web is arrived at from 

Euclid, Book I., Proposition 47. 
3 The wreb being very thin the shearing stress may practically be considered as 

uniformly distributed, not as in Fig. 97, the depth of the web to resist shearing 
being taken as equal to the distance between the centres of the rivets connecting it 
to the flanges, 21" in the present example. 
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Substituting in Gordon’s formula (see p. 113) as follows— 

rc = 4 tons, 

1 

“2500’ 

l = 18 x y/ 2, 

d - tV> 
we obtain— 

Safe intensity of compression in the web = 

1+ i 
/_L_ U/2x_I8f\ 

\2500 (x\)2 ) 

1*1 tons per square inch. 

Using Table V., n being 3*5, the ratio is 3*5 

whence the safe intensity of compression is 088 ton. 

Now the intensity of shearing stress per square inch is 

J2 x 18 x 16 
, or 285, 

93 

21 x 
. =1-42 ton. o 

TtF 
Evidently, therefore, the web is not quite stiff enough. 

To find the distance apart of the stiffeners we have 

4 =1*42. 

1 + i 

Whence we find by reduction 

1 

2500 

,(v/2.S)2' 

' ('it)2 

S2= 221, 

S = 14‘9 inches. 

Y. 

or 

The distance apart of the stiffeners can also be found by means of Table 

The ratio corresponding to a stress of 1*42 ton is 215. Hence 

/2 S 
3*5 ■ = 215, where 3*5 =n in Table Y. 

t'V 
S = 13*5 inches. 

To find the thickness of web required to obviate use of stiffeners we have 

from Table Y. as above 3*5 —2 X — =215, 
Uv 

or ^ = 0*413 = ^ inch nearly. 

We can also use Table XI. for this purpose. The stress per foot of depth of 
9*3 x 12 

the girder is —- ~ =5*3 tons, which for a net unsupported depth of 18" 
A1 

corresponds to a thickness of web of 

The shearing stress we have been dealing with is the maximum stress at 

the ends. The intermediate stresses diminish towards the centre (see Fig. 

90), and the thickness of web may accordingly be reduced ; but it is never 

advisable, for practical reasons, to use less than T" plates even at the centre 
of the girder. 

When the load on the girder is concentrated at one or more points it is 

usual to add stiffeners to the web at such points, to transmit the load equally 
to both flanges. 
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Joints in the Web.—These joints are arranged as shown in Fig. 
251. One or two covers can be used as shown in the sections, 
but it is better work to use two 
covers. The thickness of one cover 
should be the same as that of the 
web. When two covers are used 
their combined thickness should be 
at least equal to that of the web, so 
long as neither of them is made less 
than T inch thick. 

As regards the number of rivets 
required to make the joint, it is to 

be observed that they must be suffi- ^ig. 251. 
cient on each side of the joint to take up the shearing stress 
at the section of the girder where the joint is made. 

Example 34.—For instance, taking the same data as in the two previous 

examples, namely— Shearing stress = 9*3 tons, 

Thickness of web = inch, 

Diameter of rivets =-| ,, 
the bearing resistance of one rivet is 2’62 tons ; so that the number of rivets 
required on each side of the joint is 

—- = 3*5 nearly. 
2-62 J 

These rivets are arranged as shown in Fig. 251, and the pitch would be 

= 5 inches nearly, 
u'O 

which is too great, being 13 times the thickness of the plates riveted. The 
pitch may be taken at 12 times that thickness,1 or practically at 4". 

Width of cover plates.—As regards the width of the cover plates, follow¬ 

ing the rule, p. 136, that the centres of rivets are not to be nearer the edge 

of a plate than 1-| times their diameter, it will be seen that the width must 

not be less than 4x 11 d — 6 d. 

In the above example, therefore, the least wiclth of cover plate is 

6 x -£ = 5^ inches, say 6 inches, 
and this would be a suitable width to take. 

Connection of the Web with the Flanges. 

The web is connected to the flanges by being riveted to the 
angle irons, and the number of rivets should be sufficient to with¬ 
stand the horizontal shearing stress. The easiest way is to calcu¬ 
late the amount of the shearing stress per foot, and then to find 
the number of rivets required for bearing and for shearing. 

Example 35.—In the above example, for instance, the shearing stress 

at each end per foot 

B.C.—IV. 

1 See Stoney’s Rule, p. 136. 

M 
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9*3 x 12 
: __ : : 5‘3 tons. 

Now if y' rivets are used, the resistance of one rivet to bearing in web (taken 
as t6f" thick) is =2*62 tons. 

(The resistance to shearing need not be considered, as it is much greater.) 
Hence the number of rivets required per foot 

_ 53 _ 
~2-62~2’ 

so that a 6-inch pitch would be sufficient as regards bearing, but this would 

be too great in proportion to the thickness of the plates, and a pitch of not 

more than 12x-| = 4^" should be adopted. In practice -J" rivets with 4" 

pitch would probably be used in both this and Example 34. 

We have now considered the main points in the calculations 
required for plate girders. In the two following examples some 
further matters of detail will be considered. 

Example of Plate Girder with Single Web.1 

Example 36.—Design the girder shown in outline in Fig. 26, p. 21. 
Load.—The load to be borne by the girder is 23 tons placed 10 feet 

from the left support, and from Fig. 54 it appears that the greatest bending 
moment occurs at this point. The weight of the girder itself must, however, 
be taken into consideration, and this weight can be found by using either 

of the formulae given in Appendix XV. These formulae can only be expected 

to give approximate results, but the error is, as a rule, too small to be of any 

practical importance ; they are based on the supposition that the load is 

uniformly distributed. I'o apply them in the present case we must therefore 

first find the “ equivalent ” uniformly distributed load, that is the uniformly 

distributed load that would produce the same bending moment at the centre 

of the girder that the actual loading does. Now if W is this load, we know 

by Case 7, p. 33, that the bending moment in the centre is 

Wl W.30 „ 
= —= —-— foot-tons. 

o o 

And from Equation 2, p. 25, the bending moment due to the actual loading is 
It. x 10'= 15-33 x 10 = 153-3 foot-tons. 

So that 
W = —x 153-3 = 40-9 tons. 

30 

This does not include what would be required to carry the weight of the 

girder itself, but the additional material would be small (about *16 ton), so 

that we can take W = 41 tons. 

Approximate weight of girder.—Using Unwin’s formula (see Appendix XV.) 

and taking the data given there, and taking D = 30" as below, we obtain 
* 41x 302 

Weight of girders 150Qx4>< 30 _3o2, 

= 2*62 tons. 

As a check we may use Anderson’s formula, and thus we obtain 

Weight of girder = —7; x 41 x 30, 
0 v)U 

= 2-2 tons. 

1 See Plate A, p. .352. 
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The former result agrees with the weight of the girder given at p. 21 (2-6 
tons), and we will assume it to he the weight of the girder. 

Depth of girder.—The depth of girders is usually taken at 
from -y- to Yg- of the span. It should be observed that the deeper 
the beam the more liable is the web to buckle, and therefore a 
thicker web or a greater number of stiffeners will be required. 
On the other hand, a shallow girder requires more metal in the 
flanges, and is less stiff. We will assume a depth of 30", that is 
tV of the span. The distance between the centres of gravity of 
the flanges may be taken as 30". 

Deflection.—It remains to be seen whether the depth chosen (30") is 

sufficient to ensure that the deflection does not exceed a certain amount, say 
■gjj" per foot of span. The total admissible deflection.would be 

— 4H7 x 30 = 0*75 inch. 

Now, as the beam is to be subjected to certain limiting stress, we can 
use Equation 46, p. 67, namely— 

A _n'(rc + rt)l2 

ED * 

As regards the value to be given to n', it is to be observed that the 
beam will be stiffer than a beam of uniform strength, but less stiff than a 

beam of uniform section, for the former n' = -J, and for the latter (with 

central load) nf — yV. It will therefore be a fair approximation to take 
nf — 1 

_ rt — 5 tons, 

Z = 360 inches. 

As regards the value of E it should be observed that the full value 

(29,000,000 lbs.) for wrought iron cannot be reckoned on in built-up girders, 
owing to the unavoidable imperfections of riveting. A value between 

16,000,000 and 18,700,000 is generally assumed. We will take 17,920,000 
lbs., or 8000 tons. Hence 

A _TV x 9 x 3602 

8000 x 30 ’ 
A = 0*49 inch. 

So that the girder is amply stiff enough. 

TFidth of flanges.—The width of the compression flanges should be 
sufficient to prevent buckling sideways. It is found by experience that for 
this purpose the compression flange should be made about ^ to ^ of the 

span, that is in this case 12 to 9 inches. We will take 9 inches. The width 

of the tension flange is not subject to the same condition, but for uniformity 

we will assume it to be also 9 inches wide. 

Thickness of flange plates.—The thinner the plates used, the more nearly 
can the girder be made to approximate to a beam of uniform strength. On 

the other hand, corrosion affects thin plates to a serious extent, and the 
number of plates to be joined together is increased. It should also be 

observed that very thin plates are liable to buckle along the edges when 

placed in the compression flange. Professor Unwin says that the thickness 
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should not be less than of the span. In practice the thickness is limited 

between and usually §" or is found to be suitable. We will in this 
example take |-" plates. 

Angle irons for connecting the flanges to the web.—The thickness will be 

taken the same as that of the flange plates, namely A table 3 inches wide 

gives sufficient room for riveting, but in the present case we will use angle 

irons 3^" x 3 x •§", as they will afford more room for riveting. 

Calculation of flanges.—We are now in a position to proceed 
with the calculation of the flanges in the manner explained at 

p. 156. 

From Fig. 54, p. 35, it will be seen that the diagram for the moment of 
■flexure due to the single load consists of a triangle, the height of which is 

the maximum moment of flexure. This maximum moment of flexure due to 

the load is in the present case equal to 

RAx 10 x 12 = 15-33 x 10 x 12, 

= 1840 inch-tons. 
We thus get the triangle AdB shown in Fig. 252. 

The weight of the girder itself produces a different diagram of bending 
moments, namely the arc of a circle (see p, 34); and the height of the arc 
is the bending moment at the centre, that is 

2-6 x 30 x 12 
---= 117 inch-tons. 

We thus obtain the arc AcB shown in Fig 252. 

The diagram for the total bending moments can of course be found by 

adding the ordinates of the arc to those of the triangle, and thus, finally, we 

get AeB as the diagram of bending moments. 

Tension flange (see Plate A).—The rivet holes must be deducted 
from the cross section to obtain the effective section. Deducting 
one rivet hole from each angle iron, and taking the depth to the 
backs of the angle irons at 29", i.e. 1" less than the distance be¬ 
tween the centres of gravity of the flanges, whence the “effective” 
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depth1 of the angle irons is 2 7" we obtain the moment of resist¬ 
ance of both angle irons 

= 2(3|-+3|-f-£)fx 27x5, 
= 595 inch-tons. 

Two rivet holes must be deducted from each plate, so that moment of 
resistance of the first plate is 

= (9 - 2 x -§)§ x 29f x 5, 
= 413 inch-tons nearly. 

In the same way it will be found that the moment of resistance of the 
second plate is = 423 inch-tons, and of the third plate 434 inch-tons. The 

total moment of resistance of the L irons and the three plates is therefore 
1865 inch-tons, which is less than the maximum bending moment of 1944 
inch-tons, but practically sufficient. 

Following out the process explained at p. 155, we obtain the 
completed diagram given in Fig. 253, which shows the number of 
plates required and the length of each. On referring to the Tables 
in Part III., giving the market sizes of iron, it will be seen that 
plates of the full length can readily be obtained, and that therefore 
no joints are needed; but as an exercise for the student the joints 

have been so arranged in Fig. 253 that no plate will exceed 
13 feet in length, and, moreover, the joints have been so 
placed that “ grouped ” joints can be formed. Each of these 
joints requires to be designed and calculated on the principles 
explained in Chap. VII., and in fact one of the joints has been 
worked out in Example 24, p. 132. 

Compression flange.—The diagram of bending moments just 

1 i.e. distance between centres of gravity of angle irons. 
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obtained for the tension flange holds good for the compression 
flange, and is re-drawn in Fig. 254, but upside down, so as to 
show the plates in their proper relative positions. 

As already remarked at p. 136, it is not necessary in this flange to deduct 

the rivet holes to find the effective section, but the safe stress is reduced to 
4 tons per square inch. 

The moment of resistance of both angle irons will therefore be 

2(3-| + 3i-|)fx 27x4, 

= 537 inch-tons. 

The moment of resistance of the first plate will be 

9 x -| x 29f x 4 = 396, 
and so on. 

The total moment of resistance of the L irons and of the three plates will 
be found to be 1754 inch-tons, but the maximum bending moment is 1944 
inch-tons. It will be therefore seen that three plates do not give sufficient 
resistance at the point of maximum moments of flexure, but practically they 
are quite safe. By making the outside plate thick the moment of resist¬ 
ance will be increased to 1897 inch-tons, which is near enough. 

Repeating the operation we can obtain the number and length of plates 

required, and also ascertain in what position the joints ought to be placed if 

full-length plates cannot be obtained. 

The flanges can now be considered as designed, with the exception of the 

joints, for which the student is referred to Example 24, p. 132. 

Web.—To design the web the first step is to find the shearing 
stress in each portion of it. 

The simplest way is to make use of the diagrams given in 
Chap. III. As the girder is subjected to two loads, we must 
combine the diagram for a uniform load (Fig. go, p. 59) with that 
for concentrated load placed at any point (Fig. 92). 
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Thus, in Fig. 255, Ae/B represents the shearing stress clue to the weight 
of the girder, and AghldB the 

shearing stress due to the load of 

23 tons, so that AlmnoB repre¬ 
sents the shearing stress to which 

the web is subjected. 

It will be observed that owing 
to the weight of the girder being 

small in comparison with the load 

to be carried, the shearing stress is 
almost constant from A to D and again from D to B. It will therefore be theo¬ 

retically best to make the web of a certain uniform thickness from A to D, and 
of another less thickness from D to B; these thicknesses must now be found. 

For the part AD we have a maximum shearing stress of 16 ’6 tons to deal 

with (seep. 22), and the depth of the web (8) between the angle irons may be 
taken as 22" and the distance between the centres of rivets as 25 T (see Plate A). 

Assuming the web to be thick, the intensity of shearing stress is 

16-6 - , 
a = 1*32 ton per square inch. 
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Now referring to Table V., we find the value of - for the equivalent long 

column to be, taking n — 3*5, 

3*5 x 
22 x Jo 

= 218, 

f " rivets, which have been selected, are a 

and hence the safe intensity of stress (for a column fixed at both ends) to be 
nearly P40 ton ; so that a Y web will do very well. 

We can also find the thickness of the web by means of Table XI. The 
net unsupported width of the plate is 22" and the shearing stress per foot is 
10.0 x 12 
•-:=7’94 tons, and it will be seen on referring to the Table that V 

25-1 ’ 0 2 

is the thickness required. 
It should be noticed that the 

little small for a Y plate, but this difficulty can be overcome by drilling the 

holes, or by using a -|" plate for this part of the web, supported by stiffeners. 

Pitch of rivets to connect the web to the flanges.—The stress per foot is 

x 12 = 7*94 tons nearly. 
25T 

Taking rs = 4 tons and = 8 tons the resistance to bearing of a rivet 

in a Y plate is 3*0 tons (Table VIII.), and the resistance to double shear 

is 1 ‘8 x 2 = 3*6 tons ; so that the number of rivets per foot 
7-9 

=Fo = 2'6- 
Practically a pitch of 4" would do. 

For the part DB of the web we have a maximum shearing stress of 9*0 tons 

(see p. 22). Assuming the web to be §" thick, the intensity of shearing stress is 

9*0 

But the value of - is 
K 

25*1 x ■ 
. = 0-95 ton. 

1 See Appendix V., p. 298. 
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35 x ^4^=290. 
f 

And from Table V. the safe intensity of stress is 0*86 ton, so that a -|" plate 

is somewhat thin. It should be observed, however, that the maximum shear¬ 
ing stress occurs only at the abutment B, and it will also be found that Ty' 

is thicker than necessary according to the Table. There can, therefore, be 
no doubt that -|" is thick enough. 

To use Table XI. we have: net unsupported width of plate =22", and 
shearing stress per foot = 4*4 tons, which correspond to a thickness of §". 

Pitch of rivets to connect the web to the flanges.—The stress per foot is 

9*0 
—— x 12 = 4*3 tons, 
25T 

and the resistance to bearing of a f" rivet in a £" plate is 2*2 tons. Hence the 
number of rivets per foot 

4-3 

2^2 = 1 ”9’ 

or a 6" pitch will do as regards bearing ; but in order to keep the plates 

together the pitch should not exceed 12 x §" = 4-|", and may practically, for 
the sake of uniformity, be made 4" as in Plate A. 

Joints in the web.—Two joints will be required in the web, so as to keep 
the plates within the ordinary market sizes. One of these joints will be best 
placed immediately under the load, and the joint can be made by means of 

two X irons, which will also act as a stiffener to transmit the load to both 
flanges of the girder. Referring to p. 136 we see that the least width of the 

table of the J_ iron should be 6 x f = 4 J inches. A 6" ± iron will however 
afford more room for the riveting as shown in Fig. 256. 

It will be noticed that this joint is placed at the point where there is no shear¬ 

ing stress in the web, so that theoretically there is no need for a cover; but prac- 
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tically it would not do to dispense with it, and, moreover, in this case, as before 

said, it fulfils the important duty of assisting to transmit the load of 23 tons. 

Theoretically, no rivets are required to connect the X ir°n to the web, but 
practically they would be placed at about 4" pitch to put the girder together. 

Fig- 257 represents the joint. 
The second joint will be best placed midway between D and B. The 

shearing stress at this point found from Fig. 255 is 8*4 tons.1 The cover plates 

1 The student is recommended to draw Fig. 255 to a large scale to obtain this value. 
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Packing 
piece 

can be made 6" wide, and or is a suitable thickness. To find the 

number of rivets, the bearing resistance of -|" rivets in a plate is 2*25 tons, 

therefore number of rivets 

8'4 „ i = — = 4 nearly, 

or a 4" pitch will do. 
End pillars.—The ends of the girder should be 

sti ffened to resist the shearing stress at those points. 

The most economical way is to stop the longi¬ 

tudinal angle irons at the ends of the girders, 

and to rivet two vertical angle irons to the web, 
using packing pieces as shown 

in Fig. 258. 

The ends of the girder 
are generally bedded on 
sheet lead. The rivet heads 
should be countersunk to 
allow of this, and four of 
the rivets would be left out 
at one end to enable the 
girder to be bolted down to 
the top of the column. 

Fig. 259 and Plate 1 A 
show the girder as arranged to comply 
with the calculations made above. The 
total length of the girder is 317 0", 1' 0" 
more than the distance between centres 
of bearings, or 27 0" more than the clear 
span, thus allowing 12" at each end to 
rest on the cap of the C.I. column and 
on the wall. The bearing area is there- 

9 
fore — x 1 = 0‘75 square foot, so that the 

9*0 
pressure at the wall end is =12*0 tons 

per square foot, and this is not more than 
a hard stone can bear. If, however, the 
stone is soft, a casting ought to be placed 
under the end of the girder to distribute 

the pressure. 

Fig. 258. 

1 I11 Plate A the joggles in the angle iron are omitted for the sake of simplicity 

and economy in construction. 
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Example of Box Girder. 

Example 37.—Calculate and design a box plate girder to act 
as a bressummer, as shown in Fig. 260 (see Plate B, p. 353). 

Load.—The first step is to find the load to be borne by the girder. 

The portion of the wall supported by the girder is shown in dotted lines1 

in Fig. 260, and the cubic content of this portion is 

weight of the wall contained between vertical lines drawn from the ends of the 
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20 + 14 n n , 16 + 14 
9 x 3 + 8 x 8 H--— x 1 

, f 14 + 10 n „ 16 + 14 
+ { —i~ X 2 + 8 x 8 + —— x ! j 12 

111 
j 12 

i± 

= 229 cubic feet. 
A cubic foot of brickwork weighs 1 cwt. (see Table XVII.),* 1 so that 

weight of brickwork to be supported = 229 cwts. 

The first floor is supported over a length of 18 feet, and since the floor is 

20 feet wide, area supported = 18 x 10 = 180 square feet. 

The second floor is supported for a length of 14 feet by the girder, hence 

floor area supported = 14x10=140 feet. 

The total for both floors is therefore 320 square feet. 
Assuming that these are warehouse floors, and that the load is 3~ cwts. 

per square foot, the total load produced by the two floors is 

320 x 3*5 = 1120 cwts. 
Lastly, the length of the roof supported is 14 feet, that is, a horizontal 

area ofl4x!0 = 140 square feet is supported. Allowing 40 lbs. per square 

foot (Tredgold), the load due to the roof is 

140 x 40 

112 
= 50 cwts. 

The total load on the girder (except its own weight) is therefore 

229 + 1120 + 50 = 1399 cwts., 
= 70 tons very nearly. 

Approximate weight of girder.—Clearly this load can be taken as uniformly 

distributed. 
Using Anderson’s formula (Appendix XV.) to obtain the weight of the 

, girder we get the weight per foot run of girder 

2240 x 70 

560 " 
= 4x70 lbs. = 280 lbs. 

Hence total weight of girder 

= 280 lbs. x 20 = 5600 lbs. 

= 2‘5 tons. 

Therefore the total distributed load the girder has to sustain is 

70 + 2*5 = 72*5 tons. 

Deflection.—As the load is considerable we will take the depth at 0f 

the span, that is 24". It remains to be seen whether this depth will give 

sufficient stiffness. In the formula (Equation 46) 

A_n'(rc + rt)l2 

ED * 
We have in this case 

rc = 4 tons, 
rt = 5 tons, 

1= 240 inches, 

E = 8000 tons (see p. 163), 

D = 24 inches, 

girder; it is considered, however, that the bond of the brickwork causes it to take 
part of the weight. 

1 Under some circumstances it would be better to take 130 lbs. per cubic foot as 
the weight of the brickwork, to allow for the bricks being saturated with water. 
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and for n we must give some value between that for a beam of uniform 

strength and depth Q.), and for a beam of uniform cross section loaded 

uniformly (A = irV)- We will take n -- 

Hence 
^ d- x 9 x 2402 

“ 8000 x 24 ’ 

= 0*3 inch, 

so that the girder is amply stiff enough. 
It should be noticed that the value thus found for A is only approxi¬ 

mate, because it depends on the value of n' and of E, both of which can 

only be approximately estimated ; but the error would not be sufficient 

to affect the result practically, and does not, probably, amount to more 
than 10 per cent. 

Calculation of flanges.—As the girder has to support a 14" wall, the flanges 

might also be given a width. of 14" (see Plate B). This width, it will be 

observed, is much more than is required to prevent side buckling ; but if, on 

calculation, a less width be found to give a better arrangement of the plates 

it might be adopted so long as the width is not less than 9", which is too 

narrow for a box-section, and would require very large corbels for the brick¬ 
work. 

The size of the L irons used for connecting the webs to the flanges 
must first, however, be determined ; there are two L irons to each flange. 
The shearing stress is considerable, and therefore the thickness of the metal 

must be such as to give sufficient bearing area to the rivets without having 

to place them too close. 
Referring to Fig. 263, p. 173, it will be seen that the vertical shearing 

stress at the abutments is 36*25 tons, which is distributed over a length of 24 

inches, and at a foot from the abutments it is reduced to 

36*25 x 9 

10 
= 32*6 tons. 

Hence the average horizontal shearing stress for the first foot close to the 

abutments is 

12 36*25 + 32*6 

24 X 2 
17*2 tons, 

and since there are two webs the stress the rivets have to resist per foot is 

8*6 tons. 
If rivets are used, it will be seen on referring to Table VIII. that 

if the resistance to bearing is taken at 8 tons per square inch, the resistance 

of one rivet in a plate whose thickness is t will be 

7*0 x £, 

and if the pitch of the rivets is 4", that is 3 rivets per foot, the total bearing 

resistance of the rivets per foot will be 

7x£x3 = 21x£ nearly. 

TT 8*6 . , 
Hence t — —— = 0*41 inch, 

21 ’ 

a thickness of T7^" will therefore do, and L irons 3" x 3" x would be a 

suitable size to use. It will be found that the centres of gravity of these L 
irons are 22" apart. Hence their moment of resistance on the compression 

side is 
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2(3 + 3 — yV)tf x 22 x 4, 
= 428 inch-tons. 

But the moment of flexure at the centre of the girder is 2175 inch-tons. 

Hence the plates have to supply a resistance of 
2175 - 428 = 1747 inch-tons. 

We can assume as a sufficiently near approximation for the present 

inquiry that 25 inches is the mean effective depth for the plates. If tx is 

the total thickness of the plates at the centre and 5 the breadth, we have on 

the compression side bxtx 25 x 4=1747, 
.’. bt— 17*47. 

Hence if 5=14 inches, 
t— 1*25 inch, 

and for this, one ~Y and two 4" plates would do. 
If 5=12 inches, 

t = 1 *45 inch, 

and three Y plates would do. 
If 5= 10 inches, 

t = 1*74 inch, 

and one and three Y plates would be required. 
Either of these three arrangements would require about the same weight 

of iron, but the first two are preferable in having fewer plates, and it does not 

appear to be a matter of much moment which of them is chosen. We will 

adopt the first arrangement, so that a width of 14 inches will be chosen. 

Fig. 261. 

Compression boom 

Tension boom 

Fig 262. 

The number of plates, length and position of joints, can be found as in 

the previous example, by constructing 

Figs. 261 and 262. 
Calculation of web.—Referring to 

Fig. 90, it will be seen that the dia¬ 

gram for shearing stress is simply an 

inclined straight line,1 as shown in Fig. 
263. In the present case the shear¬ 
ing stress diminishes rapidly towards 

1 Fig. 263 differs from Fig. 90 (p. 59) in that, on the right-hand side, the diagram 
is drawn above instead of below the centre line (see Appendix V.) 
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the centre, and it will also he observed that it is only necessary to make 
calculations for one half of the girder. 

Commencing at the centre and working outwards, let us see up to what 

point a Y plate can be used. The depth of the web between centres of rivets 
is 19^" and between the angle irons is about 17", so that, referring to Table 
V. and p. 333 

l 17 x J 2 
- ~ 3‘5-j--= 336 nearly. 

I 
This value of ~ is beyond the range of the Table, but from Pig. 166, p. 

110, it will be seen that the available intensity of stress is about 0*5 ton. 

The area of the web is 19*5 x £ = 4*8 square inches, so that the greatest 
shearing stress it will bear is 

4*8 x 0*5 = 2*4 tons, 

and, as there are two webs, it follows that a J" plate can be used up to 

the point where the shearing stress is 2 x 2*4 = 4*8 tons, that is to the point 

4*8 
36^25 X 10 = lr 4” (nearl3T) from the centre. Strictly, however, the point 

can be shifted half the width of the web (viz. 9") farther away from the 
centre, because the shearing stress of 2*4 tons can be taken to occur at the 
centre of the imaginary long column inclined at an angle of 45°. Hence a 
Y plate 2(1' 4" + 9") = 4' 2" could be placed in the centre of the girder. This 

is rather a small plate, and it will probably be better to use a T5¥ or ■§" plate. 

Repeating the above calculations for a §" plate, it is found that such 

a plate is available up to a point 5' 10" from the centre ; that is, plates 11' 8" 

long and thick can be used at the centre of the girder for the webs. 

Taking the next available thickness of plate, namely T7F", we find, as 

before, that such a plate can resist a shearing stress of nearly 15 tons, and 

would therefore be available up to a point 
2 x 15 

36*25 
x 10 = 8' 4" from the centre. 

There remains 1' 8" of the web at the abutments, for which a plate is 
insufficiently thick. It would be bad construction to put in a -J-" plate (which 
would be strong enough) of so small a size, causing an additional joint, and 
there are therefore two courses open: (1) to make the webs thick from the 
point where the ■§" plate ceases; (2) to strengthen the plates near the abut¬ 
ments by adding stiffeners. 

The first arrangement is the simpler, and as the amount of metal would 

be about the same in either case, it would be the best arrangement to adopt. 

The calculations for the second arrangement will, however, be given. It is 

required to find the maximum distance between stiffeners. Let c be this dis- 

Q N l 
tance, then —is to be substituted in Gordon’s formula for -. On the 

iff d 
l' 8" 

other hand, the intensity of stress at —from the abutment is for each web 

plate 

18*12x9*17 1 

10 X19-5x1V-19 
tons. 
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So that 

1-90 = 
wisely 

2500 V 7 ) 

From this equation the value of c can be found, an exercise which is left to 
the student. 

The result can be obtained more rapidly by using Table V. It will be 

found that a safe intensity of stress of 1*90 ton corresponds to a value of - 

of 170. Hence taking ?i = 3-5 we have : 

16cv/2_ 170 

7 ¥5’ 

whence c— 15 inches nearly. 

The stilfeners can therefore be arranged as shown in Fig. 264, one stiffener 

being placed immediately at the edge of the abutment, the other just where 

the plate commences to be strong enough without assistance. 

Joints in the web.—There will be two joints ; the calculations for these 

are precisely similar to those already made, and are left to the student. 

Joints in the flanges will not be necessary, as the longest plate is only 20' 
long. 

Rivets to connect the web to the flanges.—The calculations for these are also 

left to the student, being similar to those already explained. 
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End pillars.—The clear span is 20 feet, but the 

girder must be made longer at each end so as to bear 
on the stone sills, say 9 inches ; and as the shearing 

stress is considerable, it would be advisable to adopt the 
arrangement shown in Fig. 264. 

The completed girder is shown in Fig. 265, the 
thickness of the plates being considerably exaggerated, 

also in Plate B. 

Intermediate diaphragms.—In a large girder, two or 

three of these should be inserted. They are pieces of plate 

iron riveted to both webs to prevent racking, that is, to 

prevent the girder bending over as shown in Fig. 266. 

Saddle-backed or Hog-backed Girders have a curved upper flange such as 
that of the Cast-iron Girder, Fig. 144. Both flanges can be made of nearly uniform 
section throughout instead of as shown in Fig. 238. 

Such girders are however very seldom used in connection with buildings, and 

need not be further described. 

Alternative Rules for the Thickness and Spacing of Stiffeners of Plate Webs. 

Sir Benjamin Baker in his remarks 011 the practical strength of beams says :—1 2 

“ So far as plate webs of medium size are concerned, the author is of opinion that 
the general conditions laid down by Mr. Chanute in his specifications for the Erie 
Railroad bridges, meet all the requirements indicated by experiment, and he cites 
these in preference to his own practice as being independently deduced. 

“These are, that the ‘shearing strain’ shall not exceed half that allowed in 
tension on the bottom flange of a riveted girder, and that when the least thickness 
of the web is less than fa of the depth of the girder, the web should be stiffened at 
intervals not over twice the depth of the girder.” 

Mr. Theodore Cooper,15 M.Am.Soc.C.E., gives the following rule for wrought iron 
girders:— 

“The webs of plate girders must be stiffened at intervals of about the depth of the 
girder, wherever the shearing strain per square inch exceeds the strain allowed by 

the following formula :— 

Allowed shearing strain in lbs. 

1+ 3000’ 

where II = ratio of depth of web to its thickness ; but no web plates shall be less 
than three-eighths of an inch in thickness.” 

1 Min. Proc. Inst. C.E., vol. 62. 

2 General Specifications for Iron and Steel Railroad Bridges and Viaducts. 



Chapter IX. 

BRACED OR FRAMED STRUCTURES. 

General Remarks.—Before proceeding to the consideration of 
lattice girders and roofs, which are braced structures, we must 
investigate a few general propositions in connection with such 
structures, and we will also give two methods of finding the 
stresses in them. 

Let us consider in the first place the simplest case of a weight 
W supported by two rods, as shown in Fig. 267, A and B being 

w 

Fig. 270. 

fixed points. The two rods are evidently in compression, and as 
they are equally inclined to the direction of the weight they will 

be subject to equal stresses. The same remarks apply to the 
rods shown in Fig. 268, with the exception that they are in 
tension instead of in compression. 

Fig. 271. Fig. 272. 

If the inclination of the rods to the vertical is diminished, as 
in Figs. 269 and 270, the stress in them will also be diminished; 
and on the other hand, if the inclination is increased, as in Figs. 
2 71 and 272, the stress will be increased. 

B.C.-IV. N 
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In Kgs. 273 and 274 the rod AD is shown at a greater inclina¬ 
tion to the vertical than the other rod. Clearly the stress is less 

wt 
Fig. 273. Fig. 274. 

in AD than in BD. If, as in Figs. 275 and 276, BD is vertical, 
D 

\c, 

lB 

Fig. 275. Fig. 276. 

that is, the inclination to the vertical is nothing, the stress in BD 
will be equal to W, and there will be no stress in AD. 

Having thus obtained an idea of the manner in which the 
position of the rods relatively to the weight affects the stresses in 
them, we proceed to show how the actual value of the stresses 
(in terms of W) can be found. 

Beturning to Fig. 267, draw la (Fig. 277) parallel to W, Id 

parallel to BD, and ad parallel to AD, then by a theorem called 
the “ triangle of forces/’1 if la is drawn to scale to represent W, dl 

will represent C2 and ad will represent Cx 

to the same scale. Supposing, for instance, 
that W = 1*5 ton, and that la is made 1*5 
inch, then it will be found that 

dl — 0*93 inch, ad — 0*93 inch, 
or 

C2=0*93 ton, C1=0,93 ton. 
Further, la represents the direction of W, and ad will give 

the direction of Cx and dl that of C2, as indicated by the arrow¬ 
heads in Fig. 277. Transferring these directions to Fig. 267 we 

see that the rods AD and BD are in compression. 
It is very important to observe that in Fig. 277 the arrows 

follow each other, as it were, in the same direction of rotation. 
Again, applying the theorem to Fig. 268, we obtain Fig. 278. 

As before, if 
W = 1*5 ton, and la — 1*5 inch, 

we obtain dl — 0*93 inch, ad= 0*93 inch, 
T2=0‘93 ton, ^ = 0*93 ton. 

1 A proof of this theorem will be found in any work on Statics. 
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In this case the arrows follow each other in the reverse 
direction of rotation as compared with the previous, case, and 
transferring to Fig. 268 we find that the rods are in tension. 

Applying the theorem in succession to Figs. 267 to 270 
and Figs. 273 to 276, we obtain Figs. 279-286,1 and assuming 
in each case that W = 1*5 ton as before, we find the stresses 
marked on the figures. The arrows showing the directions of the 
forces are also marked. The student is recommended to compare 
these results with the preliminary remarks. 

The theorem of the triangle of forces can be thus stated:— 
If three forces acting on a point are in equilibrium, then, if a 

triangle be drawn whose sides are parallel to the directions of the 
three forces, the length of the sides will represent the magnitude 
of the forces, and the directions of the forces will follow each 

other round the triangle. 
Thus, taking a general case, if F, G-, H are three forces acting 

on the point P as in Fig. 287, then Fig. 288 will be the triangle of 

forces; and if the magnitude of one of the forces be known, that 

of the other two can be found. 

Fig. 290. Fig. 291. Fig. 292. 

How supposing we replace the force H (Fig. 289) by two 
forces K and M, which together have the same effect as H (in 
other words, H is the resultant of K and M), then the triangle cda 

(Fig. 290) would be the triangle of forces for K, M, and H 
(strictly IT reversed), so that we obtain the polygon abed to repre¬ 
sent the forces G, F, M, and K. In the same way, if F were re¬ 
placed by two forces N and 0 (Fig. 291), we should obtain the 

polygon aebcd (Fig. 292), and so on. 

1 Figs. 279-286. See Plate I. at end of volume. 
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This result is called the “ polygon of forces,” and it can be 
stated as follows:— 

If any number of forces acting at a point are in equilibrium, 
then, if a polygon be drawn having its sides parallel to the forces, 
the sides of this polygon will represent or be proportional to the 
magnitude of the forces; and the directions of the forces will 
follow each other in rotation round the polygon. 

In the case of the polygon of forces it is only possible to find 
the magnitude of two of the forces when the magnitude of all 
the others is known. Thus in Fig. 290, if only the magnitude of 
Gr were known, all that could be done would be to draw cb and 
the direction of ccl, but the point cl could not be fixed, as the 
magnitude of K is not known; but if the magnitude of K is 
known, then cl can be fixed, and drawing dec and bcc we see 
that the magnitudes of M and F are found. 

I he student is recommended to study the above very care- 
fully, as these results will be found of the utmost importance in 
the sequel. 

Some different forms of framed structures.—A framed structure 

c is composed of a num¬ 
ber of bars jointed to¬ 
gether. It is usual to 
assume that these joints 
are hinged, and offer 
therefore no resistance 
to the movement of 
the bars. Such an as¬ 
sumption, unless pin 
joints are used, is not 
true, but it errs on the 
side of safety. 

The simplest frame 
is a triangle, as in Figs. 
293 and 294, and such 
a frame is perfectly 
braced; that is, it is 
rigid or stiff, and can¬ 
not change its form.1 

This being the case, the reactions PtA and Bb can be found by the 

1 A very minute change takes place in consequence of the elongation and shorten¬ 
ing of the members produced by the stresses, but this may practically be disregarded. 
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Fig. 296. 

181 

rule given at p. 18 for beams, and thus, taking the numerical 
data given in Fig. 294, we find 

x 7 = 5 cwts., 

-K'b == x 7 = 2 cwts. 
A frame composed of four bars, as in Fig. 295, is, however, 

not perfectly braced, and 
would collapse under 
the action of the load 
W. But if an addi¬ 
tional bar DB be added 
(Fig. 296), it will be¬ 
come perfectly braced. 
A moment's considera¬ 
tion will show that this 
additional bar, called a 
“ brace,” is in tension. 
The frame could also 
have been braced by 
adding a bar AC (Fig. 
2 9 7), which would, how¬ 
ever, have been in com¬ 
pression. Cx and C3 
would then be unneces¬ 
sary. 

If the bars AD and 
CB are equally inclined, 
and another weight W 
be added at D (Fig. 

298), the frame would A 
retain its shape, but the 
least deviation would 
cause it to collapse; it 
is, in fact, in unstable 
equilibrium, and practi¬ 
cally a brace would have 
to be added. If only 

Fig. 298. 

Fig. 299. 

one brace is added, it must be capable of resisting both com¬ 
pression and tension, that is, a simple rod would not do; or two 
rods capable of resisting tension only may be added, as in Fig. 299. 
In this case the frame is over-braced, and it is possible, by drawing 
up the rods by means of coupling screws, to introduce stresses in 
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the frame in addition to those produced by the weight. In such 
a case the frame is said to be self-strained—a state of things 
which is of course to be avoided as much as possible. 

In Fig. 300 is shown 
a frame composed of 
five bars. If a brace 
EC be added (Fig. 301), 
the frame is still in¬ 
completely braced, and 
another brace, either AC 
or EB, must be intro¬ 
duced. Figs. 302 and 
303 show different ways 
in which a five-sided 
frame could be perfectly 
braced, and Fig. 304 
shows the frame over¬ 
braced. 

From the above it 
will appear that to per¬ 

fectly brace a frame it 
must be divided up into 
triangles. Fig. 302. 

Fig. 304. 

Maxwell’s Diagrams. 

Returning to Fig. 294, 
p. 180, which is redrawn 
in outline in Fig. 305,1 

b and applying the triangle 
of forces to the joint A, 
we obtain the triangle 
shown in Fig. 306, and 
therefrom the stresses 
given. The triangle also 
shows that the bar CA 
is in compression, as re¬ 
presented by the arrow 

pointing towards A, and that AB is in tension, as represented by 

the arrow pointing away from A. 

1 Figs. 305-311. See Plate II. at end of volume. 
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For the joint E we obtain in the same manner the triangle 
shown in Fig. 307. 

And lastly, at C we obtain the triangle given in Fig. 308, and 
we see that, as should be the case, the values obtained for C1 
and C2 are the same as before. 

Method of drawing a stress diagram}—The above three triangles 
can be combined together in one diagram, Fig. 309, thus: Commence 
by drawing the triangle for joint A. We now have and on this 
side of the triangle we can draw the triangle for the joint C,as in Fig. 
308, taking care to reverse the direction of C . Lastly, the triangle 
for joint B can be drawn on C2, Fig. 309, and if the diagram has 
been correctly drawn, it will finish off or “ close ” where it com¬ 
menced. Such a diagram is called a stress or force diagramed is one 
of the methods of finding the stresses in a framed structure. These 
diagrams were originally proposed by Professor Clerk-Maxwell. 

It will be noticed that in this example we could have com¬ 
menced by drawing the triangle for the joint C, and then obtain 
the other two triangles, thus finding the values of PA and PiB with¬ 
out previous calculation; but it is not always possible to do 
this, as will be seen by the following example:— 

In Fig. 310, which is an outline copy of Fig. 297, but loaded 
with two weights W and W1? if we were to commence at the joint 
C we should have four forces to deal with, namely, the weight W1 
and the stresses in the three bars connected together at that joint. 
Therefore, as already seen at p. 180, we cannot determine* the 
stresses. Finding, however, BA and RB as usual, we can draw the 
triangle for joint B, as shown in Fig. 311. Now proceeding to 
joint C we form a polygon and obtain the stresses C3 and C4. 
This polygon is drawn by reversing the direction of C2, drawing 
Wx vertically to scale, then drawing C3 to meet C4, drawn parallel 
to their respective bars. Taking D as the next joint, we find 
Gv and the polygon for the joint A can then be added. 

This diagram could, however, have been drawn by commenc¬ 
ing at the joint D, without determining RA or Bb. 

The student is recommended to see what effect altering the 
values of W and Wl has on the shape of the diagram. He will 
find, for instance, that when W = Wv then C3 = T and C4 = 0 ; 
or, again, when W1 = 0, then C3 = 0 and Cx = 0, which is, more¬ 

over, evident on inspection. 

1 In Appendix XVI. will be found more detailed rules for drawing a Maxwell’s 
diagram. 
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The above method will be applied in the sequel to the 
determination of the stresses in roofs. 

Bow’s system of notation has not been used for the simple roof trusses here 
dealt with, but it is admirable for complicated structures. It is explained in Ap¬ 
pendix XVII. and used for the braced girders at p. 354. 

Method of Sections. 

We can now proceed to the consideration of the second method of de¬ 

termining the stresses in a framed structure. 

Imagine the frame shown in Fig. 312 cut in two parts along the line PP ; 

then, considering the left portion, it is clear that this portion could be kept 

in equilibrium by applying to each bar that is cut, a force of the same mag¬ 

nitude and direction as the stress existing in the bar before the section is made. 

Thus the forces RA, W, C3, C5, and T, acting on the portion of the frame shown 

in Fig. 313, are in equilibrium. Hence the sum of the moments of these forces 

about any point is zero (see App. II.) Now it is quite immaterial about which 

point moments are taken. If, therefore, we wish to find C3, we can select the 

point A, which is the intersection of C5 and T (the other two unknown forces), 

and so we obtain an equation containing C3 in terms of W, and the perpen¬ 

dicular distances from A on to the directions of C3 and W, which are called the 
lever arms (RA does not appear in the equation, as it also passes through A). 

If l (see Fig. 313) is the lever arm for W, then IW is the moment of W; 
and if lx is the lever arm for C3, C3 is the moment of C3—the sign being 

negative, because C3 tends to turn the portion of the frame in what we have 
assumed to be the negative direction (see p. 26). 

Hence IW - lx C3 = 0, 

or C3 = j-W. 
ci 

l and lx could be found by calculation, when the dimensions of the frame 

are known, but the process is rather complicated, and, moreover, they can be 

obtained graphically very simply and rapidly, and with sufficient accuracy for 

all practical purposes, by drawing perpendiculars from A (which can be called 

the “turning point”) to the directions of W and C3, and measuring the 

lengths of these perpendiculars to the same scale that the drawing of the 

frame is made to. Carrying this out in the present example we find (Fig. 314) 

1 = 6-70 feet, Z1 = 3,93 feet, 
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and consequently 

6-70 

3*93 
.W=1-7W. 

To find T we must take moments about the point D, the intersection of 
C3 and C5. Measuring the lever, arms we find1 

— 9 *5T — 8‘3W + 15RA = 0. 
Hence 

T = 1‘58RA — 0*87 W. 

And lastly, to find C5 we must produce T and C3 to meet at 0 (Fig. 315); 

and dropping perpendiculars from 0 on to the directions of W and RA we find 
-6-7C5 + 19-3W- 12*6Ra = 0. 

Hence 

— (1'88Ka — 2*9W). 

This method is called the Method of Sections, and is a modification of that 
originally proposed by Professor Rankine. In the present form it was, it 
is believed, originally suggested by Professor Ritter.2 

Rule for Method of Sections.—This method can be stated as 

follows :— 
Sever the structure in two parts by means of an imaginary line (which need 

not be a straight line), cutting if possible through three bars of the structure. 

Select one of the parts, and apply to the severed ends of the bars forces equal 

in magnitude and direction to the stresses in those bars. This part of the 

structure will then be in equilibrium. To find the stress in any one of the 

severed bars, take moments about the point of intersection of the other two 

bars. An equation will thus be obtained containing the unknown stress it 

is required to find, any loads that may be acting on the part of structure 

selected, any reaction that may be acting on it, and the lever arms of the 

various forces involved. 
The following terms are used in connection with this method, and are 

tabulated as follows :— 
Turning point is the point about which moments are taken, and is generally 

the intersection of two of the unknown stresses. 
Lever arm of a force is the perpendicular distance from the turning point 

1 It will be observed that the forces applied to the ends of the several rods in 
Figs. 313, 314, and 315 are all tensions. Hence clearly tensions are positive but 
compressions are negative, if the forces are thus drawn. 

2 See Iron Bridges and Boofs, by Professor Ritter, translated by Lieut. H. R. 
Sankey, R.E. 
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to the direction of the force. Practically these lever arms are obtained 

graphically. 
It was mentioned above that the section should if possible be taken 

through three bars. This is not always possible, and the method must then 

be slightly modified. 

The above is only an outline of the method, which is a very powerful 

one. The student is referred to Professor Ritter’s work above mentioned, 

where he will find the method very fully described. 

We have now considered two methods of determining the 
stresses in a braced structure, and it will be found that in some 
cases the first, and in other cases the second method, gives the 
result in the quickest and simplest manner. It is better to use 
Maxwell’s diagrams when the stresses in all the bars of a frame 
have to be found, and Ritter’s method when the stress on one 

only is required. 
It should be observed that both methods require a drawing 

to scale of the structure, and to obtain accurate results this draw¬ 
ing should be made to as large a scale as possible. 

We now proceed to apply these methods to some simple cases 
of framed structures. 



Chapter X. 

BRACED OR OPEN WEBBED GIRDERS. 

T) RACED or open webbed girders are much used in engineering 
^ works, but have only a limited application in building con¬ 
struction. It will therefore only be necessary to consider one or 
two simple cases. Moreover, the general theory of these girders 
is difficult, and beyond the scope of this book. 

Warren Girders.—A very usual form of braced girder is shown in Fig. 

Fig. 316. 

316, and names are given to the different parts as follows :— 

AB is the compression boom or flange. 

aioai9 *s ^ie ten&on boom or flange. 

a1a11, «2ai2> a3ai3’ etc.) are called braces, and are tension braces 
or compression braces according to the stress in them. 

av a2, etc., are the apices. 

A modification of this girder would be obtained by turning it upside 

Fig. 317. 

down, as in Fig. 317, when the nature of the stresses in the diagonals is 

of course reversed. These forms of braced girders are known as Warren 

girders. 

Fig. 318. 

Lattice Girder.—Fig. 318 shows another form of girder, which is called 
a lattice girder. Vertical braces are added at the ends, and are called end 

pillars. 
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It is most usual to incline tlie braces of a Warren girder at 60° and 

those of a lattice girder at 45°. 
IST Girder.1—Fig. 319 shows another form of braced girder, called the 

N girder. In this the upright braces are called verticals. 

N (braced) girder.—Sometimes additional braces are added, as in Fig. 320 ; 

but, as explained at p. 181, the girder is then over-braced and may be self- 

strained, so that these braces should not be added unless the girder is subject 

to a moving load, and then only to a certain number of bays next the centre, 

depending on the proportion of the moving load to the weight of the girder. 

Application of the Load.—The load is supposed to be concentrated at 
the apices, either at the top or at the bottom ; occasionally, but unusually, 
at both top and bottom. To do this, arrangements must be made to transmit 
the load to the apices by means of secondary bearers. The weight of the 

braces and booms can also be considered as applied at the apices, and practi¬ 
cally the weight of the girder can be taken as uniformly distributed. 

Proportion between span and depth of girder.—As in former 
cases, the depth of the girder must be sufficient for stiffness, and 
it is found that a ratio of about T^- gives the best results. The 
exact depth must be arranged so as to get an exact number of 
triangles, and will therefore depend on the angle of inclination 

chosen for the braces. 

Stresses in Warren Girder. 

Example 38.—We will take as an example the girder shown in Fig. 
321 supporting loads of Wx, W2, W3, etc., tons on the upper apices. 

or 

d 

-£ Aal ~ 

A a1 — 

tan 60° = /y/3, 

2 d 

75* 

1 Also called Whipple-Murphy girder. 
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If n is number of triangles, 

2d 
n(Aaj) = span =12 d — n —y=, 

whence w=10*4. 

Therefore ten triangles will do, and will give a depth rather greater than 
span, as shown in the figure. 

To find the stresses, take a section and select the left portion of the 

girder for calculation (Fig. 322). We will adopt the following notation :— 

C4j5j the compression in the bar aAab of the top boom. 

B4j14j the stress in the brace a4a14. 

T13>14j ^ie fensi°n in the bar a13a14 of the lower boom. 

a, the distance between the apices. 

And similarly for the other bars. 
To find the stress C4>5 we must take moments about a14> and we thus 

obtain the equation 

_ a _ 3 a w 5a m 7 a _ 9a 
+ <ZxC4)5-W4x?-W3x —-W2x —-WjX —+ RAx — = 0. 

Supposing that 
Wl=w2=w3=.. .=w9=w, 

as is most usually the case, then 

HA = 4*5W, 

and 
+ 2dx C4>5 - a (W + 3W + 5W + 7W - 9 x 4*5W) = a 

Or + 2d x C4)5 + 24‘5W x a = 0, 

and C4(5=-24-5W^. 

1 1 
But = cotan 60° = -7=. 

d v 3 

24-5 
Therefore C4)5= 

The — sign shows that C4>5 is in compression. 
Again, to find T13,14 we must take moments about a4, and we obtain 

~dx T13,u - W3 x a - W2 x 2a - W1 x 3a 4- RA x 4a = 0. 

As before, when the apices are equally loaded, we get 

~dx T13j14 - a(W + 2 W + 3 W - 4 x 4*5 x W) = 0. 
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That is. 

12a. :,a 

■ ->• 
According to the rule, to find B4>14 we ought 

to take moments about the intersection of a4a5 

and a14a15. But these lines do not meet, or, in 

other words, their intersection is at infinity. All 

the lever arms would therefore be infinite. Although 

the result can be obtained by following the rule, it 

is simpler in this case to resolve vertically (see Appen¬ 

dix II.) the forces acting on the portion of the girder 

shown in Fig. 322. It will be observed that both 

C4>5 and T13)14 have no resolved part vertically, since 

they are both horizontal, and that the resolved part of 

B, is 

B, ■4,14 x_sin 60°, 

— -r 

Hence 

vX 
2 4)14 ■ w4-w3-w2-w1 + RA = o. 

Or, if the apices are equally loaded, 

B4,i4 = 0-5W-7I> 

W 

3' 

In the same manner the stresses in all the 

other bars can be found. These have been worked 

out, and are marked on Fig. 323. 
I11 the above example the loads are supposed 

to be applied to the upper apices. If they were 

applied to the lower apices, the stresses would be 

slightly modified. The student is recommended 

to re-work the example with the loads applied to 

the lower apices. 

Stresses in Whipple-Murphy Girder. 

Example 39.—Find the stresses in the girder 

shown in Fig. 324, the lower apices being loaded 

with 3*0 tons each. 
To find the stresses in the bars a3a4j ana3) 

and ana12, take an oblique section along the line 

00, as shown in Fig. 325. 
The stress in a3a4 can be found by taking 

moments about a12> thus (the depth being 4 feet)— 

+ 4C3j4 - 4 x 3-0 - 8 x 3-0 + 12 x 13*5 = 0. 
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Whence C8>4 = -31*5 tons. 

a3a4 is therefore in compression. 

To find T11>12) take moments about a3, 

- 4Tn,i2 " 4 x 3*0 - 8 x 3*0 + 12 x 13*5 = 0, 
T11j12= +31*5 tons, 

so that aual2 is in tension. 

Fig. 324. 

o 

Fig. 326. Fig. 327. 

The stress in the vertical a3a12 can be found by resolving vertically, 
thus— 

- V3.12 - 3*0 - 3*0 + 13-5 = 0, 

Y3>12 = +7*5 tons. 

Another section must be taken to find the stress in the brace a3a1L as 
shown in Fig. 326. 

Resolving vertically, 

B3j11 x cos 45° + 13-5 - 3-0 - 3*0 = 0, 

B3,n = ~~ 7*5 x v/2, 
B3)11= - 10‘6 tons. 

To find the stresses in the bars and aQa10, we can take a section 
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9-21 

9-OT 

cutting through only two bars (Fig. 327).*—P 
Kesolving vertically, 

B0>1x cos 45°+ 13-5 = 0, 

or B0;1=-13-5x ^2. 
= - 19*1 tons. 

To find T0^10 we can take moments 

about any point in aQav for instance, about 

P, whose distance from aQ is c, then 

- T0jl0 x c sin 45° + 13-5 x c cos 45° = 0. 

sin 45° = cos 45°, But 

so that 

The stresses B, 
found very simply, by diagram, as shown in 

Fig. 328. 

T0j10 = +13*5 tons. 

and T0)10 can also be 

13-5a 

Fig. 328. 

B8|h 

/ 

( w 
a 14 TUi 

\ f3 ions. 

Fig. 329. 

It will be observed that a straight section 
taken to obtain the stress in abau will cut 
through four bars, but by taking a circular sec¬ 

tion, as shown in Fig. 329, we need only cut 

through three bars, and by resolving vertically 

we obtain at once 

B5,14= + 3 t0nS> 
a result which is self-evidently correct. 

The stresses in the remaining bars of the 
girder can be obtained in precisely the same 

manner to the above, and as an exercise the 

student is recommended to carry out the cal¬ 

culations for each bar and check the results 

he obtains by those given in Fig. 330. He is 

also advised to find the stresses when the 
girder is turned upside down, as shown in 
Fig. 331. 1 

‘IB
S 
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General Remarks.—It is to be noticed that in both the 
above examples all the top horizontal bars are in compression, 
and all the lower horizontal bars in tension. Further, all the 
braces sloping downwards away from the centre are in com¬ 
pression, and all the braces sloping downwards towards the centre 
in the Warren girder and the verticals in the Whipple-Murphy 
girder, supported as in Fig. 330, are in tension. The stress in 
both top and lower booms is greatest at the centre, and gradually 
diminishes towards the ends; the stress in the braces is least at 
the centre, and increases towards the ends. 

The student is recommended to compare carefully these stresses 
with those in a plate girder. 

Dimensions of the various bars.—The stresses being obtained, 
the dimensions of the various bars can be found as explained in 
Chap. VI. 

For the small braced girders used in building construction, 
the booms are generally made of horizontal plates riveted to¬ 
gether as in plate' girders, and connected by L irons with a 
vertical web plate, to which the braces are secured. The ties 
are generally made of flat bar iron, and the struts of L, T, or 
LJ iron. 

Short practical Formula for all open webbed Girders. 

The stresses in the flanges Bs may practically be taken as in 

a plate girder. 
Applying this to Example 38, p. 188, for a plate girder (uni¬ 

formly loaded) we have from Equations 15 and 89 
/i/i72 _ 

M„= — M = rtM = Bsd, 

wl2 wl2 
Bsxd= — and B.,= —, 

w = — in Example 38; d = -F, 
a 2 

"VV (10a)2 2 

= "a X 8 X V? 

25aW 

dW here = W in Example 38, 

25W 

i_7T B„ 

B.C.—IV. O 
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which is practically near enough to the result in Example 38, viz. 
24-5W 

\/ 3 
The stress on any bar is equal to the shearing stress at the 

point multiplied by the cosecant of the angle of inclination of the 
bar to the horizontal, and divided by the number of triangulations. 
Thus in Example 38 the shearing stress at B4,14= — W4 — W3 
— W2 — Wx + BA = — 4W + 4*5W = *5W. 

By above rule the stress in B4,14 = *5W cosecant 60° 

= *5W- ^ = 
V3 

W 

Js 
which agrees with the result by the other method (see p. 190). 

In vertical bars (the cosecant of 90° being 1) the stress is equal 
to the shearing stress at the point (see V8,12, p. 191). 

Graphic Method. 

Figs. 1 and 2, Plate C, show Example 38 worked out by a Max¬ 
well's diagram, and Figs. 3 and 4 show the same for Example 39. 

In Example 38, 2 tons per upper apex has been assumed 
as the load. The notation is by Bow’s method, which is explained 
in Appendix XVII. 

By measuring the different lines of the diagrams on the scales 
given it will. be seen that the stresses found graphically agree 
with those found by calculation. 

The thick lines denote compressions, the thin lines tensions. 
Lattice girders may be calculated by the method given for Warren girders at 

p. 188, or by the graphic method. 
A separate calculation or diagram should be made for each triangulation. 
Bowstring Girders have a curved upper flange or bow, which for an uniformly 

distributed load should theoretically be a parabola, but is practically made an arc 
of a circle (see p. 34) ; the lower flange or string is horizontal. 

For an uniformly distributed dead load only vertical bars are required, suspending 
the string (on which is the load) from the bow. 

Where Z = span, w=weight of bow and load per unit of length, d=depth of 
girder at centre, ra=distance between the vertical bars. 

The horizontal thrust (T) throughout bow = tension in string=^. 

The compression along the bow at any point distant x horizontally from the 

centre = + TJ. 
Thrust on bow at springing = T x secant of angle of tangent of bow at this point 

with horizontal. 
Tension on each vertical bar=raw. 
Advantages.—The stress on the string and verticals is uniform, that on the bow 

varies only from 8 to 12 per cent, so that the bars and plates may be of uniform 
dimensions. As the girder can be made of a depth equal to -J- its span, the sections 
of the flanges will be light and economical in comparison with those of shallower girders. 

Bowstring girders are very seldom used in connection with buildings and need 
not be further described. 



Chapter XI. 

TRUSSED BEAMS 

SEVERAL kinds of trussed beams were described in Part I., and 
it will be noticed that the construction of these beams is 

simple ; the calculations to obtain the stresses accurately are, how¬ 
ever, difficult, and beyond the scope of these Notes. It is clear that 
the beam itself bears a certain proportion of the load, and the 
trussing makes up the difference. The part borne by the beam 
depends on the comparative stiffness of the beam and of the 
trussing, and this varies with the temperature, which affects the 
length of the tie-rods. Moreover, the beam is not in a simple 
state of bending stress, but is also subject to direct compression 
arising from the trussing, and liable at any time to alteration by 
tightening or slackening the nuts of the tie-rods. These con¬ 
siderations will show that the accurate calculations are compli¬ 
cated and practically useless, as they would have to be based on 
assumptions which might at any time cease to be correct. 

It is therefore usual in practice to assume that the beam does 
not bear any of the load 
as a beam, and this as¬ 
sumption amounts to the 
same thing as to suppose 
that the beam is jointed R' 
at the point or points 
where the struts are con¬ 
nected to it. Thus the 
trussed beam shown in 
Kg. 332 is assumed to be jointed as in Fig. 333. This assump¬ 
tion clearly errs on the safe side, and makes a rough allowance 
for the compression produced in the beam by the tension in the 
tie-rod. 

With this assumption there is no difficulty in finding the 

Fig. 332. 
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stresses by either of the methods given in the preceding chapter. 
For instance, employing Maxwell’s diagrams it will be seen that 
Fig. 334 is the diagram of the stresses in the trussed beam shown 

in Fig. 332. 

Having thus obtained the 
stresses, the dimensions of the 
various parts can be found as ex¬ 
plained in Chaps. III. and YI. 

Trussed beams of the form 
shown in Fig. 335 are, as explained at p. 181, incompletely braced, 
and are therefore unsuitable if the load is not uniformly distri- 

Fig. 335. 

buted. Fig. 336 shows the change of form which would take 
place if the beam were jointed and one point only were loaded; 

this figure exhibits, therefore, the tendency when the beam is con¬ 
tinuous, although the stiffness of the beam controls the deforma¬ 
tion. For uniform loads, however, such beams are suitable, as the 
stiffness of the beam would be quite sufficient to counteract any 
small unevenness in the load that might occur. 

Example 40.—Design a trussed beam 18 feet span to carry a load of 8 

cwts. per foot run. 

The first step is to find how many struts to employ. If we place one 

strut at the centre, the beam will be divided into two portions of 9 feet each, 

and there will be a load of 9x8 = 72 cwts. on each of these portions. 

Considering each portion as a beam loaded uniformly and supported at both 

ends, it will be found on referring to Tables II. and III. that for strength 

6" x 9" deep, and for stiffness 3f" x 11" deep, is required. If, therefore, timber 

3| x 11, or its equivalent in section, is available, one central strut will be suffi¬ 
cient, and the trussed beam would be of the shape shown in Fig. 332. We 

will, however, suppose that timbers of this section are not obtainable ; it will 

therefore be necessary to use more than one strut. If two struts are used, as 

shown in Fig. 335, the total span will be divided into three portions of 6 

feet each, and if each of these portions is looked ujjon as a beam uniformly 
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loaded and supported at both ends, it will be found that for strength and for 
stiffness a beam 4" x 7" deep is needed. We will decide on this section. 

The depth of the trussing must next be fixed. If it be made deep, the 

stresses will be much reduced, but in many cases a deep trussing is incon¬ 

venient. A rule applicable in general cases is to make the depth of the 

trussing from centre of beam to tie-rod about of the span. In the present 

Fig. 337. 

case, therefore, a depth of 1' 6" would do very well, so that the struts will 
be 1' 2" long. Fig. 337 shows the trussed beam in outline. 

Distribution of the Load.—We may consider that half the load on AC and 

half the load on CD is concentrated at C ; that is, the load at C is 

-|(6 x 8 4- 6 x 8) = 48 cwts. 

The remaining half of the load on AC is transmitted direct to the point 

of support, and it therefore does not affect the stresses in the trussing. At 

D there will clearly be the same load as at C, hence the reactions and 
RfJ are each equal to 48 cwts. 

We will now find the stresses both by the method of sections and by 
Clerk-Maxwell diagram. 

Stresses by Method of Sections.—To find the stresses in AE and CE 
take the section shown in Fig. 338, and for the 
stress in AE take moments about C. 

- 1-44Tx +6 x 48 = 0, 

m 6 x 48 
T, = ——— = 200 cwts., 

1 1*44 „ ’ 

= +10 tons. 

To find the stress in CE take moments 

about A. 

4- 6 x 48 4- 6 x Cx 
C. 1 — —48 cwts., 

= — 2*4 tons. 

The stress in EF can be found by taking the section shown in Fig. 339, 

and taking moments about C, then 

- 1*5 xT2 + 6x 48 = 0, 

T0= - 
6x48 

cwts., 
1*5 

= 9‘6 tons. 
The stress in FB will clearly be equal 

to that in AE, and the stress in DF to that in CE. We do not require 

the direct compression in AC, CD, or DB for the approximate method we are 

employing. 
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Stresses by Clerk-Maxwell Diagram.—Commencing at the abutment 

A we obtain the triangle fgh (Fig. 340), from which we find Tx = 10 tons as 

before. Proceeding to E we obtain the triangle him (Fig. 341), from which 

we obtain 
T2 = 9*6 tons, 

Cx = 2*4 tons. 

Having obtained the stresses, the diameter of the tie-rod can be found as 

explained in Example 13, and is given in Fig. 335. The stress in the struts 

is so small that no calculation of dimensions is needed. 
If however we now carry the investigation a step further, and consider 

the horizontal timber beam as a strut resisting the compression caused by 

the tie-rods, we shall find, the section of 4" x 7", found sufficient as a beam, 

inadequate as a strut, unless the truss were so supported laterally as to be 

incapable of flexure sideways. For we have compression in CD = tension in 

EF = 192 cwts. on 28 sq. in. = 6*85 cwt. per sq. in. on a strut in which (see 
210" 

Table VI.) R = ■= 54 and rc — 0*58 only. If we now increase the section 

216 
to 9" x 9", we shall then have R = —= 24, rc= 2*75 and the compressive 

192 o o J 
stress = -— = 2*3 cwt. per sq. m. 



Chapter XII. 

ROOFS. 

MANY different kinds of roofs were described in Parts I. and 
II., and Tables of the dimensions used in practice were given. 

Cases may, however, occur in which the conditions are different 
from those assumed in these Tables, and it then becomes necessary 
to find the stresses in the various members of the roof, and there¬ 
from deduce the dimensions. 

The general method of finding the stresses in roofs will 
therefore be described in an elementary manner, and will be 

illustrated by examples. 

Loads to be borne by Roofs. 

Roofs are subject to several kinds of loads, but these loads can 
be classed under two heads— 

1. Permanent Loads.—These consist of the weight of the 
roof truss itself, of the purlins, rafters, and roof covering; 
frequently also the weight of a ceiling has to be borne by a roof, 

and sometimes the weight of a lantern. 
The weight of the truss itself must be estimated much in the 

same way as the weight of a girder, but there does not appear to 
be any formula available corresponding to that of Unwin's for 
girders. Table XII., however, gives the information required for 
several different kinds of roofs, and even in a special case the 
weight required can be deduced therefrom with sufficient accuracy 
for practical purposes, care being taken in large structures to 
check the assumed weight by that deduced from the completed 

design, modifying the dimensions if found necessary. 
The weights of purlins, rafters, roof covering, etc., are also 

given in Tables XII. and XIII. 
The use of these Tables will be better shown when working 

out the examples. 
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2. Occasional Loads.—The occasional loads consist of the 
weight of snow and of the wind pressure. 

Snow.—The weight of snow a roof is likely to have to bear 
depends on the locality in which it is to be erected, and at best 
only an approximate estimate can be given. It is usual to assume 
in England that a roof of very flat pitch may have a depth of 6 
inches of snow on it, and the depth will of course diminish as the 
pitch increases. It can be further assumed that the weight of a 
cubic foot of snow varies from 5^ to 11 lbs., according to the 
amount of consolidation, so that an allowance of 5 lbs. per square 
foot of horizontal surface covered by the roof is ample. 

Wind pressure.—The wind pressure is more difficult to allow 
for, and the experimental data on the subject are at present very 
deficient. It is, in fact, only since the Tay Bridge disaster that 
English engineers have inquired at all closely into the subject, and 
the estimated allowance to be made for wind pressure has varied 
very considerably. In Unwin’s Iron Bridges and Roofs, however, 
although published long before the Tay Bridge disaster, the subject 
is treated at some length, and the following is principally derived 
from that work. 

Assume that the wind blows horizontally. When it meets the inclined 

surface of a roof it will produce a pressure, normal (i.e. perpendicular) to the 

surface of the roof, and there will also he a force exerted along the surface of 

the roof. Now as air is almost a perfect fluid, this force along the surface of 

the roof will be extremely minute and can be neglected. Therefore we can 

state that the wind pressure acts perpendicularly to the surface of the roof. 

Let P be the horizontal wind pressure per square foot, that is, P is the 

force exerted by the wind on a vertical surface one square foot in area, and 
let PN be the pressure normal to the surface of the roof per square foot, 
then according to Hutton’s experiments 

PN = P(sin i) 1*84 cos i -1 . . . . (90), 
where i is the angle of pitch of the roof. 

Amount of wind pressure to be calculated for.—As regards the value to be 

given to P, the data at our disposal are not so numerous or so trustworthy 

as might be wished ; the general practice, however, is to give P some value 

between 40 and 60 lbs. per square foot.1 For ordinary roofs, unless in positions 

of exceptional exposure, 50 lbs. per square foot will be sufficient to take. 

Table XIY. is derived from Equation 90, which it must be 
remembered is only empirical, on the assumption that P = 5 0 lbs. 
per square foot. 

1 A wind pressure of 41 lbs. per square foot has been registered at Greenwich. 
The gale which destroyed the Tay Bridge was calculated to have a force of 42 lbs. 
per square foot. The Board of Trade require 56 lbs. per square foot to be taken for 
railway bridges which are often much exposed (Wray, Scddon). 
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Stresses in roofs of special shape.—It may occur in large roofs of special shape that 
the wind pressure produces (say) compression in some member of the roof, in which 
the permanent load and the snow produce tension, or vice versd. In such a case the 
weight of the snow actually assists the member in question, but as the maximum 
wind pressure may occur when there is no snow on the roof, this assistance from 
the snow should not be reckoned on.1 Hence the stresses due (1) to the permanent 
load, (2) to the snow, (3) to the wind pressure, should be determined separately, and 
that combination of (1), (2), and (3) which produces the greatest stress in any member 
must be adopted in designing it. However, in the comparatively small roofs used 
in ordinary building construction, such as those illustrated in Parts I. and II., the 
wind pressure does not reverse the stresses in any of the members. 

Stresses in ordinary roofs.—In these it is only necessary to 
obtain the stresses produced— 

(1) By the permanent load and the snow combined, (2) by 
the wind pressure; and from a consideration of these stresses the 
maximum stress to be borne by each member can be found, as will 

be shown in the sequel. 
Tredgold assumed that the wind pressure acted vertically and 

uniformly over the whole surface of the roof. Such an assump¬ 
tion is clearly erroneous, nevertheless the scantlings given on his 
authority in the Tables, Parts I. and II., are dependent on this 
assumption. The lighter scantlings for wooden roofs given in 
Parts I. and II., and in Table XV., were obtained on the assump¬ 
tion that the wind joressure acts perpendicularly to the surface of 
the roof, and only on one side, and are recommended for use. 

Distribution of the Loads. 

The weight of the roof covering, of the snow, and of the wind 
pressure is borne in the first instance by the common rafters, and 
by them transmitted to the purlins. Taking a simple case, in 
which there is only one purlin on each side of the roof, each 
common rafter will be supported in the centre by the purlin, at 
the top by the ridge piece and at the bottom by the wall plate. 
If the rafter is continuous, and these three points are accurately in 
a straight line, it can be shown (see Appendix XI.) that |-ths of the 
load on the rafter will be supported by the purlin, q^-tlis by the 

ridge piece, and T\ths the wal1 Plate* If> however> tlie tliree 
points of support are not in a straight line, this distribution 
would be changed. Supposing the rafters were not continuous, 
but (as it were) jointed just over the purlin, then clearly the dis- 

1 “ It is suggested that, except perhaps in very cold climates, the snow need not 
be considered at all. Since long before such a wind force as 50 lbs. per foot square 
could take effect upon a roof all the snow would have been blown off it.”—Wray, 

Instruction in Construction (Seddon). 
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tribution would be as follows:—half the load on the purlin, 
quarter on the ridge piece, and quarter on the wall plate. This 
latter distribution causes greater stresses in the roof, and it will 
therefore be better to accept it. Now let a, b} c (Fig. 342) be three 

purlins (and we will suppose, as is 
usually the case, that db = be and that 
w is the load1 on the portion ab of 
the rafter and also on the portion be), 
then, if the rafter is considered to be 
jointed over each purlin, half the 

load on the portion <z&/or -) will be 

transmitted to the purlin b, and half the load on the portion be 

^or ^ will be transmitted to the same purlin. On the whole, 

therefore, the purlin b will have a load = w transmitted to it from 
the rafter in question. Applying this to the case where there are 

two purlins on each side of a roof, as shown in Fig. 343, the two 

purlins will each support a load w and the ridge piece and wall 

w 
plate —. 

The total load on a purlin will be that due to the sum of the 
loads transmitted by all the common rafters supported by that 
purlin. Eeferring back to Fig. 342 it will be seen that purlin 

1 The loads are shown acting vertically, but the argument holds equally for the 
wind pressure. 
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b supports the load on a strip of the roof —^—wide, and ex¬ 

tending the whole length of the purlin, that is, from one truss 
supporting the purlin to the next. This is indicated in Fig. 344. 

The purlins transmit the load to the principal truss, and, 
looking upon the purlin as a beam supported at each end, half 
the load on the purlin will be borne b;f each truss supporting it. 

3 

if 

aE 

■HI 

Fig. 344. 

Thus, referring to Fig. 345, at each point where a purlin is fixed 
to the principal rafter of the truss there will be a load 

= ^ load on purlin AB + ^ load on purlin BC, 

that is the load due to the hatched portion of the roof, Fig. 345. 
Usually the trusses are equidistant. In such a case the 

load at every point of the principal rafter where a purlin is fixed 
is equal to the load on a strip of the roof equal to 

distance apart of purlins x distance apart of trusses. 

So far we have tacitly assumed that the purlins are placed 

immediately over the joints of 
the truss as shown in Fig. 346. 
Sometimes, however, smaller pur¬ 
lins are used, and they are dis¬ 
tributed along the principal rafter 
as shown in Fig. 347. In such 
a case we can consider cib as a 
beam supported at b, and be as 
another beam supported also at 
b, so that half the load on each 
of these beams will be transmitted 
to the joint at b. The load on 
the joint at b will therefore be 
the same as if there were only 
one purlin at b. The above 
refers strictly only to the loads due to roof covering, rafters and 
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purlins, wind and snow. The weight of the truss itself should 
strictly be considered as applied at all the joints, but it is 
sufficiently accurate to consider this part of the load as applied 
to the same joints (i.e. the upper joints) as the other loads. 

In every case, therefore, the load acting on a joint of the 
principal rafter (and in almost every case these are the only joints 
that have to be considered as loaded) is the load on a strip of 
roof whose width extends half-way from the joint in question to 
the joints on either side of it, and whose length is the distance 
between the trusses. 

Example 41.—To take a numerical example, let it be required to find the 
loads on the joints of the iron roof shown in Fig. 348, the trusses being 

supposed to be 10 feet apart. 

Permanent Load and Snow.—First as regards the permanent load and the 
snow, we want to know the load per square foot of roof surface. 

Referring to Table XIII. we find 
Per square foot of roof surface. 

Roof covering (countess slates) . . 8 lbs. 
Slate boarding (1" thick) . . . 3*5 „ 

11-5 lbs. 

From Table XII. 

Common rafters and purlins 

Principal 

Snow .... 

Per square foot of covered area. 

. 2-0 lbs. 

. 3*5 „ 

■ 5-0 „ 

10*5 lbs. 

This last part of the load must be reduced to the load per square foot of 

roof surface. Referring to Fig. 349 it will be seen that it is the load on 

1 x 1*15 square foot of roof surface, so that this part of the load is, per 
square foot of roof surface, 

10*5 

1*15 : 
= 9-1 lbs. 

Therefore the total load per square foot due to permanent load and snow 
= 11-5 + 9*1 = 20*6 lbs. 

The load at joint A is due to a strip of roof 5 feet wide as indicated by the 

arrows in Fig. 348, and 10 feet long, but as this load is supported directly 

by the abutment, it does not cause any stresses in the roof, and need not 
therefore be considered. 
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The load on joint D is due to a strip of roof 5 + 5 = 10 feet wide by 10 

feet long. Hence load at D 
= 10 x 10 x 20*6 = 2060 lbs., 

= 0*92 ton. 

The load at C is due to two strips, each 5 feet x 10 feet, so that the load at 

C is the same as at D. 
Clearly the load at E is also the same. 

Load due to Wind.—Next, to find the load due to the wind. Supposing 
that the wind is blowing from left to right, then the left side only of the 

roof will have any wind pressure to bear. As already mentioned, the 

direction of the wind pressure is taken normal to the surface of the roof, 
and from Table XIV. we see that for a pitch of 30° the wind pressure to be 

alkuved for is 33*0 lbs. per square foot. 
The load at joint A is due* as before, to a strip of roof 5 x 10, so that 

the load equals 
5 x 10 x 33 = 1650 lbs., 

= 0*73 ton. 

The load at joint D is 
10 x 10x 33 = 3300 lbs., 

= 1*46 ton. 

And the load at joint C is 
5 x 10 x 33 = 1650 lbs., 

= 0*73 ton. 

The load on any roof can be found in a similar manner. 

Reactions at the Abutments. 

As regards the permanent load and the snow, the reactions at 
the abutments can be found as explained at p. 23 (Example 3). 

The reactions due to the wind pressure cannot, however, be 
found in so simple a manner. 
Let Fig. 350 represent a roof 
(the arrangementof the bracing, 
being immaterial, is omitted), 
then, regarding the roof as a 
whole, the total wind pressure 
PN can be considered as concentrated at D, the centre point of 

the side of the roof. 
Further, PN can be replaced by two forces—one a vertical 

force, Pv, and the other a horizontal force, PH. The reaction at 
each abutment can also be replaced by two forces, one vertical 
and the other horizontal, as shown in the figure. 

VA and VB can be found at once, as being the reactions due 
to a vertical load Pv and a horizontal load PH, thus if d is the 

height of the point D above the abutments 

VA = ^xPv-dxPH = fPv-dxPH 
A s 
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and similarly 
VB = £Pv-MxPH 

As regards IIA and HB, however, all we can say is, that 
Ha + H„ = Ph . . . (91), 

but we cannot, from the conditions of equilibrium, determine the 

value of Ha or HB. 
This will be easily understood by considering that, if the 

support B were quite smooth, and therefore unable to offer any 
horizontal resistance, the support A would have to furnish all 

the horizontal reaction. We must therefore endeavour to find 
some other condition to determine 
the relative values of IIA and HB, 
or else make some assumption. Now 
in the case of wooden roofs a fair 
assumption to make would be, that 
each abutment will just afford suffi¬ 
cient horizontal reaction to make 

the total reaction parallel to the normal wind pressure, as is 
shown in Fig. 351. In this case 

EB(m + n) = PN x m, 

Pi — m P 
m + n 

• (92), 

K~ n. 
m + n 

. (93). 

And m and n can be found by measurement. 
In iron roofs, however, the case is rather different. To pro¬ 

vide for the expansion and contraction due to variations of 
temperature, one end of the roof is fixed and the other end left 
free to move; and so to enable this end to move freely it is 
usual in large roofs to place steel rollers under the shoe. 

In small roofs, where the shoe at the free end simply rests 
on a stone template, the horizontal resistance of the free end 
cannot exceed the frictional resistance. Now the coefficient of 
friction for iron upon stone can be taken at about 0*45, and to 
find the resistance to friction we have only to multiply the 
vertical pressure by this number, so that, supposing B to be the 

free end, we have, if VB is the vertical reaction due to the wind 
pressure, roof covering, roof truss, and snow, 

Hb=0*45Yb, (94), 
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and this is the greatest value IIB can have, and HA = PH — 0'45VB, 
so that, knowing HB, we can easily find HA. The assumption 
made in the case of wooden roofs is therefore only tenable in the 
case of small iron roofs, so long as it does not require a greater 

value of Hb than the above. 
Now, for ordinary pitches, the assumption that the reactions are 

parallel to the wind pressure holds good, and equations 92 and 93 
are applicable, but for high pitches it does not hold good. 

Let us inquire at what fitch the change takes place. Fig. 3 52 is the 
outline of a roof, the reac- Hb 
tions at the abutments being 
parallel to PN. It will be 
seen that the inclination of 

RB to VB is a, the angle of 
pitch. Hence Fig. 353. 

RB cos a = VB, 

also Rb sin a = HB. 

Results which are also evident from the triangle of forces, Fig. 353. 

But by taking moments about A, 
JPK= 2 cos2a x Rb. 

Hence 

PKsina _ __ P„ 
Hb = ——o-, and V »= -——. 

B 4 cos za 4 cos a 
Now if L denote the permanent load, 

PN L 
V --?!-u 

B 4 cos a 2 

Therefore the maximum value of HB, from equation 94, 

P. L\ 
= 0-45 

\4 cos a 2 / ’ 

and the value of a required can be obtained from the equation 

Pwsin ( 
= 0-45 

L' 

4 cos a 2 4 cos‘2a 
It will be seen that a depends on L, and it will be found on trial that 

for very light roof coverings (such as zinc) a= 36°, and for heavy roof cover¬ 

ings, such as in Example 41, a = 45°. 

When an iron roof expands by an increase of temperature, the 
abutments will resist the expansion by exerting horizontal forces 

hA and hB> which will be equal 
and opposite to each other; but 
as soon as these forces exceed 
the frictional resistance of the ^ 
free end, that end will begin to nxedend FlS- - 

move. Now supposing that a strong wind is blowing from right 
to left, whilst the roof is expanding, the wind causes a horizontal 
reaction H^, and the increase of temperature a horizontal reaction 
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hB in the opposite direction, as shown in Fig. 354. Supposing, as 
may well happen, that 

then clearly there will be no horizontal reaction at the abutment 
B, or, in other words, abutment A will have to supply the whole 
of the horizontal reaction, that is 

h'a+aa = ph. 
A similar case may occur when the wind is blowing from left 

to right, and the roof is at 
the same time contracting; 
then, as in Fig. 355, if 

HB Ajj, 

ha + K = 
and the horizontal reaction at the free end will be zero. 

Cases to be Considered. 

Reviewing what has been said with regard to small iron roofs, 
supported on substantial abutments and with the free end not 

resting on rollers, it will be seen that there are four cases to be 
considered, as follows :— 

The free end being on the right. 

'"Reactions parallel to normal wind press¬ 
ure for pitches from 36° to 45°, ac¬ 
cording to the roof covering, or hori¬ 
zontal reaction at free end equal to 
frictional resistance for pitches above 

[ 45°. 

Case 3. Wind on left ) TT • . i . » , 
~ , ,Tr , . i 1 / Horizontal reaction at free end zero. 
Case 4. Wind on right J 

It will be necessary to find the stresses in each case, and then 
pick out the maximum stresses to which the various bars may be 
subjected. 

O11 the other hand, in large iron roofs, where the free end of 
the trusses are supported on rollers, or, again, in small iron roofs 
having one end supported by a column, which can offer little or 
no horizontal resistance, the horizontal reaction at the free end 
can be taken as zero. In such roofs, therefore, only two cases 

need be considered, namely— 

Case 1. Wind on left 1 
Case 2. Wind on right J 

Case 1. Wind on left 
Case 2. Wind on right 

Horizontal reaction at free end zero. 
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We have now shown how to find the loads and reactions 
acting on roof trusses, and the next step is to show how the 
stresses can be obtained. This we proceed to do by means of a 
numerical example. 

Stresses in an Iron Roof Truss. 

Methods of finding the Stresses.—The stresses can be found either by 

the method of sections or by the graphic method (Clerk-Maxwell diagrams). 

If the stresses in all the bars are required, then the latter method will be the 
better one to use ; but if it is only required to find the stresses in one or 

two of the bars, then the method of sections will give the result, as a rule, 
more quickly. As an illustration, however, the stresses will be found by 
both methods, by the graphic method below, and by the method of sections 

in Appendix XVIII. 
Example 42.—Find the stresses in the iron roof truss shown in Fig. 

373, p. 215, and 356,1 Plate III., assuming the following data:— 

Span 40 feet. 

Distance apart of trusses 8 feet. 

Purlins placed over joints of truss. 

Roof covering—Countess slates on boarding. 

Pitch 2if0 or \ span. 

Rise of tie-rod fa of span. 

Stresses due to Permanent Load and Snow. 

Preliminaries.—To find the permanent load and snow on the roof we refer 

to Table XIII., whence 

Roof covering and boarding 

Common rafters and purlins 

Principal .... 

Snow 

Per square foot of roof surface. 

. 10-5 lbs. 

Per square foot of covered area. 

2*0 lbs. 
. 3*5 „ 

. 5-0 „ 

10-5 lbs. 

Or 10*5 x —- = 97 lbs. nearly per square foot of roof surface. 
1 *08 

Hence total load per square foot of roof surface 
= 10-5 + 97 = 20*2 lbs. 

Now the length of principal rafter is 

V 202 4- (-J*-)2, 
= 21/6 feet nearly. 

Hence the loads are (see p. 203) at joint D 
91 -fi 
— x 8 x 20-2 = 1745 lbs., 

2 
= 0*78 ton. 

And joints C and E will be loaded to the same amount. 

The reactions at A and B will be each equal to 
| x 0-78 = 1-1.7 ton. 

1 Figs. 356-359. See Plate III. at end of volume. 

B.C.-IV. p 
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The external forces due to the permanent load and the snow are therefore 
as drawn in black in Fig. 356, Plate III. 

Maxwell's Diagrams.—Commencing at joint A (Fig. 356), Plate III., by 

drawing ab parallel to AC, be to AF, etc., we get the triangle abc (Fig. 3 5 7), which, 

measured on the scale of forces, gives the stresses in AD and AF, and shows 

that AD is in compression and AF in tension. We next proceed to joint D : 

there three bars meet, and there is also one external force, hence we obtain the 

quadrilateral abdea, and we thus find the stresses in DC and DF. Next pro¬ 

ceeding to joint F we get the quadrilateral cbdfc ; as this quadrilateral is of 

peculiar shape it is shown separately in Fig. 358, and from it we find that both 

FC and FG are in tension. The student is strongly recommended thus to draw 

separately the diagram for each joint until he has made himself completely 

master of the subject. We have thus practically found the stresses in the left 

half of the truss, and the stresses in the right half can be deduced at once b}r 

symmetry; for clearly the stress in CE will be the same as that in DC, and 

so on. The diagram has, however, been completed for the whole truss. 

At joint C we get the five-sided figure eghfd (Fig. 359). 

At joint E the quadrilateral ghlh (Fig. 357). 
At joint G the quadrilateral fhlc. To draw this quadrilateral all we 

have to do is to draw from l a line parallel to GB, the other sides being already 

determined. This line ought, if the diagram has been correctly drawn, to 
pass through c, or, as it is expressed, the diagram ought to “ close.” We 
thus have a very useful and simple check on the accuracy of the work, for 

if any mistake has been made the diagram will not close. 

Finally the triangle chi gives the stresses at joint B, and the numerical 

values of the stresses can be obtained by measuring the lines representing 

them on the scale given (| inch = 1 ton), the values being then filled in 

to column 2, Table H., p. 213. 

Stresses due to Wind Pressure. 

We now proceed to find the stresses 
due to the wind. On referring to 

Table XIV. we find that, for a roof of 
2l£° p>itch, the wind pressure normal 

to the roof should be taken at 25‘2 
lbs., or say 25 lbs. per square foot. 
Following the method explained at p. 

205 we then obtain the load caused by the wind on the joints D and C, as 

shown in Fig. 360, namely— 
21 *6 

PD=—- x 8 x 25 lbs., D g 7 

= 0*96 ton. 

Pc = JPD= (P48 ton. 
PA= 0*48 ton, 

and PN, the total wind pressure, is 
PN = 2Pd= 1*92 ton. 

We will suppose that A is the fixed end of the truss, and that the end 
B is free to move, but not placed on rollers. 

Case 1 (see p. 208). Wind on left. Reactions parallel to wind pressure.1— 

1 Since the pitch is less than 45° (see p. 207). 
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Referring to Equations 92 and 93, p. 206, and to Figs. 360 and 361, we see 
that1 

and 

4P, A 4Q 

28-4 

:“40 
x 1-92 = 1-36 ton, 

11*6 
RB = —x 1*92 = 0*56 ton. 

The external forces due to the wind from the left are therefore as shown in 
Fig. 361.2 

Maxwell's Diagrams.—Commencing at joint A we find two external forces, 
Ra and PA; as, however, these two forces are acting in exactly opposite 
directions, we need only plot their difference, namely— 

1*36 -0*48 = 0-88 ton. 
We thus obtain the triangle a&c, which gives us SAD and SAF (Fig. 362). 

Proceeding now to joint D we get the quadrilateral cade, in which ad 
represents PD and is drawn to scale equal to 0*96 ton. 

For joint F we obtain the quadrilateral beef. This quadrilateral is also 
shown separately in Fig. 363. 

Next taking joint C we get the five-sided figure fedgli (see also Fig. 364). 

Then proceeding to joint E we get the straight line gh as the diagram. 
This shows that SCE = SEB and SEG = 0. 

For joint G we obtain the triangle fhb, and not a quadrilateral, since 
SEG = 0. This triangle will be a check 011 the accuracy of the drawing, for 
the diagram ought to close at h. 

Lastly for joint B we get the triangle blig, and we have thus obtained the 
stresses in all the bars. They can be measured to scale 011 the diagram and 
are then inserted in Table H., p. 213. 

Case 2. Wind on right Reactions parallel to normal wind pressure.—A 

moment’s consideration of Fig. 365 will show that this case is exactly the 

opposite of Case 1, and we can immediately write down the values of the 
various external forces, as has been done in the figure, and it is further 
manifestly unnecessary to go through the calculations for the stresses, as we 

can deduce them from those obtained under Case 1. Thus the stress in CE 

in the present case will be equal to the stress in DC in Case 1, and so on. 

Column 4 has thus been filled in in Table H. 
Case 3 (p. 208). Wind on left. Reaction at free end vertical.—In this case 

1 n _28>4 
m + n ~ 40 * 

2 Figs. 361-364. See Plate IV. at end of volume. 
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(Fig. 366) it is a little more difficult to find the values of RA and RB, because 

the external forces acting on the roof are not parallel to each other, and we 

Fig. 366. 

know neither the direction nor the magnitude of RA. Now when three forces 

acting on a body are in equilibrium, their directions meet in a point,1 so that, 

as we know the direction of PN and Rn, we can find the direction of RA by 

joining A with the point of intersection of PN and R„. But with flat roofs, 

as in the roof under consideration, this intersection is a long way below the 

roof, and the intersection is acute, and therefore cannot be obtained with 
great accuracy. 

In such a case, therefore, a better way is to find the value of RA, which 
can be done by taking moments about A. We obtain 

Rri’45 

R *0-52 

+ 10-8 x PN- 
10*8 x 1*92 

40 

40 x Rn= 0, 

= 0*52 ton. 

Now draw ab (Fig. 367) parallel to PN and measure along 

it 1*92 ton to scale; next be parallel to RB, and measure 

along it 0*52 ton a to scale ; then ac will be the direction of 

R^ and we also find by measuring ac that 

Ra= 1*45 ton. 

lig. 367. We can therefore now proceed to find the stresses. 

Maxwell's Diagrams.—Commencing at joint A (Fig. 368 )2 we find two exter¬ 

nal forces, PA and RA. Let ad parallel 

to PA and ac parallel to RA represent 

these forces (Fig. 369), then adec is the 

complete diagram for joint A. 
It will be found that the remainder 

of the diagram for the roof can be 

drawn as in Case 2 ; the description is 
not therefore repeated, but the diagram 

is given in Fig. 369. 

Case 4. Wind on right. Reaction at 

free end vertical.—In this case we can 

obtain the reactions very simply by dia¬ 

gram. Thu3 produce PN and RB to 

meet at K (Fig. 370) and join AK; then 

AK is the direction of RA (see Fig. 367). 

Now, plotting Ka to scale to represent 

1 This can be easily proved by taking moments about the intersection of two of 
the forces. The moments of these two forces will be nothing, but for equilibrium 
the sum of the moments of three forces is nothing, therefore clearly the moments of 
the third force about this point must be nothing ; that is, its direction must pass 
through the point, or, in other words, the three forces meet in a point. 

2 Figs. 368, 369. See Plate Y. at end of volume. 
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PN (1*92 ton), and drawing ab parallel to RB, we obtain the triangle of forces 

for the three forces PN, RB, and RA, and by measurement we find 

Ra =0*87 ton, 

Rb =1*26 ton. 
As a check, taking moments about A, we have 

- 40 x Rb +26*3 x 1-92 = 0, 

RB = 1-26 ton. 
Maxwell's Diagrams.—Fig. 3711 2 shows the loads for this case, and the corre¬ 

sponding diagram is given in Fig. 372, and the stresses obtained therefrom 
are entered in Table II. 

Tabulation of Stresses. 

We have thus obtained the stresses in the various members of the roof 
under various conditions. These stresses must now be tabulated, so that we 
may be able to pick out the maximum stress to which each member of the 

roof truss may be subjected. This has been done in Table H below, and 

the stresses that are to be added together, to obtain the maximum stress, are 

printed in italics. The seventh column gives the maximum stresses, and it 

will be seen that the maximum stress to be borne by corresponding members 

on either side of the roof is not quite the same. This is due to the fact that 

one end of the roof truss is fixed and the other end is free to move. But as 

these differences are very small, and it would be practically unwise, at any 

rate in so small a roof truss, to make corresponding members on either side 

of different scantlings, these differences will be ignored and the scantlings 

will be calculated to meet the stresses given in column 8. 

It should be noticed also that the stress in the principal rafter is greater 
in the lower part than in the upper part; but, in a small roof truss like the 
one under consideration, no difference would practically be made in the 
scantling of the principal from A to C. In column 8, therefore, the stress in the 

upper part of the principal rafter has been put equal to that in the lower part. 

TABLE H. 

Compressions — Tensions + .2 

1. 
Stresses. 

2. 
Perma¬ 

nent load 
and snow. 

Wind. 

7. 
Maximum 
stresses. 

8. 
Stresses 

to be used 
in calcu¬ 

lating 
scant¬ 
lings. 

Reactions parallel Reaction free end 
vertical 

3. 
On left. 

4. 
On right. 

5. 
On left. 

6. 
On right. 

SAD ~4'45 -3 27 -1-89 -3'38 -1-62 -7*83 -7-83 
Saf +4’ 16 + 3-38 + 1-57 + 3’67 4-0-83 4-7-83 4-7-83 
SDK -013 -0-96 o-oo — 0‘96 o-oo -1-69 -1-69 
SDC -4'16 -3-28 -1-89 -3'33 -1-62 -7-49 -7’83 
sFC 4-1-93 + 2*17 4-0-32 +2'20 4-0-16 4-4*13 4-4*13 
SFG + 2-34 + 1-30 4-1*31 + V54 4-0-69 4-3-88 4-3-88 
Sco + 1-93 + 0-32 + 217 4-0*38 4-2-02 4-4-10 4-4-13 
SCE -4’ 16 -1-89 -3-28 -1-98 -3-0 -7*44 -7-83 
SGE -073 o-oo -0-96 o-oo -0-96 -1-69 -1-69 
SGB +416 + 1-57 + 3’38 4-1-88 4-2-70 4-7-54 4-7-83 

-4’46 -1*90 - 3’27 -1-98 -3-00 -7-72 - 7 83 

1 Figs. 371, 372. See Plate V. at end of volume. 
2 See p. 185. Many writers take compressions as 4- and tensions as 
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Calculation of the Scantlings. 

Having obtained the stresses in the various members of the roof truss the 
next step is to decide on the form, and to calculate the scantlings of the vari¬ 

ous members, so that they may be able to safely resist these stresses. 

Suitable forms, such as are used in practice, have been described in 

Parts I. and II., and the student is therefore referred back for information 
on that part of the subject. 

As regards the calculations of the different members and joints, several 

examples have already been worked out in Chap. YI. of this Part, and the 

student is specially referred to Examples 13, 19, 20, 26, 26a, 27, and 28. 

The roof truss can now be considered as completely designed, and the 

result is given in Fig. 373. The same truss is shown in Fig. 374, when the 
purlins are distributed along the length of the principal rafter, in which 

case the principal rafter is increased in section but no alteration is made in 

the other members of the truss. 
The calculations to find the size of the principal rafter in the 

CASE WHERE a NUMBER OF SMALL PURLINS ARE DISTRIBUTED ALONG ITS 

length would be as follows:— 
We must first find the load on the principal. The permanent load and 

snow consists of 
Per square foot of roof surface. 

Roof covering and boarding . 10*5 
Per square foot covered. 

Purlins ..... 1*5 
Snow ..... 5*0 

Or 
6-5 

—— = 6 lbs. per square foot of roof surface. 
1*08 

Total =10’5+ 6 = 16 *5 lbs. 

This load is vertical and must be resolved perpendicularly to the principal 

by multiplying by cos 2l|° thus— 

16*5 x cos 21|-° — 15 lbs. 

The normal wind pressure is 25 lbs. per square foot (see Table XIY.), so 

that the total load per square foot is 

15 + 25 = 40 lbs. 

Hence total load on one half of the principal rafter is 
Distance 

Length, apart of 
trusses. 

40 x 10*8 x 8 = 3456 lbs., 

= 1*54 ton. 

This load produces a bending stress in the principal, the compressive 

element of which must be added to the direct compression. The moment of 

flexure is wfi Wl 1*54 x 10*8 x 12 _ — _ — _ •, 

= 25 inch-tons, 

whether we consider the principal as jointed at the strut, in which case 
the lower half of it is a beam supported at both ends, or whether we suppose 

it to be continuous over the strut, when the lower half is a beam supported 

at one end and fixed at the other. 
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We must now assume some section of T iron, and see if it is strong 
enough. Assume, for instance, a section 4" x 5-b" x the table being 4" 

wide. 

According to the rule given in Appendix IV. the distance of the centre of 
gravity from the edge of the table is 

4x1 + 5 x 3 
*=-4^5- 

— 1 *8 inch nearly. 

And according to Appendix XIV. the moment of inertia about an axis passing 

through the centre of gravity is 

I = \ { 4 (1 -83 - 1 *33) +1 (1 -33 + 3-73)}, 

= 13-65. 

Treating 'principal as jointed.—Hence the greatest compression due to 

bending (at the edge of the table), on the supposition that the lower half of 

the principal is supported at both ends. 

„ Uy0 25 x 1-8 . , 
From Equation 53 r0 = -y- = - --- = 3*3 tons per square inch. 

JL 1 o *t>o 

The direct compression produces a stress per square inch (see note below) 

7-83 7-83 
=-= ———r—r =1*7 ton nearly. 

area (4 + 5) £ J 

Hence total maximum compression 

= 3*3 + 1*7 = 5 tons per square inch. 

Practically this section would do. 

Treating principal as continued.—If, however, the principal is considered 

as continuous over the strut, and is supposed to be supported at one end and 

fixed at the other, the maximum compression due to bending at the edge of 

the stem becomes 

25 x (5-5-1-8) 

~W76b~ 
= 6*8 tons. 

So that on this supposition the section is too small. 
Next, try a section 3" x 5^-", the table being A' thick and the stem 

It will be found that the distance of the CG from the edge of the stem is 
3"*29, and that 1= 15*9. Hence maximum compression (at edge of stem) 

25 x 3*29 

15-9 
= 5-17 tons. 

And the total compression is 

5-17+ 1*49 = 6-66 tons. 

This section is therefore apparently too small, on the supposition that 

the principal is continuous over the strut. This supposition, however, re- 
c quires that the three 

points A, D, and C 

shall remain in a straight 

line, but the maximum 

compression occurs in 

the principal AC when 
the wind is blowing from the left, and this wind pressure bends the roof as 

shown in Fig. 375 in a very exaggerated manner, and it is evident that this 

bending of the principal will considerably relieve the compressive stress on 
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the stem of the T iron, so that it can be taken that this section is quite 

strong enough. 
Note.—It has been assumed that the direct compression is uniformly distributed over the cross 

section of the T iron. The deflection due to the distributed load tends, however, to increase the 
intensity of the stress towards the edge of the table. The increase is, however, small. If, for 
instance, the deflection were the moment of flexure due to the direct compression would be 
7-83x0*5 = 3'9 inch tons, which would cause with a T iron 4"x5£"x£" a maximum compression of 

§_?Ah-==Q-51 ton per square inch, to be added to the 1*7 ton already found. 
13'65 

Diagrams for various Roof Trusses. 

I11 Figs. 376-395 1 diagrams for different kinds of roof 
trusses are given, with the hope that they may be of assist¬ 
ance to the student. It is strongly recommended that, as an 
exercise, some span be as¬ 
sumed, and that the stresses 
be obtained by following 
these diagrams ; the results 
obtained being occasionally 
checked by the method of 

moments. 
In these diagrams only 

one case for the wind A 
pressure has been shown, 
since the other cases pro¬ 
duce very similar diagrams. 

It should be observed that 

the diagram for the roof truss 

shown in Fig. 392 cannot be 
drawn by the above method 

alone, because either at the 

points E or M the stresses in 

three of the bars are unknown. 

But the stress in MN can easily 

be found by taking a section as 

shown in Fig. 396 for permanent 

load and snow, and in Fig. 397 

for wind. The value thus found for S, 

diagram completed. 

Fig. 397.2 

can then be inserted, and the 

WOODEN ROOFS. 

It is not worth while to give examples of the calculations for 

timber roofs. These can very seldom be necessary, and, if required, 

ivould be similar to those for iron roofs. 
Tables of Scantlings for Wooden Roofs are given in Table XV. 

p. 340, and in Parts I. and II. 

1 See Plates VI., VII., VIII., IX., and X., at end of volume. 
2 For Figs. 398-430, see Appendix XVIII. 



Chapter XIII. 

STABILITY OF BRICKWORK AND MASONRY 

STRUCTURES. 

TT is proposed in the following chapter to show, in an elementary 
manner, how the dimensions for various kinds of brickwork 

and masonry structures can be calculated. 
The mortar with which the stones or bricks of a wall are 

bedded assists the wall by its resistance to tension; but, on the 
other hand, the resistance to compression of mortar being less than 
that of stone or brick, it reduces the resistance to crushing of the 
wall. On the whole, the effect of the mortar is to increase the 
strength of the wall as regards overturning. 

In important structures, however, the tenacity of the mortar is 
not taken into account, because settlements are liable to occur 
which may dislocate the joints, and such walls are treated as if 
built up of uncemented blocks. 

We will first consider the following problem. 

Single Block.—A rectangular block is supported by a flat surface, and 
is pressed against it by an inclined force F (Fig. 431). Find in what manner 

Fig. 431. called the centre of pressure. 

Now F may be resolved into two components—one perpendicular to the 

supporting surface or joint, and the other parallel to it. Y and X are these 

components. The component X tends to make the block slide along the 
surface and is resisted by the friction ; but at present we are not concerned 
with this part of the question. 
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The normal component Y is the one that causes the pressures between 
the block and the surface. 

Since C is not in the centre of GH it is clear that these pressures will 
not be uniformly distributed, but will be greater towards AE than towards BD. 

In the first place, since GH is midway between AB and ED, and C lies 

on GH, the pressure at all points of any line KL drawn parallel to AE will 

be the same, and therefore we can take the pressures along GH to represent 
the pressures over the whole surface of the joint. 

Secondly, on the supposition that the joint is a perfect one (and in a 
masonry structure the principal function 

of the mortar is to make the joint prac¬ 

tically perfect), we can say that the 
pressure along GH diminishes uniformly 
from G towards H. The pressures along 

GH may therefore be represented by a 

triangle GMO as shown in Eig. 432, so 

that the pressure p at any point Y is 

given by the ordinate YN, and this or¬ 

dinate will also give the pressure at any 

point on KVL (Fig. 431). 
First. Let 0 be situated between G and H ; 

pressure on the joint from 0 to H. 

Now the system of parallel forces acting over the whole joint and repre¬ 

sented by the triangle GMO have a resultant R acting through the centre of 

gravity of the triangle, and for equilibrium R must be equal and opposite to 

Y, that is 
R = Y. 

Again, R is represented by the area of the triangle GMO, and is equal to 

the area x AE. That is 

R = xGOxAE = Y. 
2 

Fig. 432. 

this means that there is no 

MG= ■ 
2Y 

Therefore - ^ „ . „■ 
GO x AE 

But since Y passes through the centre of gravity of the triangle GMO we have 

GO = 3GC, 

and for MG we can write ) 
2Y 

Hence Fpmax.)= 3GC~xAE" • • • • (95)> 

and since Y, GC, and AE are known, can easily be found. 

Example 43.—As a numerical example let 
Y = 4 tons, 

GC = 0-5 foot, 

AE = 1 foot, 

, 2 4 
then p(ma>x.) = 7 

In this case we have 

3'0-5 x V 

= 5*3 tons per square foot. 

Second. Let 0 and H coincide, as in Fig. 433. 
GC = £*GH, 

and this is the condition which must exist in order that the pressure may 

■just vanish at H, or more strictly along DB. 
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Let GH = 3 feet, and the remaining data be as before, then 

2 4 
^{max.) = “ • ~s—7 =2-67 tons per square foot. 

3 4x1 

Now if C were situated at the middle point of GH, the pressure would clearly 

be uniformly distributed over the joint, and its intensity would be 

Y , 
P GH x AE 

from which we see that when the centre of pressure is so situated that the 
pressure vanishes along one edge of the joint, then the pressure along the 
opposite edge of the joint will be double what it would have been had the 
centre of pressure been at the middle point. This is an important result, and 
should be carefully remembered.1 

Thus far we have not considered the horizontal component X of the force 

F. This component is balanced by the resistance to friction of the joint so 

long as slipping does not occur. Now the resistance to friction is 

pY, 
where jjl is called the coefficient of friction, and is simply a number (always 

less than 1) depending on the nature of the surfaces. Thus for stone against 

stone 

jJL — OO. 
If, however, in a masonry or brickwork joint the strength of the mortar 
is taken into account, the resistance opposed to X will be the resistance to 
shearing of the joint. In practice, however, it is not usual to take account of 
the strength of the mortar. It will be observed that the horizontal compon¬ 
ent X and its effect on the joint are independent of the position of the centre 

of pressure. 

Uncemented Block Structures.—If we consider any masonry 
or brickwork structure, such as a retaining wall for earth or water, 
a boundary wall or an arch, we see that such a structure can be 
dissected as it were into a series of blocks separated by joints, 
such as the one we have just been considering. There will be a 
resultant external force acting at each joint through the centre of 
pressure of the joint, and this force will be resisted by the com¬ 
pressions (and tensions in some cases) acting over the surface of 
the joint. 

1 See Appendix XIX. 
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Def—The line joining the centres of pressure is called the 
“ line of pressures/' or “ Moseley's line of resistance." 

Thus in Fig. 434, representing a portion of an arch, the broken 
line abcdef is Moseley’s line 
of resistance; a, &, c, d} e, and 
/ being the centres of press¬ 
ure at the respective joints. 

Conditions of Stability. 

I. For important struc¬ 

tures, or for structures the 
failure of which might lead 
to serious consequences, 
such as loss of life : 

(a) No portion of any 
joint should be brought into 

tension. Kef erring to Fig. 433, p. 220, we see that, to conform to 
this condition, the centre of pressure must not be nearer the edge 
of any joint than one-third the width of the joint (GH); or, in other 
words, Moseley’s line of resistance must lie within the middle third 
of the structure.1 

(b) The intensity of pressure should nowhere exceed what 
the material is capable of safely resisting. 

That is,£>(max.) must not exceed the safe resistance to crushing 
or cracking of the material and mortar (see Table Ia). 

(c) The resistance to sliding must be greater than the 
horizontal component of the external force at each joint.2 

II. For unimportant structures (such as boundary walls): 
(d) The intensity of pressure should nowhere exceed what 

the material or mortar is capable of safely resisting. 
(e) The intensity of tension should nowhere exceed what the 

mortar can resist. 
(/) The safe resistance to shearing of any joint must be 

greater than the horizontal component of the resultant external 
force acting at the joint. 

These conditions will now be applied to some numerical 
examples. 

1 The middle half is sometimes taken for unimportant structures, as in Example 
51, p. 254. The middle third should be taken for all important arches, as in the 
Example, Appendix XX. 

2 See p. 248. 
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Brick Pier. 

Example 44.—Find whether a brick pier 14 inches square and 8 
feet high can resist a thrust of 3 cwts. inclined at an angle of 55° and 

applied at the top of the pier, as shown in Fig. 435. If the pier is not 

strong enough, find what additional thickness of brickwork 

Sj/cwts.is required, and how high it ought to be carried up. The 
tenacity of the mortar not to be taken into account. 

Preliminaries.—We will assume that one cubic foot of 

brickwork weighs 1 cwt. The total weight of the pier 
will therefore be 

n 14x14 
8 x ——— x 1 = 11 cwts. nearly, 

12 x 12 

and acts vertically through the centre of gravity of the 
pier, which is easily found. 

The direction of the weight W intersects that of the 
force P in the point A, and these are the only two external 

forces acting on the pier. Their resultant can be found 

in the usual way by means of the triangle Abe. 

To find the centre of pressure, produce Ab to intersect 
the plane of the base of the pier. It will be observed 
that this point falls outside the actual base of the pier, 
and, since the tenacity of the mortar is not to be taken 
into account, it follows that the pier is not strong enough 
to withstand the pressure of 3 cwts.1 

It will therefore be necessary to increase the thickness 

of the pier. Suppose the thickness is increased to 18 
inches, which would appear to be about what is required, as the centre of 

pressure will be brought nearer to the wall owing to the additional weight, 

1 The student will also observe what a very small thrust is sufficient to overturn 
a pier of the given dimensions. 



STABILITY OF BRICKWORK AND MASONRY 223 

then the first question is how far up is it necessary to make the pier this 
extra thickness. 

Joint KL.—As a trial, suppose the increased thickness commences 3 feet 
from the top of the pier, then it must be ascertained whether the joint KL 

at the point of change is safe (Fig. 436). The external forces acting on the 

upper three feet are the thrust of 3 cwts., and the weight of the portion of the 

pier EL acting through its centre of gravity. Determining the resultant of 

these two forces in the usual way, it will be seen that its direction passes 

very near to K, so that the portion EL of the pier would be on the point of 
overturning. 

Next try if increasing the thickness of the pier 2' 6" from the top will 

do. Carrying out the same construction as before, we find that the centre 
of pressure now lies 09 inch within the edge Kr 

Crushing.—We must now find the maximum intensity of compression, that 
is, y(max.) The vertical component (Y) of the total pressure on the joint K1L1 

can be found by dropping a perpendicular bd on to Sd the direction of W 

(Fig. 437), and it is thus found by measurement that 

Y = 5'85 cwts. 

Hence applying Equation 95 we have 

5-85 

4W.) = 2 x^'>Tq:9 x~14=:Q‘31 CWt* per Square mch* 

And since £>(max) can safely be as much as 0*5 cwt. per square inch (Table Ia.) 

there is no fear of crushing, and condition (b) is therefore fulfilled. 

Sliding.—As regards condition (c), the force tending to cause sliding is 

the horizontal component of the thrust of 3 cwts. By measurement as above, 
it is found that 

X = 1*7 cwt. 
The resistance to sliding is found by multiplying the vertical component 

(Y) of the pressure on the joint by the coefficient of resistance 1 to sliding, 

which can be taken at 0*47. Hence the resistance to sliding is 
0’47 x 5,85 = 2,7 cwts., 

'6-1 cwts. 

Fig. 439. 

1 0-47 is the co-efficient of friction for masonry and brickwork with wet mortar 
(see Table XVa.) 
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so that the joint is safe against sliding.1 Finally, therefore, it is safe to 
commence thickening the pier at 2' 6" from the top. 

Joint GH.—It remains to he seen whether the conditions (b) and (c) are 
fulfilled at joint GjH, Fig. 438. We have now to consider the portion I^Gj 

of the pier. The external forces acting on this portion of the pier are the 

resultant pressure acting on joint K1L1, the value of which is found by 

measurement from Fig. 437 to be 6T cwts., and the weight of the portion 

LjGj of the pier, namely 9’6 cwts., acting through the centre of gravity of that 
portion, as shown in Fig. 438. 

The centre of pressure of joint GXH is found to be quite close to G1? so 
that the pier is still not thick enough at the bottom. We have therefore 

to find how far below the joint KjLq the thickness of 18 inches can be 
carried. Assume that it is carried down 4' 6" below K1L1 to joint MN (Fig. 

439), then, proceeding as before, the centre of pressure of joint MN is found 
to be 0-3 inches within the edge M, and from Equation 95, p. 219, 

13-7 
^W)-2 * * S* 3x0.3xl4» 

— 2T8 cwt. per square inch. 

Crushing.—The maximum intensity of compression is therefore more than 
the safe intensity, and consequently MN must be taken nearer to K1L1, say at 
MiNp 3' 6" below K1L1 (Fig. 440). We then find 

o n‘9 
JW) * 3 x 0-9 x i4’ 

= 0*63 cwts. per square inch. 

Fig. 441. Fig. 442. 

1 According to Rankine, there is no danger of sliding if the angle S (Fig. 437) 
between the normal to the bed joint and the direction of the resultant pressure is less 
than from 25° to 36° the angle of repose of fresh masonry, In this case, the angle at 
S is only 16°. 
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Below K1L1, therefore, the pier must again be thickened to the next brick 

dimensions, that is to 23 inches. 
Loivest portion of pier.—We now have to consider the portion of the pier 

shown in Fig. 441. The external forces acting on this portion are its weight 

(4*4 cwts.) and the resultant pressure of 12T cwts. acting at C2 as found by- 

measurement from Fig. 440. 
Crushing and sliding.—It is then found that the centre of pressure is C3, 

which is 3*5 inches from the edge, and the vertical component of the resultant 

pressure on the joint is also found to be 16*4 cwts., so that 
16-4 

^•> = 2x3x3-5xT4=°,22CWt 
Condition (b) is therefore fulfilled. As regards condition (c), the force 

tending to cause sliding is found by measurement to be 1*7 cwt.; and since 
the vertical component of the pressure is 16*4 cwts. the resistance to sliding 

is 0*47 x 16,4 = 7,7l cwts. 
The pier has now been designed, and is shown in Fig. 442. 

Chimney. 

Example 45.—Find what wind pressure the chimney shown in Fig. 443 

can safely resist. 

It will be seen at once 

that AB is the joint most 

likely to fail. 

Now the fall of a chimney 
may lead to serious conse¬ 

quences, and it is therefore 
well to lay down the rule that 

the centre of pressure shall be 
kept so much inside of one edge 

that no tension will be excited 

at the other edge. Refer¬ 

ring to Appendix XIX. we see 

that for a hollow square chim¬ 

ney, AC must not be less than 

^ AB in order that the above 

condition maybe fulfilled; and 

this value can be applied with 

sufficient accuracy to the case ^ 
under consideration. But AB 

is 22*5", so that least value of 

AC = 5*62" approximately.1 

It will be found that there 

are 87 cubic feet of brickwork 

above the joint AB. There¬ 

fore (allowing 1 cwt. per cubic 

foot for weight of brickwork) 

the weight of the chimney 

above the joint ABis 87 cwts. 

1 The student is recommended to ascertain the true value of AC by means of the 

formula 8=-^- p. 321. 
A y r 

B.C.-IY. Q 
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Let P be the normal wind pressure; the total wind pressure on the side 
of the chimney will therefore be 

11'3" x 6 x P == 67-5P cwts., 

and this force is applied at the centre of gravity of the side of the chimney. 

The part of the chimney above the joint AB is therefore under the action 

of three external forces—namely, 87 cwts. acting vertically through C.G., 

67*5P cwts. acting horizontally at E, and R the reaction to the resultant 

pressure acting upwards at C. 
Taking moments about C we have 

Z22-5 

V 2~ 
87- 

11*25 
x 12 x 67’5P = 0, 

whence 
P = 0-107 cwt. = 12 lbs. 

It therefore appears that this chimney under the condition laid down, 

although the tenacity of the mortar would materially increase the powers of 
resistance, cannot be considered as safe. 

Crushing.—The maximum intensity of compression with 12 lbs. wind 

pressure should also be found. In this case the vertical component of the 

resultant pressure on the joint AB is equal to the weight of the chimney, 
namely, 87 cwts., and this pressure is distributed, but not uniformly, over 
an area of 9*8 square feet, or 1417 square inches. Following the rule given 

at p. 220 we have 
87 

i?(max) = 2 x = 0-123 cwt* Per square inch nearly, 

so that there is no fear of crushing with a wind pressure of 12 lbs. per square 

foot. 
Sliding.—As regards sliding, the force tending to cause sliding is the wind 

pressure equal to 
12x67*5 _ 

112 =?'2 CWtS'> 

and the maximum resistance of the joint AB to sliding is 0*7 x 87 = 61 cwts., 
so that there is no fear of sliding. 

Stay.—This chimney can, however, be 
made perfectly safe by fixing an iron stay as 

shown in Fig. 444. Let it be ascertained what 
the cross section of this bar ought to be. 

We have seen that the chimney itself 

can safely resist 12 lbs. wind pressure. 

^ Taking 50]-lbs. as the maximum wind press- 

50 ure, it follows that the iron will have to 

resist 50 - 12 = 38 lbs. per square foot. So 

that the wind pressure the stay has to resist is 
67*5 x 38 A 

= 23 cwts. nearly. 

Fig. 444. 

112 

To find S, the stress in 

moments about A (Fig. 443) 

the stay, take 

7 x S — 5*62 x 23 = 0, 

S = 18*4 cwts. = 0*92 ton. 
When the wind is blowing in the direction shown in Fig. 443, the stay 

has to act as a strut, and it must therefore be calculated as a long column 
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with ends fixed. By the help of Table Y. it will be found that an L iron 
2" x 2" x can safely bear 0*9 ton (ends rounded), and will therefore be 
strong enough either as strut or tie. 

Enclosure Wall. 

Example 46.—Find the wind pressure per square foot a long enclosure 
wall of the section and plan shown in Fig. 445 can safely resist. 

Ignoring tenacity of the mortar.—If the tenacity of the mortar is neglected, 
it can be shown that, with a wind pressure of 16*2 lbs. per square foot, the 
centre of pressure would be at A, so that, to say nothing of crushing the 
bricks, the wall would be on the point of overturning. This investigation 
is, however, left as an exercise for the student. 

Long enclosure walls should therefore be built in good tenacious 
mortar, and it is well to build the lower courses in cement, especially if the 
situation is exposed. 
By a long enclosure 
wall is meant one 
whose unsupported 
length is more than 
about ten times its 
height. Shorter walls 
than these receive 
considerable support 
from each end. 

Considering tena¬ 
city of the mortar.— 
We will now suppose 
that this wall is built 
in a good hydraulic 
lime mortar, and that 
the adhesion of this 
mortar to the bricks 
can be safely taken at 0*06 cwt. per square inch (see Table Ia). The tenacity of 
the mortar itself is greater, but of course we can only reckon on the adhesion, 
as it is less. 

Now, looking at the plan, we see that we can take a portion of the wall 
from E to F as a unit. The weight of this portion of the wall (allowing, as 
before, 1 cwt. per cubic foot of brickwork) is found to be 59 cwts. This 
weight is distributed uniformly over the area of the joint AB in section and 
portion EF on plan, which is found to be 1215 square inches. The pressure 
due to the weight of the wall is therefore 

59 
—— = 0*05 cwt. per square inch nearly. 
1215 

Let P be the wind pressure per square foot, then the total wind pressure 
acting at the centre of gravity of the unit of the wall is 

10' 6" x 6' 7j"xP = 69*5P. 

The full height of the wall is not taken on account of the inclination of the 
coping. 

The wind pressure will clearly produce tension on the windward side, 
that is at B, and compression at A, and the intensities of these stresses can be 
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found by considering tbe portion of the wall as a beam fixed at one end, 

namely, at the joint AB. Referring to p. 50 (footnote) we see that we must 

first find the moment of inertia of the section, and this we can do by the 
rule given in Appendix XIV. p. 310. We thus find 

1 = 11235. 

The distance of the extreme fibre in tension from the “ mean 99 fibre is 

sensibly 
i/0 = 4*95 inches. 

So that moment of resistance 

But moment of flexure 

Hence 

11235 . , , 
= rn x — - mch-cwts. 

0 4*95 

-69-5Px<£!i>i? 
2 

11235 x 2 

“4-95 x 69*5 x 79*5?° 

To find P we must therefore decide what value to give to r0. How we 
have seen that the safe adhesion is 0*06 cwt. per square inch ; but r0 can be 

given a greater value than this, because the compression produced by the 
weight of wall (viz. 0*05 cwt. per square inch) relieves the tension.1 Hence 
we can take approximately 

r0 = 0*06+ 0*05, 

= 0T1 cwt. per square inch. 

Hence P = 0*09 cwt. = 10 lbs. 

Therefore even if the wall is built in good hydraulic lime it cannot safely 

resist more than 10 lbs. per square foot of wind pressure. It would of course 

take a greater wind pressure than this to cause the wall to fail. Thus, taking 

the ultimate adhesion of best hydraulic lime to hard stock bricks as 36 lbs. 
per square inch or 0*32 cwt., we can put 

r0 — 0‘32 + 0*05, 

= 0-37 cwts. 

And p_ 11235 x 2 x 0*37 

4*95 x 69*5 x 79*5 
= 0*30 cwt., 

=33’6 lbs. per square foot. 

In an exposed situation, therefore, this wall might possibly in course of 

time be blown down. In an unexposed situation, however, the wall might 

be safe enough, especially as the friction of the wind against the ground is 

known to lessen considerably its force near the surface. 

The wall can be materially strengthened by building the first ten or twelve 

courses in cement. In this case the ultimate adhesion can be taken at about 

0*5 cwt. per square inch, and r0 — 0*55, hence 

p_ 11235 x 2 x 0-55 

”4-95 x 69-5 x 79*5 

= 0’45 cwt., 

= 50*4 lbs. per square foot, 

so that the wall is now strong enough against moderate wind pressures. 

1 Or more accurately the resistance offered by tension is supplemented by the 
moment of the weight of the wall. 
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It is clearly unnecessary in this case to find the maximum intensity of 

compression, neither need any calculations he made as regards the resistance 

to sliding, as the resistance we can now reckon on is not merely the friction 

of brick against brick, or stone against stone, but the shearing strength of the 

mortar, and this is much more than enough. 



Chapter XIV. 

RETAINING WALLS.1 

A RETAINING wall is a wall built for the purpose of “retain- 
ing ” or holding up earth or water. In engineering practice 

such walls attain frequently enormous proportions, being used in 
the construction of railways, docks, water-works, etc. In building 
construction, however, their dimensions are never very large, and 
the difficulties attending their design and construction, which in 
engineering works are often very great, are therefore much reduced. 

Usual cross Sections for Retaining Walls.—The form of 
cross section given to such walls varies considerably according to 
circumstances, and often according to the fancy of the designer. 
A few of these forms, such as might be useful in building con¬ 
struction, are given in Eigs. 446-456. 

Eig. 446 shows a simple rectangular wall. Such a section is 
suitable only for very low walls (say not exceeding 5 feet), as it 
is wasteful of material. 

Fig. 446. Fig. 447. 

Eigs. 447 and 448 show a better section, in which the back 
of the wall is sloped. Except in the case of a wall for retaining 
water, the alterations in the thickness of the wall would be carried 
out by means of offsets, as in Eig. 448. 

1 For Practical Formula see pp. 235, 239, 244, and App. XXI. 



RETAINING WALLS 231 

Fig. 449 shows a wall with vertical back and with a “ battered ” 
face. In point of stability a wall with a battered face may or 
may not be, according to circumstances, more stable than a wall 
with a straight face and sloped back. It has the appearance of 
being more stable, and there is the advantage that a small altera¬ 
tion in the batter, caused by rotation or inclining forward, is not 

noticeable, whereas the eye is offended if a wall with a vertical 
face rotates ever so little. To prevent lodgment of water, how¬ 
ever, the batter should not exceed 

In Figs. 450 and 451 walls with battered face and sloping 

Fig. 450. Fig. 451. 

backs are shown. It will also be noticed that the footings are 
inclined, thus giving greater resistance against sliding forward. 
The section shown in Fig. 450 is, however, clearly not suitable for 

retaining water. 
In the case of walls for retaining earth, counterforts are some¬ 

times added, as in Figs. 452 and 453, and Professor Eankine has 
shown that a slight saving in masonry is thereby effected. 

In the preceding cases it has been supposed that the top- 
surface of the earth to be retained is horizontal, and also level with 
the top of the wall. Frequently, however, a bank has to be sup- 
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ported, as shown in Pig. 454 or 455. Such walls are called 
“ surcharged ” walls and clearly require greater strength. 

Fig. 452. Fig. 453. 

Another case in which greater strength is required is when a 
building is placed close to the wall as shown in Pig. 456, because 

Fig. 454. Fig. 455. Fig. 456. 

the weight of the building tends to overturn the wall by increasing 
the natural thrust of the earth. 

RETAINING WALLS POR WATER. 

The calculations for finding the dimensions of walls for retain¬ 
ing water, so long as the depth of water to be retained is not 
great, are comparatively simple. 

Such a wall is acted on by two external forces, namely, the 
pressure of the water and the weight of the wall. 

As regards the pressure of the water, it is known from hydro¬ 
statics that it is: 

(1) Directly proportional to the depth below the surface. 
(2) Normal to the surface exposed to the pressure. 
Applying this to the case of a wall with a vertical back 

(Fig. 457); at the lowest point B the pressure will be proportional 
to the depth of water AB, and will be horizontal, since it is 
normal to the surface pressed. The pressure of the water at B 
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can therefore be represented by BD, which is drawn horizontally 
equal to the depth of water at B. At A the pressure is clearly 
zero; hence ordinates from AB to AD represent the pressures at 
all points along AB. 

The area of the triangle ABD therefore represents the total 
water pressure on the wall (see p. 219), and the resultant 
pressure will pass through the centre of gravity of this triangle. 
The centre of pressure E is therefore two-thirds of the way down, 
that is AE = AB . . . (96). 
And if we consider 1 foot of length of the wall, the resultant 
pressure (P) on this portion of the wall will be equal to the 
weight of a prism of water whose cross section is the triangle 
ABD and length 1 foot (Fig. 458). 

The volume of the prism is 

AB x BD , AB2 H2 
=-2 x 1 = ~2~ = ~2’ 

where H is the height of water above the point B. And, since a 

cubic foot of water weighs 0-557 cwt., we have 
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p = 0*557 x —— cwts. . . (97). 
A 

We therefore know the magnitude, point of application, and 
direction of P, which is all we require to know. 

In the case of a wall with sloping back some modifica¬ 
tions must be introduced. Thus in Fig. 459 the pressure at B 
will be represented by BD drawn normally to AB and equal to 
H. AD will then represent the pressure along AB, so that the 
triangle ABD will represent the total pressure, and 

AE = f AB. 

Also 
. AB x H 

P= 0*557 x —g—cwts. . . (98). 

P is therefore completely determined. 
As regards the second external force, namely, the weight of 

the wall, if we assume a trial section the weight can easily be 
obtained, and we can then ascertain whether this trial section is 
suitable by applying the rules given at p. 221. 

In the case of a wall for retaining water it is of the utmost 
importance that no cracks should be formed, and for this it is 
necessary that no tension should be excited. Hence the centre 
of pressure must not approach the outer edge nearer than one- 
third the width of the joint. 

The various points that have been considered will now be 
illustrated by means of an example. 

Reservoir Wall. 

Example 47.—A wall to retain water to a depth of 6 feet is required ; 
the top of the wall is to he 1 foot above the surface of the water and the 
batter of the face -~-0-. The wall to be built in brickwork and cement. 

Preliminaries.—So far as stability is concerned, the top of the wall might 

be built to a feather edge, but if the wall were thus built the top would soon 

be in want of repair; moreover, the saving in brickwork would be exceedingly 

small, and would not compensate for the additional difficulty in building. 

A width of 9" at the top, although somewhat narrow, will be assumed. 

Since the batter of the face of the wall is given, it remains only to find 

the batter of the back of the wall, or, what comes to the same thing, to find 

the width of the wall at the footings. 
Now it can be shown that if the wall were of triangular section, i.e. with 

a feather edge at the top, that all joints would be of equal strength, and the 

effect of giving a certain width to the top of the wall is to make the lowest 

joint the weakest; we need therefore only consider this joint. 

The courses will be built at right angles to the face of the wall, so that 
the joints will have a slope of Aj-. 
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As a first trial, assume the thickness of the wall at the footings to be 4 

feet. The weight of one foot of length of the wall will be 
0*75 + 4 „ 
--— x 6*6 x 1 cwt. = 15*6 cwts., 

and this force will be applied at the centre of gravity marked C.G. in Fig. 

460, which can be found graphically by a method explained in MoleswortlTs 
Pocket-Book.1 

The water pressure is equal to @ 4 (j 

0*557 x —~—, 

= 10*7 cwts. 
It is perpendicular to AB, and is applied at the point E. 

The resultant of these two forces intersects the joint DB in the point C, 
DB 

and as DC is 1’05 foot and is less than — the wall must be made thicker. 

Next try 5 feet; the weight will be 19 cwts. and the water pressure 

11*2 cwts. It will be found that DC= 1*7 foot, which is within the middle 

one-tliird of the width of the joint. This thickness is therefore sufficient, 

and the section of the wall will be as shown in Fig. 461. 

Strictly it should be ascertained that con¬ 
ditions (b) and (c), p. 221, are fulfilled. This 

is left as an exercise for the student. 

As a further exercise, the student can find 

the proper dimensions to give to this wall 

supposing the back to be vertical. 
Practical Rule for thickness of walls to 

retain water.—The following is an old rule 

for retaining walls for water— 

Width at bottom = height x 0*7, 
Width at middle = height x 0*5, 

Width at top = height x 0*3, Fie. 462. 

Page 366, 23d edition. 
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and a wall designed accordingly would be as shown in Fig. 462. It will be 

seen that this section has a smaller base but somewhat greater area than the 
one just designed. Its weight per foot run is 19’6 cwts. The resultant in 

this case also falls just at the one-third of the width of the base within the 

toe. On comparing Figs. 461 and 462 it will be seen that the width at the 

top has a considerable effect on the cross section of the wall. 

RETAINING WALLS FOR EARTH. 

The section of a wall for retaining earth could be at once ascer¬ 
tained in the manner just described for walls for retaining water 
if we knew the direction and magnitude of the pressure exerted by 
the earth on the back of the wall. We saw in the last example 
that the water pressure on the back of a wall can be easily found, 
but it is not so with regard to earth pressure, which varies with 
every different kind of soil, and also with the conditions in which 
the soil is; for instance, whether loose or compressed, wet or dry. 
Various theories on the subject have been propounded by Professor 
Rankine, Boussinesq, and others, but they do not appear to be very 
satisfactory, and in any case are far too complicated for these Notes. 
Under these circumstances it will only be possible to give a mere 
outline of the subject. 

If a steep bank of earth is left to itself it will, under the 
action of the weather, gradually 

crumble down until it has taken 
up a certain slope as shown in Pig. 
463. The angle of inclination of 
the slope at which crumbling ceases 
is called the “ angle of repose,” and 
this angle varies with each different 
kind of earth. This angle is gener¬ 
ally denoted by </>. In Table XVI. will be found the angle of 
repose for several of the usual kinds of earths, but this angle can 
be found experimentally in any particular instance by shovelling 

the earth up into a 
heap and measuring 
the angle of the slope 
so formed. 

Now suppose that 
the earth behind a re¬ 
taining wail is loose, 
and that it would im¬ 
mediately fall down to 
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the angle of repose were the wall removed, then it will be seen 
from Fig. 464 that the wall, aided by the friction of the earth, 
supports the wedge of earth represented in the figure by the 
triangle ABF, which is tending to slide down BF. 

The resultant pressure of this wedge of earth will be some 
force such as R, and it is to find this force R that the various 
theories already alluded to have been proposed. 0»ce found, the 
dimensions of the wall can be ascertained precisely as in the case 
of the reservoir wall (Example 47). If, however, the earth is 
at all consolidated, so that it would not fall to the natural slope 
immediately on removal of the wall, the pressure on the back of 
the wall is much less than that due to the wedge ABF. The 
earth may even be sufficiently consolidated to stand vertically on 
removal of the wall, in which case there is practically no pressure 
on the back of the wall, and if it can be ensured that the earth will 
always remain in this condition, the wall need only be built thick 
enough to resist its own weight. It then acts simply as a covering 
to the earth to prevent its being degraded by the action of the 
weather. Such walls are called “ breast walls/’ On the other hand, 
however, infiltration of water will increase the pressure of the earth 
against the back of the wall, beyond what it is when the earth is 
quite loose. The student will at once see that to frame a theory to 
meet all these different conditions must be a difficult matter. 

“ The presence of moisture in earth to an extent just sufficient to expel 
the air from its crevices, seems to increase its coefficient of friction slightly ; 
but any additional moisture acts like an unguent in diminishing friction, and 

tends to reduce the earth to a semi-fluid condition, or to the state of mud. 

In this state, although it has some cohesion, or viscidity, which resists rapid 

alterations of form, it has no frictional stability; and its coefficient of friction, 

and angle of repose, are each of them null. 

“ Hence it is obvious that the frictional stability of earth depends, to a 

great extent, on the ease with which the water that it occasionally absorbs 

can be drained away. The safest materials for earthwork are shivers of 
rock, shingle, gravel, and clean sharp sand, whether consisting wholly of 
small hard crystals, or containing a mixture of fragments of shells ; for those 
materials allow water to pass through without retaining more than is bene¬ 

ficial. The cleanest sand, however, may be made completely unstable, and 

reduced to the state of quicksand, if it is contained in a basin of water-holding 

materials, so that the water mixed among its particles cannot be drained off. 

“ The property of retaining water, and forming a paste with it, belongs 

specially to clay, and to earths of which clay is an ingredient. Such earths, 

how hard and firm soever they may be, when first excavated, are gradually 

softened, and have both their frictional stability and their adhesion diminished 

by exposure to the air. In this respect, mixtures of sand and clay are the worst; 

for the sand favours the access of water, and the clay prevents its escape. 
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“The properties of earth with respect to adhesion and friction are so vari¬ 
able that the engineer should never trust to tables or to information obtained 

from books to guide him in designing earthworks when he has it in his 

power to obtain the necessary data either by observation of existing earth¬ 

works in the same stratum or by experiment.” 1 

Mathematical Formulae.—Eankine’s Theory—Earth, hori¬ 

zontal top.—It has been shown by Eankine that in the case of a 
wall retaining loose granular earth (i.e. not consolidated), the top 
surface of the earth being horizontal and the back of the wall 
vertical, the pressure P of the earth acts horizontally, at a point 
-i-d of the height from the base, and that its magnitude is 

P = 
wH2 1 — sin (p 

(99), 
1 + sin cj) 

in which cj> = the angle of repose, w = weight of earth per unit of volume, H = AB. 

Graphic Method.—This result can be expressed graphically 

as shown in Fig. 465 by laying off the angle ABC = </>, and mak¬ 
ing CP = CA. Then ^w(BT)2 lbs. is the magnitude of the earth 
thrust, for it can be shown 2 that 

so that 

BP2 = H2. 

P = ^(BP) 

1 — sin cj) 

1 + sin </>’ 

2 lbs. (100), 

and hence the earth thrust is represented by cd. 

If the back of the wall slopes, AB can be taken as a vertical 
line just clear of the wall, and the earth resting on the back of 

the wall adds to its stability. 

1 A Manual of Civil Engineering, by Prof. Rankinc, F. R. S., etc. 

2 BP2=(BC - AC)2 = (AL - AB tan =H2 =H2 j 
\cos<p / cos~(p l-hsin^ 
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When the surface of the earth is at a slope instead of being 
horizontal a similar construction will give the earth thrust, by 
drawing its direction, according to Kankine, parallel to the slope 
of the earth. These constructions are shown in Figs. 466 and 
467. It will be observed that Fig. 467 shows the general case, 
and that Figs. 465 and 466 can be deduced from it. According 
to Dr. Scheffler’s theory the direction of the thrust is always in¬ 
clined at an angle </> to the 
horizontal, but the magni¬ 
tude is greater than given 
by Kankine, except in the 
case shown in Fig. 466. 

The overturning power d 
of the thrust as found by \ 
ScheffleFs hypothesis is less \ 
than that of the thrust as 
found byKankine’s method, FiS- 467- 

but it has been proved by experiments made by G. IT. Darwin, 
as well as by the results of actual practice, that Scheffler’s 

theory can be safely depended upon. This hypothesis, in fact, 
makes some allowance for the cohesion of the soil, whereas, as 
already stated, Eankine’s method is based on the supposition that 
the earth is granular and loose. 

Practical Formulae.—A formula is given in Hurst's Pocket- 

Book} based on Kankine’s investigations, which is shown below, 

with certain modifications.2 

1 Page 123, 14th edition. 
2 The following process is recommended for designing retaining walls ; first find 

the section by means of the formula, and then apply the graphic method as a 
check. 
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Let 

T = thickness of wall with vertical sides. 

T3 = mean thickness of wall with either face or hack sloping 

(ie. thickness half-way up the wall). 

H = height of the wall. 

w — weight of a cubic foot of the earth at the back of the wall. 

W = weight of a cubic foot of the wall. 

/90 — d>\ 
K=0‘7 tan (—^—), where $ is the angle of repose (see 

Table XVI.) 

Then 

Case (1) Wall with vertical sides and hacking horizontal at the 
top (Fig. 468). 

T = K.h7^ • . (101). 
v w 

(2) Sloping walls with vertical hack (Fig. 469). 

Batter of face 
12 
T 
8 
T 
6 
1 

T1== 0-86T. 

Tx = 0'80T. 

Tx = 0*74T. 

Case (3) Wall with vertical face and sloping hack (Fig. 470), 

or (Case 3a) with offsets (Fig. 471). 

T1==:0-85T. 

Fig. 472. Case 4. Fig. 473. Case 5. 
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Case (4) Surcharged Revetments.—Substitute for H in the 

forniula the vertical height H' measured to the point G, found by 

setting off the distance II along the earth slope, as shown in Fig. 

472. 

Case (5) When the bank is of less height above the wall than the 

distance H would give, take the actual height of the bank, as 

shown in Fig. 473. 

Case (6) When the earth slopes from the front edge of the wall 

the point G should be found, as shown in Fig. 474. 

Values for w and W will be found in Table XVII. 

Retaining Wall for Light Vegetable Earth. 

Example 48.—Design a wall to retain light vegetable earth, consolidated 
and dry, to a depth of 8 feet, the backing being 

horizontal at the top and flush with the top of 

the wall. The back of the wall to be vertical 
and the face to batter & The wall to be built 

in ordinary brickwork. 

Preliminaries.—From Table XVII. we find 
w — 90 lbs. per cubic foot for vegetable earth. 
W=112 „ „ for brickwork in 

mortar. 
Also from Table XVI. 

K= 0*26 for moist vegetable earth. 

B.C.—IV. 
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Calculation by practical formula.—Hence (Equation 101, p. 240), 

/ 90~ 

T=°-26xVui’ 
= 1*86 foot; 

and ^ = 0*80 x 1*86, 
= 1*49, 

or say 1' 6"; and as tlie batter is -J the thickness at the top will be 1' 0", 

and at the bottom 2' 0". 
The foundations can, with advantage, be inclined so as to resist the 

pressure which tends to make the wall slip forward. We thus get a wall as 

shown in Fig. 475. 
Graphic method.—To compare the formula given above with Rankine’s and 

Schefller’s methods, draw a cross section of the wall, and apply the graphic 

construction as shown in Fig. 476, taking the angle of repose as 49°. It 

will be found that BP is 2*96 feet, so that 
90 

^i?(BP)2= (2*96)2= 394 lbs. 

Also the weight of one foot length of the wall= 1345 lbs. 
Taking Rankine’s method first, we find R as the resultant of the weight 

and the thrust, and it will be seen that R intersects the plane of the base 
sufficiently inside the wall. R1? the resultant found according to Scheffler’s 

method, intersects the base still more inside the wall. It is left as an exercise 
for the student to find the maximum intensity of compression at the edge. 
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The student should observe that an extreme case has been chosen for this 
example ; the earth is very light and the angle of repose large. If the earth 

were not consolidated, the angle of repose would be 29°, and it will be found 

that the mean thickness (T2) would then be 2*4 feet. 

Retaining Wall for London Clay. 

Example 49.—Same wall as in the previous example, but designed to 
retain London clay recently excavated and saturated with water (see Fig. 477). 

In this case we find, on referring to Table XVII., 

w — 120 lbs. per cubic foot, and 

K = 0*53. 

Hence (Equation 101, p. 240) T = 0'53 x 8 \/-fnf = 4’4 feet, 
Tj = 0-80 x 4*4 = 3*5 feet. 

Therefore a wall of the section shown in Fig. 477 is required. 

Surcharged Retaining Wall (Loamy Earth). 

Example 50.—Find the dimensions of the surcharged retaining wall 

shown in Fig. 478. The earth is supposed to be of a loamy nature ; the 

face of the wall is to be vertical, and the back to have a batter of about -J, 

the wall to be built of rubble masonry. 

Preliminaries.—From Table X.VII. we find 

10— 80 lbs. per cubic foot, 

W= 140 „ 
and 

K = 0 33. 

On measuring H along the slope we find 
Hj = 9*3 feet, 

and therefore 

T = 0’33 x 9*3 \/J^— 2’3 feet. 

Hence from (3), p. 240, 
T1== 2-3x0*85, 

= 2 feet nearly. 

The dimensions in Fig. 478 give a mean thickness of 2 feet and a batter 

°f f at the back. 
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Baker’s practical Kules for Thickness of Retaining Walls. 

Proportion of thickness to height.—“As a result of his own 

experience ” Sir Benjamin Baker “ makes the thickness of retain¬ 

ing walls in ground of an average character equal to j of the 

height from the top of the footings.” 

He also says that “A wall quarter of the height in thickness, and 

battering 1 inch or 2 inches per foot on the face, possesses sufficient 

stability when the backing and foundation are both favourable.” 

Also that “ under no ordinary conditions of surcharge or heavy back¬ 

ing is it necessary to make a retaining wall on a solid foundation 

more than double the above, or ^ of the height in thickness.” 

Equivalent fluid pressure.—He says further that “Experiment 

has shown the actual lateral thrust of good filling to be equivalent to 

that of a fluid weighing about 10 lbs. per cubic foot; and allow¬ 

ing, for variations in the ground, vibration, and contingencies, a factor 

of safety of 2, the wall should be able to sustain at least 20 lbs. fluid 

pressure, which will be the case if \ of the height in thickness.” 

These rules may be usefully applied to check the calculations 

made by other methods. 

Foundations. 

Ordinary firm earth will safely bear a pressure of about 1 to 

1-g- ton per square foot, while moderately hard rock will bear as 

much as 9 tons. 

It is therefore not worth while to make any calculations for 

the foundations of ordinary walls because the pressures they 

cause are so small. 

The foundations of retaining walls are subject, however, to 

considerable pressures, which moreover are not uniformly distri¬ 

buted. They should therefore be of such a width that the 

maximum intensity of pressure is not greater than the soil can 

safely bear, and the centre of pressure should not be nearer the 

outside edge than ^ the width of the foundation. 

Example 50a.—Pressure.—As an example suppose Nc, Fig. 478a (the 

normal constituent of the resultant of the weight of the wall for 1 foot in 

length and the pressure of the earth upon it) to be equal to 2 tons. 

Assume foundations such as those shown in Fig. 477, the centre of 
pressure c being at J the width ef of the foundation from the outer edge, 

then the maximum intensity of pressure will be at e (see p. 219), and it will 

be equal to 2 x f = |- tons per square foot. 
It is evident, therefore, that on firm earth, clay, or harder soils the maxi¬ 

mum intensity of pressure would not be too great. 
If the soil were very loose and unfit to bear weight then the concrete 
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foundation would have to be extended so that the maximum pressure upon it 

should not exceed what the soil could bear, and in extreme cases the founda¬ 
tion would have to be prepared by driving piles. 

If it is very important 
for any reason that the 
pressure on the earth should 
be uniform,' the toe of the 
concrete must be extended so 
that c should be the centre 
of the earth pressed upon. 

Concrete base. — 

Care must be taken 

that the concrete is 

made so thick that 

there is no danger of 

its breaking across. 

In Fig. 478a abde is 

in the condition of a can¬ 
tilever nearly uniformly loaded and tending to break off at bd. 

Thus see Appendix YII. 
wl2 bd2 xf0 

IT* 6 
taking f0 = 100 lbs. per square inch,1 

, 2 x 12( x 18)2 x 100 

Wl=-6X24. ’ 

= 5400 lbs. 

= 2 \ tons nearly. 

Therefore the cantilever will bear 2^ tons distributed or ton per foot 

superficial without breaking. 
Whereas the most intense pressure at the end is only § ton per foot 

2i 
(giving a factor of safety of -/ = nearly 4), and the mean pressure distri- 

3' 

buted only -- ton. 
The concrete therefore is amply thick enough. If made 12” thick it 

would bear about T ton per foot-superficial. 

Sliding on concrete.—To prevent danger of the wall sliding 

forward on its concrete base, the tangent of the angle MQE (between 

the normal MQ to the base and the resultant pressure EQ) must 

not be greater than x the coefficient of friction of brickwork 

with damp mortar, Table XYa, i.e. not greater than x '74 = *59. 

The angle EQM measures 21°, the tangent of which is *38, 

so that the condition is amply fulfilled and the wall quite safe 

against sliding. 

Sliding on clay.—In the same way by using the proper co¬ 

efficients from Table XVa it will be found that the wall would 

slide on wet clay but would be safe against sliding on dry clay. 
1 Baker. 



Chapter XV. 

ARCHES. 

IN' Parts I. and II. some preliminary remarks were made in 

connection with arches ; the names of the different parts were 

given, and also some practical details as to the construction of 

brick arches. 

It is proposed to show in this chapter how to ascertain the 

thickness of the arch ring in order that the arch may safely resist 

the load it has to bear. 

The calculations in connection with the stability of the arch 

ring are amongst the most difficult that occur in engineering, but 

there is a simple graphic method by means of which the desired 

result may be obtained by a series of approximations, and it is 

this method which will be described. 

It should, however, be observed that ifi the large majority 

of cases the arches used in building construction have but a small 

span, and are, moreover, only repetitions of what have been built 

before, so that there is ample experience to fall back upon. There 

is therefore no necessity, in such cases, to make any calculations, 

and the dimensions can be obtained by referring to a table such 

as that given in Molesworth’s Pocket-Book} or Table NVIIa. 

Graphic Method of determining the Stability of an Arch. 

Let I, J, K, L be any voussoir2 of an arch. The load on 

this voussoir consists of its own weight and of the portion of the 

weight carried by the arch included between the dotted lines 

(Fig. 479). Let w be the resultant of both these weights acting 

through their common C.G. The voussoir is also subjected to 

the pressure P of the voussoir above it, and to the reaction R of 

the voussoir below it. These are the only three forces acting 011 

the voussoir, and if we know w and P we can find R and also its 

1 Page 108, 23d edition. 
2 The student is referred to Parts I. and II. for the meaning of the various 

technical terms employed. 
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point of application C, which is the centre of pressure- for the 
joint I, J. Now we know (see p. 221) that for } 
stability the point C must lie inside I, J, and 
that, moreover, to prevent crushing the material 
of the voussoir, C must not approach I or J 
nearer than a certain distance, depending on 
the value of E, and on the resistance to crush¬ 
ing of the material. On this point Dr. Scheffler 
has laid down a general rule that the point C 
should lie within the middle, half of the joint, Fig. 4?9- 

but other authorities recommend that C should lie within the 
inner third of the joint,1 in order that no tension be excited (see 
p. 221). Dr. Scheffler’s assumption is amply safe for all ordinary 
cases, and will therefore be accepted for these Notes. 

Now, for purposes of calculation, the arch can be considered 
as divided up into a number of imaginary voussoirs, as shown in 
Fig. 480, and we can suppose that the centre of pressure at each 

joint has been found, and that these centres of pressure are then 
joined together by a broken line. If the arch had been divided up 
into a greater number of imaginary voussoirs, as in Fig. 481, the 
line joining the centres of pressure would be almost a continuous 
curve, and if a still greater number of voussoirs had been assumed, 
the line would hardly be distinguishable from a curve. This 
line is called the line of resistance, and from it we can obtain the 
point of application (centre of pressure) and direction of the 
pressure at any section of the arch. 

Applying, therefore, the results arrived at in connection with 
one voussoir, we see that for safety the line of resistance must lie 
within the middle half of the arch ring, as shown in Fig. 485. 

For mere stability, if the material of the arch ring were un- 
crushable, the line of resistance might just touch the outside of 
the arch ring. 

The line of resistance also gives the direction of the resultant 

1 For important arches the line of resistance should always be kept within the 
middle third of the arch ring, as in the Example, Appendix XX. 
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pressure on any joint of the arch ring, this direction being a tangent 
to the curve; and should this direction be too much inclined to 
the joint the arch would fail by sliding.1 As a matter of fact, how¬ 
ever, the inclination seldom, probably never, is sufficient to produce 
failure in this manner, except in straight arches (see Fig. 14, Part I.) 

To find the line of resistance.—The problem therefore is to fmd the line of 
resistance, and herein lies all the difficulty. 

On looking at Fig. 481 it will be seen that the line of resistance is hori¬ 

zontal at the point D; at this point therefore 

the pressure is horizontal. 

Suppose the portion DB of the arch is re¬ 

moved (Fig. 482), then we have the left-hand 

portion of the arch kept in equilibrium by— 

(1) The portion of the load it has to sup¬ 

port (Wx). 

(2) The horizontal pressure H at D. 

(3) The pressure PA at the abutment A. 
Now, a force is determined when we know 

(1) its direction, (2) its point of application, 
and (3) its magnitude. Wx is, or can be, so determined. Of H we only know 
the direction ; and as to PA we know nothing except that it is equal and op¬ 

posite to the resultant of W1 and H. We therefore cannot solve the problem 

until we know the point of application and the magnitude of H. To obtain 

these we must resort to what is known as Moseley’s Principle of Least Resistance. 
Professor Bankine states this principle as follows :— 

(i If the forces, which balance each other in or upon a given body or 

structure, be distinguished into two systems, called respectively active and 

passive, which stand to each other in the relation of cause and effect, then will 

the passive forces be the least which are capable of balancing the active forces, 

consistently with the physical condition of the body or structure.” 

In the case under consideration Wx represents the active forces and H and 
PA the passive forces. 

It therefore follows that, in the actual arch, the magnitude of H will be the 
least possible consistently with the physical condition of the arch. And it will 
also be seen that to each value of H there is a corresponding line of resistance. 

Combining this with the condition relative to the line of resistance 
(p. 247) we arrive at the following result. 

The value of H will be such that the corresponding line of resistance 

is just included within the inner half of the arch ring. 

This line of resistance is called the line of least resistance. 

Theory of graphic method.—To determine the true line of least 
resistance mathematically is most difficult, even in simple cases; 
but by the graphic method of trial and error already referred to, 
the line of least resistance can be found very expeditiously—only 

1 “ To insure stability of friction the normal to each joint must not make an angle 
greater than the angle of repose with a tangent to the line of pressures drawn through 
the centre of resistance of that joint” (Rankine, Civil Engineering). 
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approximately, it is true, but with ample accuracy for practical 
purposes. This method is as follows:— 

Referring to Fig. 48 2, let h be the lever arm of H from the centre of pressure 

of the joint at A (viz. the point of application of PA), and a the lever arm of 

Wx from the same point. Then taking moments about this point we have 

Wx x a - II x h = 0, 

or H = ^-W1 .... (102). 

Hence H will be least when a is least and h is greatest, and that is the case 
when the point of application of H is as high up as possible (that is at E, Fig. 

483), and the point of application of PA as low down as possible (that is at K). 

On the other hand, the greatest admissible value of H will be when a is great¬ 
est and h least, that is when H is applied at F, and PA at G, as in Fig. 484. 

The true value of H lies somewhere between the least and greatest 

values thus found, and is the least value of H that allows of the line of 
resistance being just included within the inner half of the arch ring. Thus, 
supposing that it has been found that a certain value H1 gives the line of 
resistance shown in Fig. 485, then any less value of H would cause the line 

1 In Figs. 483, 484, 485 and others, the curved dotted lines represent the centre 

half of the arch. 
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of resistance to pass below K. Hj is therefore the least admissible value of 

H, and the corresponding line of resistance is the line of least resistance. 
Clearly, therefore, the next step is to establish a method of finding the line 

of resistance corresponding to any assumed value of H. 

Suppose that the portion AD of the arch ring is divided up into a number 

of imaginary voussoirs, as shown in Fig. 486, and let the load on each of these 

voussoirs be found, namely wv w29 w3, etc. 

Now the first voussoir is kept in equilibrium by three forces, as shown in 

Fig. 487. We know H and ivv but P1 has to be found. To do this, draw db 

(Fig. 488) to represent H, and aax to represent wl; then (by the triangle of 

forces, p. 179) aj) will represent Pr We therefore have only to draw Px 

parallel to a^b through the intersection of H and w1 to find cy 

Proceeding to the second voussoir we have forces as shown in Fig. 489 ; and 

Fig. 490 gives the triangle of forces. c2 therefore can be found as before. The 
same process can be repeated for each succeeding voussoir, and by this means 

the various centres of pressure can be found, and by joining them the line of 

resistance can at once be obtained (Fig. 491). 
It will be observed that Figs. 488 and 490 can be combined to form one 
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figure, as shown in Fig. 492, and similarly the triangles of forces for all the 

succeeding joints can be combined into one figure (Fig. 493), thus saving a 
considerable amount of drawing. 

It will also be observed that the broken line formed by the forces H, P1? 

P2, etc. (Fig. 491), approximates to the line of resistance, and if double the 

number of voussoirs had been taken, the approximation would be still closer, 

as shown in Figs. 494 and 495. With a very large number of voussoirs, the 
line of resistance and the broken line formed by the direction of the pressures 

at the joints practically coincide. 

Fig. 495. 

Practical Graphic Method of finding the Line of Resistance 

in an Arch with a Symmetrical Load.—The line of resistance 

corresponding to any particular value of H can therefore he found 

by the following very simple graphic method. 

Trial line.—Find the loads wv wv w3, etc., acting on the arch 
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(Fig. 496), and draw the diagram of forces, Fig. 497, thus obtaining 
the forces P1, P2, P3, P4, etc. Then find the intersection of H and 
wv then the intersection of Px and w2i and so on. Join these 
points of intersection, and the broken line so obtained will be 
approximately the line of resistance required. 

It will be observed that this line of resistance (Fig. 496) is 
not included within the inner half of the arch ring. The reason 
is that the point of application of H has been chosen too high. 

True line.—Lowering the point of application, which will 
also increase H to (Fig. 498), we obtain a new diagram of 
forces (Fig. 499) and a new line of resistance, which is now found 
to just fit in within the inner half of the arch ring, and is there¬ 
fore the line of least resistance required. 

To find where the line of resistance is horizontal.—On refer¬ 
ring to p. 248 it will be seen that the section D was taken through 
the point where the line of resistance is horizontal, and we must 
now show how this point can be obtained. 

Taking the simplest possible case, when the load is uniformly 
distributed, as in Fig. 500, it is clear from symmetry that D will 
be situated at the centre of the arch ring. 
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Or, again, if the load is symmetrically distributed D will still 

be at the centre of the arch ring (Fig. 501). 

In both these cases the line of least resistance will be 

symmetrical about the point D. 

Now let us investigate the effect a concentrated load,1 placed 

at any point on the arch ring, has on the position of the point D, 

as shown in Fig. 502. Let W be this concentrated load, and let 

Fig. 503. Fig. 502. 

it be applied at the point P. If we take any section of the arch, 

as in Fig. 503, the thrust at the section can be represented by 

the horizontal thrust H and a vertical force V. What we want 

to find is the section at which V is nothing. If we regard Y in 

the light of a shearing stress we see on referring to p. 56 that 

since, as a consequence of Eule 2, the shearing stress is nothing 

under the resultant of all the loads, therefore the section of the arch 

we require will be under the resultant of W and wz . . . wv 

In any case, therefore, the point D can be found by determining 

the resultant load on the arch, and this can be done very simply, 

by finding the centre of gravity of all the loads, as explained in 

Appendix VI. 

Thickness of the arch ring.—The thickness of the arch ring 

should be sufficient to allow of the intensity of pressure being not 

greater than what the material is able to bear safely. Molesworth 

gives a rule, based on Eankine’s, for finding the thickness of the 

arch at the crown, or, in other words, the depth of the keystone. 

It is as follows :— 

Depth of keystone = n ^/radius at crown . . (103), 
where n = 0‘3 for blockstone, 

= 04 for brickwork, 

= 0*4'5 for rubble stonework. 

The depth thus found is expressed in feet. 

1 A different method of treating an arch with an unsymmetrical load will be 

found in Appendix XX. 
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The actual intensity of pressure at any section of the arch 

ring can, however, he found, as soon as the line of least resistance 

is known, by applying Equation 95. 

Semicircular Brick Arch. 

Example 51.—Find the line of least resistance in the symmetrically 
loaded semicircular brick arch shown in Fig. 504 when loaded with a uni¬ 

form load of 1 ton per foot run, including its own weight. 

Preliminaries.—It will be found, by applying Equation 103, that the 
thickness of the arch ring at the crown is 

= 0*4 a/5 = 0*9 foot nearly. 

14" is therefore the nearest brick dimension, and we will call this 1*2 foot. 

The arch being uniformly loaded, we need only consider one half of the 

arch, and the thrust at the crown will be horizontal, as shown in Fig. 505. 

The total load on the half arch is 6*2 tons, and its direction is at a distance 
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of 1*9 foot from the point A. Now, as seen at p. 249, H will be a minimum 

when applied at the point E, and its lever arm will then he 

5 + (f x 1*2) = 5*9 feet. 

The lever arm of the load is 
T9 + (-|-x 1*2) = 2*2 feet. 

Hence 
2-2 

x 6*2, 

= 2-3 tons. 

Again, H will be a maximum when applied at F, and when moments are 

taken about G. In this case the lever arm of H is 

5 + (£x 1*2) = 5*3 feet, 

and of the load 
1*9 + (f x 1*2) = 2*8 feet. 

Hence 
2*8 

®^max.) = X 6 2, 

= 3’26 tons. 

The true value of H, giving the line of least resistance, must lie between 

these two values, provided of course the arch ring is able to withstand the 

load put upon it. 
As a first trial draw a line of resistance through E. Following the pro¬ 

cess explained at p. 251 we obtain the line of resistance given in Fig. 506, 

that is, draw H = 2*3 tons horizontally through E to intersect the first load 
of 1 ton, from this intersection draw a line parallel to Pj (Fig. 507) to meet 

the second load of 1 ton, then from this intersection a line parallel to P2 to 

meet the third load, and so on until a line parallel to P5 is drawn to meet the 
last load. From this point of intersection a line parallel to P6 is drawn and 

gives the direction of the pressure at the springing ; P6 in Fig. 507 being 
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the magnitude. This line of resistance passes below the soffit of the arch, 

and therefore the value of H must be increased. It should be observed that 

the direction of P6 passes through K, the point about which moments were 

taken, and this forms a valuable check on the accuracy of the drawing. 

As a second trial increase H to H(max), namely, 3*26 tons. The point of 

application of H will in this case be F, and the line of resistance shown in 
Fig. 508 will be obtained, which also cuts through the arch ring at the soffit. 

tons--->? 

Fig. 509. 

As a last trial apply FI at E and take moments about G, so that the 
line of resistance will pass through G. We find 

2 *8 
H = — x 6*2 = 2*95 tons, 

o 

and the corresponding line of resistance shown in Fig. 510 is obtained. This 
line of resistance is within the arch ring at all points, but at the haunches it 
is outside the inner half of the arch ring, and therefore does not comply 
with Dr. Scheffler’s rule. 

To raise the line of resistance at the haunches so that it will be within 

the inner half of the arch ring, we can either increase the load above the 

haunches or increase the thickness of the arch ring at the springing. The 

first alternative is left as an exercise for the student. 

Thickening arch.—Supposing that the thickness of the arch ring is in¬ 

creased to 1' 6" at the springing, as shown in Fig. 5 11, the point G is now 

at a distance of |- x 1*5 = IT3 from the inner point of the springing, and the 
lever arm of the load becomes 1 ’9 x 1T3 = 3’0 nearly. Hence, if H is applied 

at E, 
3*0 

H = —— x 6*2 = 3*15 tons, and the 
5*9 

True line of resistance shown in Fig. 5 11 is obtained. This line of resistance 

is practically everywhere included within the inner half of the arch ring, and 

is therefore the line of least resistance required. Practically, however, a brick 
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arch would not be built of varying depth owing to the expense of cutting 

the bricks, and the arch ring would therefore be made 1' 6" deep throughout. 
This expedient could, however, be adopted if the arch were built in masonry. 

Thickness to resist crushing.—The thickness of the arch ring must be suffi¬ 

cient to prevent the intensity of pressure being greater than the pressure the 

material can safely bear. Now on inspection it would appear that the 
greatest intensity of pressure occurs either at the point M (Fig. 513) or at 

the abutment, and to find the required thickness it will be necessary to ascertain 

at which of these points the intensity of pressure is greatest. At the point 

M the line of least resistance is practically perpendicular to the joint between 

the voussoirs, and on referring to Fig. 512 it will be found that the pressure 

at the point M is 5T tons. We must now employ Equation 95, p. 219, 

and we can write 
Y = 5T tons, 

GC = -1— inches, 

AE =s b (the width of the arch ring). 
2 x 5T x 4 _ 0’97 

Hence 2W.) = 3 x 14 x 5 = T”’ 

6 = 

0-97 

V{ max.) 

Now proceeding to the abutment we find from Fig. 512 that the pressure 

is 6*8 tons ; but this pressure is inclined to the joint, and we must resolve 

perpendicularly to the joint. We thus find (Fig. 514) 

Y = 6 tons, 

also GC = inches. 
2x6x4 0*89 

Hence p(mnx0 
3x18 x Zq 

B.C.-IV. 
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7 0*89 
or 0, =-. 

l\n mx.) 

If the arch is built in ordinary brickwork in mortar, p can be taken at 

about 0*5 cwt. per square inch. Hence 

. 0-97 x 20 . - 
b = ——-=38 inches. 

0-5 
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But if the arch were built in cement, p can be taken at 0*8 cwts. per square 
inch, and then 

b = 
0*97 x 20 

0*8 
= 24 inches. 

Arch with unsymmetrical Load, (See Appendix XX.) 

Abutment for Arch. 

Example 51a.—As an example it will be assumed that the 
arch is situated at one end of the wall of a building, as shown in 
Fig. 515, The forces acting on the abutment are the thrust of the 
arch, namely, 6*8 tons as found above, and the weight of the brick¬ 
work in the wall immediately over the wall, including the weight of 
the abutment itself. It will be assumed that this weight is 10 tons, 
acting as shown in Fig. 515. These two forces intersect at A, and 
completing the triangle of forces we obtain B as the centre of pressure 
at the joint DC. I11 order that no tension be excited at C we must 
make DB = IBC. It must also be ascertained that the intensity of 
pressure is not too great. The vertical pressure on the joint DC is 16 
tons. Hence taking the width of the arch as 2 3" we have from (95) 

_0 16x20 

]W)“ 6'6"x 23" 
= 0*36 cwt. per square inch nearly. 

It will be seen from Table Ia that 0*5 cwt. is safe. 
The maximum pressure at the joint at A will, however, be 

somewhat greater; the vertical pressure will be reduced by 
about 1 ton (viz. the weight of the abutment below A); and as 
A is (according to the dimensions taken) at ^ the width of the 

joint from the outer edge 
_ 0 ^ 15x20 

JW)-- x4'6"x 23" 

= 0*48 cwt. per square inch nearly. 
Resistance to sliding can be found as before. 
The concrete foundations to the abutment can be designedonthe 

same principles as above, taking care that the maximum intensity 
of pressure is not greater than the soil can withstand with safety. 

Table of thickness of arches. —The arches used in building 
construction are not generally of very great span, and they do 
not as a rule require to be calculated. Their thickness is often 
governed by appearance, or it may be found in Tables founded 
uP°n experience. One of these is given at p. 343, and others in 
Moles worth’s and Hurst’s Pocket-Books. 



Chapter XVI. 

HYDRAULICS1 

(As applied to Building Construction). 

HYDEAULICS is a subject which is related to building con¬ 
struction only to a limited extent, and in fact only two 

subdivisions of the subject need be considered, namely— 
1. The motion of liquids through pipes in connection with 

water supply and disposal of sewage. 
2. The delivery of water from a jet in connection with stand¬ 

pipes. 
We must first consider and define some of the terms in use. 
Pressure.—If we imagine a small cube immersed in a liquid as 

shown in Fig. 5 16, the pressure exerted by the 
liquid on each of the six faces of the cube will 
be normal to that face, and if the cube is sup¬ 
posed to be very small indeed, all these pressures 
will be almost equal. If the cube be now sup¬ 
posed to diminish without limit it will become a 
point; the pressures will become exactly equal, 
and will then be the pressure at a point, as at P, Fig- 516. 

for instance, in Fig. 517. It is shown in works on Hydrostatics 
that the pressure at a point in a liquid is propor¬ 

tional to the depth below the surface of the 
liquid, and in fact that the intensity pressure, 
that is, the pressure per unit of area (a square 
inch, for instance), is equal to the weight of a 
column of liquid of a height equal to the depth 
below the surface and one unit of area in cross 
section. Thus if D is 50 feet and the liquid 

is water, a cubic foot of which weighs almost exactly 62'4 lbs. 

1 For Practical Formula, see pp. 267, 281, and App. XXI. 
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at a temperature of 52°‘3 Fahr., the pressure on a square inch at 
the point P would be 

5° x x 62*4 = 21*67 lbs. 
144 

The intensity of pressure at the point P is therefore 21*67 lbs., 
or as it is usually expressed, 21*67 lbs. per square inch. 

Head of pressure.—The depth of the point P (Fig. 5 17) is also 
called the head of pressure at the point P, or simply the “ head,” 
and is generally expressed in feet. 

Head of elevation.—The height of the point P (Fig. 517) above 
some datum level is called the head of elevation of the point P. 

Loss of head.—When a liquid is in motion, each particle is 
constantly moving from a place of greater head to a place of lesser 
head, and the difference between the two heads is called the loss of 
head. This loss of head may be entirely a loss of head of pressure, or 
entirely a loss of head of elevation, or, again, partly a loss of head 
of pressure and the remainder a loss of head of elevation. 

The following examples will assist to illustrate the above— 
AB (Fig. 5 18) is a pipe connected to a tank T; at A there is 

a tap. When the tap A is closed, the head at the point P will be: 
Head of pressure, EP; 
Head of elevation, FP. 

At A the head of pressure is GA, and there is no head of 
elevation with reference to the datum chosen. 

When the tap is opened, however, the pressure at A is reduced 
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to zero, and if the resistance of the pipe to the flow of the water is 
uniform, the pressure at each point of the pipe can be represented 
by the straight line AL, as shown in Fig. 5 19. Therefore the 
head at P will now be: 

Head of pressure, KP; 
Head of elevation, FP. 

It will be observed that the head of elevation is not altered, 
but that the head of pressure is reduced by the amount KE. 
With reference to a second point P;, the head of pressure is K'P', 
and the head of elevation F^7; but the “ loss of head ” between 
the two points is K/O. This loss of head is made up of E/M, the 
loss of the head of pressure (KM is drawn parallel to PP'), and of 
MO, equal to P'N, which is the loss of the head of elevation 

If the pipe is horizontal, as in Fig. 520, it is clear that the 

loss of head between the two points P and P' is entirely loss of head 
of pressure, and there is no loss of head of elevation. 

On the other hand, if water is flowing in an open channel. 

as in Fig. 521, the loss of head is entirely loss of head of eleva¬ 
tion ; in fact, the water is not flowing under pressure. 

Another way of looking at the matter is as follows :—The water, when flowing 

in the pipe or in the channel, has to overcome the resistance of the pipe or 

of the channel, which means that the water has to do a certain amount of icork, 

and this work is proportional to the loss of head. Supposing, for instance, 

that 1 lb. of water, in flowing through a pipe, loses 10 feet of head, then the 

work done by that pound of water is 10 foot-lbs. 

Wetted perimeter.—In an open channel, or in the case of a 
pipe not flowing full, the portion of the cross section of the 
channel, or of the pipe, wetted by the liquid (from E to F, Figs. 
522 and 523) is called the wetted perimeter. It is also called 
the “ border” 

Hydraulic mean depth.—The quotient of the area of the 
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cross section of the liquid divided by the wetted perimeter is called 
the hydraulic mean depth, and will be denoted by R 

mr . T7. . The area of EBF 
Thus m Figs. 522 and 523, 

The length of EBF 
:R. 

MOTION OF LIQUIDS IN PIPES. 

The motion of a liquid in a pipe is due to gravity, and if the 
pipe were perfectly smooth, and offered no resistance, the velocity 
would increase without limit. But, as already mentioned, pipes 
do offer a resistance depending on their diameter and on the 
state of their inner surfaces, so that the velocity, instead of in¬ 
creasing continually, is limited. Moreover, the velocity of the 
liquid is not uniform throughout the cross section of the pipe, 
but is greatest in the centre, diminishing gradually at first, and 
then rapidly towards the sides. Close to the sides the liquid 
does not flow freely, but is disturbed by numerous small eddies. 
It was at one time thought that neither the diameter nor the 
state of the surfaces had any influence on the resistance, and to 
account for this it was supposed that these eddies formed, as it 

were, a liquid lining to the pipe. 
Darcy has, however, shown by means of an elaborate series of experi¬ 

ments that this view, due to De Prony, is erroneous, and has also shown that 

the mistake arose from combining experiments on pipes of large diameter 

but with rough surfaces, and experiments on smooth pipes but of small 
diameter, and that the resistance offered by the rough surface in the one set 

happened to exactly equal the resistance due to the small diameter in the 
other set; so that it appeared that neither the state of the surface nor the 

diameter had any influence on the resistance. 

Although this supposition is now known to be erroneous, yet 
in many of the formulae in general use for obtaining the discharge 
of pipes, the effect of the diameter on the resistance is not taken 
into account, nor is any notice taken of the degree of roughness 
of the surface; practically this latter is of little moment, for 
whatever the surface may have been originally, it will speedily 
be covered with sediment. These formulae are empirical, and are 
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based on numerous experiments that have been made on the 
flow of liquids in pipes. It should, however, be observed that 
these experiments, made at various times by different observers, 
are neither numerous enough nor were they sufficiently system¬ 
atically carried out to obtain results of scientific accuracy, 
although they may be good enough for practical purposes. 

We have to consider two cases of the flow of liquids through 

pipes, namely— 
1. When the pipe is flowing full and the liquid is therefore 

impelled to move by the pressure of the head of liquid. 
2. When the pipe is flowing partially full. In this case the 

liquid is not under pressure, and simply flows down, owing to 
the slope of the pipe, as it would in an open channel. 

We will consider each of these cases separately. 

Discharge from a Pipe flowing full under Pressure. 

As already mentioned, numerous formulae have been proposed 
to find the discharge from a pipe, but we will only consider four 
and then select for future use the one best adapted for our purpose. 

One of these, known as Eyteliuein's formula, is 

(104), 
where 

V is the mean velocity of the water in feet per second; 
H the effective head of water in feet, that is, the actual head 

reduced by the various losses of head due to bends, etc. (see 

p. 268); 
L is the total length of the pipe in feet; 
D is the diameter of the pipe in feet. 

Neville's formula is said to be more accurate than Eytelwein’s, but it is 

more complicated and is as follows :— 

(105). 

Both in Hurst’s and Molesworth’s Pocket-Book will be found tables calcu¬ 

lated from this formula, which are of great assistance in practical calculations. 

Thrupp's formula.—The latest, and probably the most accurate formula, is 

that recently elaborated by Mr. Edgar C. Thrupp, which is as follows:— 

where B is the hydraulic mean depth (which is equal to — for pipes flowing 

full, see p. 280), S is the slope of the pipe , and x, y, z, and c are con- 
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stants depending on the material of which the pipe is made and on the sur¬ 

face of the pipe. For further information on this formula, and for values of 

the constants, reference is made to the Proceedings of the Society of Engineers 

(Dec. 1887). The following cases may, however, be useful:— 
For wrought iron pipes over 3£" diameter, 

V = - 
B°'G 

0-004787 

For wrought iron pipes 1" diameter, 

£0-657 
V = 

For new cast iron pipes, 

V=- 

0-004787 

It0'63 

0-006752 

1 

x (Sf*> . . (107). 

x (Spo . . (108). 

x (4 • • . (109). 

Darcy's formula.—The fourth formula we will mention is 
Darcy's, namely— 

v=c\/ixr • • • (110)> 

where C is a coefficient to be found from the following table.1 

TABLE J. 

Diameter of pipe in inches 
= 12 x D. 

4 1 2 3 4 5 6 7 8 

Value of C. 65 
1 

80 93 99 102 103 105 106 107 

Maximum value of C for very large pipes, 113*3. 

To compare these formulae we will work out some examples. 
Example 52.—Find the velocity in a pipe 1 inch in diameter, 100 

feet long, the effective head being 1 foot. 

We have 
By Equation 104 (Eytelwein’s formula), 

V = 108 s/\ x -5^ x - .0T3, 

= 1-43 feet per second. 

By Equation 105 (Neville’s formula), 

V = 140 x TV x - 11 \/J x TV x 

= 2-02 - 0-65, 

= 1*37 feet per second. 

By Equation 110 (Darcy’s formula), taking C = 80 for this size of pipe, 

Y = 80 X X 

= 1*15 feet per second. 

By Tlirupp’s formula (for wrought iron 1" diameter), Equation 108, 

1 From Moles worth’s Pocket-Book of Engineering Formulae. 
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0-004787 

0-0786 

0-004787 x 1-29’ 

= 1*27 feet per second. 

Example 53.—Find the velocity in a pipe 1 inch in diameter, 100 
feet long, the effective head being 10 feet. 

By Equation 104, 

By Equation 105, 

V=108n/^xx\x - 0-13, 
= 4*8 feet per second. 

V= 140 : 1 o 
■ TTHF 

= 4*99 feet per second. 

By Equation 110, 

• ii v£xtV 
1 O 

iinF> 

10 
lUTF? V = 80\/^xT1^x _ 

= 3*65 feet per second. 

By Thrupp’s formula (Equation 108), i 

(jxA)0Wx(- 
y=- 

10 \i-80 
-) VTTHJV 

0-004787“ 
0-0786 

0-004787 x 3*594’ 

= 4-59 feet per second. 

Example 54.—Find the velocity in a pipe 4 inches in diameter, 100 
feet long, the effective head being 1 foot. 

By Equation 104, 

By Equation 105, 

V= 108 v/lx^x^-0-13, 

= 2*99 feet per second. 

^ 1 40 X j-g X y-g-fl- — 1 1 /y/^ 5 

= 3’01 feet per second. 
By Equation 110, taking C= 102, 

1~Z ■ _1 
lT5TT> 

V — 1 02 \/| X y4^- X y^J-, 

= 2-94 feet per second. 

By Thrupp’s formula (for cast iron, Equation 109), 

yJlxAT 
0-006752 *(ihr 

0-209 

“0-006752 x 10’ 

= 3*09 feet per second. 

Example 55.—Find the velocity in a pipe 4 inches in diameter, 100 

feet long, the available head being 10 feet. 
By Equation 104, 

\ = 108 \/£ X y4^- X -y^ — 0*13, 

= 9-73 feet per second. 
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By Equation 105, 

Y = 140 x TZ x tVtf “ 11 \/i x Ts 
= 10’53 feet per second. 

10 
TTTqj 

By Equation 110, 
10 

12 ~ H51F> V=102a/Jx-^x-l 
= 9*31 feet per second. 

By Thrupp’s formula (for cast iron, equation 109), 

Y = 
(1 v 4 NO-63 

_ H X 1^ y/10 
«7ro x vnrcy > 0*006752 

0*209 

0-006752 x 10t7 

= 9-79 feet per second. 

Practical Formula (Darcy’s). 

It will be observed that in all cases Darcy’s formula gives 
the lowest velocity, and practically it is better to under-estimate 
the velocity than to over-estimate it. It is also a simple formula 
to use, so that on the whole it is to be preferred to Thrupp’s 
in cases where great accuracy is not essential, and it will therefore 
be used to work out any further examples in this book. 

The discharge of the pipe can of course easily be found as 
soon as the mean velocity is known; thus 

7tD2 
Discharge in cubic feet per second = Yx-> 

or F = 0*785D2V 

ttD2 
cm). 

Discharge-in gallons per minute = Vx-x 6-25 x 60, 

or G = 294D2V (112). 
In practice, however, the question is generally to find what 

diameter of pipe is required for a given discharge, the effective 
head and length of pipe being known. Combining equations 
110 and 112 together we get 

G = 294D2 x C 
D H 

4 X L’ 
whence, by squaring and simplifying, 

D = - 1 ^ °V 

Or 

7-37 VH - CV 

D being expressed in feet. 

(L GM 
d= l-63 (H . c2) 

(113), 

(114), 

when d is expressed in inches. 
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To obtain the fifth root of the expression in brackets, 
either logarithms can be used, or else a table of fifth roots, 
such as published in Molesworth’s Pocket-Book, 

Equation 114 can, however, be written 

L / cl \5 

H'G2 = C2(r63/ • • (115)‘ 

/ d \ ^ 
Now C2( ^ePen(^s onty on ^ orJ °fher words, for 

every value of d there is a corresponding value of the expression 

H 
. G2. 

Table XVIII. gives the value of ~. G2 for various sizes of 
H 

pipes, and also shows the diameter of pipe that should be practi¬ 
cally adopted to allow for the incrustation which takes place in 
water-supply pipes. 

Table XIX. is a similar table for larger pipes, the discharge 
being reckoned in cubic feet per second, and is obtained from the 
formula 

L 

H 
F2 = C2 . — 

64 
(116), 

where F is the discharge in cubic feet per second. 
These Tables simplify the calculations very considerably, as 

will be shown farther on. 

Loss of Head. 

On referring to p. 264 it will be seen that H is defined as 
being the effective head. In Fig. 524 A7G is the total head, and the 

effective head AD is somewhat less, the loss being due to certain 
resistances which will be mentioned later on. It will also be seen 
that the effective head is equal to the loss of head between A 
and B, due to the resistance of the pipe; in fact, the flow of water 
in the pipe is such as to produce this equality. 
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Further, if we know the loss of head between two points P, P' 
in the pipe and the length of pipe between these two points we 
can find the velocity and the discharge. 

The resistance of the pipe causes by far the greatest loss of 
head, but there are some minor losses produced as follows:— 

Loss of head due to orifice of entry.—The orifice of entry 
obstructs to a certain extent the flow of water into the pipe, 
causing therefore a loss of head. This loss depends on the form 

of the orifice, as will readily be seen from Figs. 525, 526, and 
527, and it can be found from the formula 

H0 = V2xC . . . (H7), 

where H0 is the loss of head due to orifice. 

C= 0*007849 for round orifices such as the end of the pipe, 
Fig. 525. 

= 0*000444 ditto when splayed or bell-mouthed, Fig. 526. 
= 0*014846 when the pipe projects into the cistern (diameter 

uniform), Fig. 527. 

Example 56.—Find the loss of head due to a round orifice projecting 
into a cistern when the mean velocity in the pipe is 2 feet per second. 

From the above we have 

H0 = 22x 0*014846 feet, 

= 0*06 feet. 

Loss of head due to velocity.—The water in the reservoir or 
cistern is at rest, and a certain amount of head is lost in causing 
the water to take up the velocity in the pipe, or, as it would be 
more scientifically expressed, a certain amount of energy of position 
(which is measured by the head) has to be converted into energy 
of motion. The energy of motion is measured by 

V2 

ei7? 
Hence if Hv be the loss of head due to velocity 

V2 
Hv = ^ = Y2x °*0155 . • (H8). 
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Example 57.—Find the loss of head due to a velocity of 2 feet per 
second. 

From the above Hv = 22 x 0*0155 feet, 

= 0*062 feet. 

Loss of head due to bends and elbovjs.—Every bend in a pipe 
causes a resistance and a consequent loss of head, and elbows do 
so to a still greater degree. 

These losses can be found from the following formulae, some¬ 
what modified from those given in Molesworth’s Pocket-Book and 
in Hurst’s Pocket-Book. 

Calling the loss of head due to bends 
Hb we have 

For bends HB = 5AV2 . (119), 
where 6 is a coefficient depending on 

the ratio, of the radius of the bend 
d 

to the internal diameter of the pipe, 
and A is the change in direction caused 
by the. bend measured in degrees (see 

Fig. 528. Kg- 5 28). Table XXI. will be found to 

Example 58.—Findtheloss of head due to a bend of 30° ina pipe 2"diameter, 

the radius of the bend being 3~ inches, the velocity being 2 feet per second. 

w i R 3*5 We have - = — =1-75 
d 2 

b = 0*000015, 

b = 0*000013. 

b = 0*000014. 

Hence HB = 0*000014 x 30 x 22, 

= 0*0017 foot. 

For elbows HE = e .V2 (120), 
where e is a coefficient depending 
on the angle A of the elbow (see 
Fig. 529), and Table XXII. gives 
values of e for certain values of A. 

Example 59.—Find the loss of head 
due to an elbow of 30° when the velocity 
is 2 feet per second. 

From Table XXII. we find e — 0*0011. 

In Table XXI. we find for 

and for 

We may therefore take 

I-1 
R 

Fig. 529. 
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Hence 

Ha = 0*0011 x 22, 

= 0-0044 foot. 

The above constitute all the minor losses of head, and, as will 
be seen by the following example, these losses, unless the bends 
and elbows are very numerous, are small in comparison with the loss 
due to the resistance of the pipe, and can practically be neglected. 

Example 60.—Water is flowing at the rate of 2 feet per second in a 

pipe 2" diameter ; find the loss of head due to the resistance of the pipe in 
100 feet length. 

From Equation 110, 

V = 93 /D H 

V 4 ‘ L J 
and substituting, 

squaring, etc., 

2 = 93 JL • 

100 ’ 

_ 4 x 4 x 12 x 100 

932 x 2 : 

= 1'11 feet. 

It is thus clearly shown that the losses due to entry, velocity, 
etc., are in ordinary cases insignificant in comparison with the loss 
due to the resistance of the pipe. Of course if there are a great 
number of bends and elbows it might be necessary to allow for 
the loss of head due to them. 

PEACTICAL EXAMPLES. 

We will now proceed to work out some practical examples. 

Water Supply to a House (Intermittent Service). 

Example 61.—A house is supplied with water on the intermittent 
system : 400 gallons is the quantity of water used per diem, and the water is 

turned on for four hours every day, and flows into a supply cistern. The ball 

cock in the cistern is 30 feet above the main in the road, and the service pipe 

is 120 feet long. The head in the main, at the junction with the service 

pipe, is 40 feet. Find the diameter of the service pipe. 
At the tap the available head, i.e. the head of pressure less the head of 

elevation, is 
40-30 = 10 feet, 

and the required discharge into the cistern to fill it in four hours, 

=1*67 gallons per minute. 
4x60 & 

Diameter of pipe by Darcy's formula.—Hence substituting in Equation 

113, and taking C = 65 since the pipe will be a small one, 
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1 

7*37 

/120 l’672\i 

V io '"es2"/ 5 

/ J_\* 
\126-8J 9 

1 
7*37 x 2*63’ 

= 0*0517 foot, 

or d = 0*62 inch. 

Strictly the value C = 65 is for a pipe, and for a pipe 0-62 inch 

diameter C = 70 would be a more correct value. It will be found by re¬ 

peating the above calculation with the new value of C that the diameter of 

the pipe is 0*052 foot, so that there is practically no difference. Adding £ 

to allow for incrustation, 
d = 0*72 inch, 

so that a pipe would practically do. 
Diameter of pipe by Table.—This result may be obtained more readily by 

the use of Table XVIII. We have 

If. Q2_x i-(372 
H U 10 Xl°7 ’ 

= 33*3. 
And on referring to the Table it will be seen that f" is the nearest market 
size of pipe, allowing for incrustation. 

Tap.—It has tacitly been considered in the above that the tap in the 

cistern has the same bore as the pipe—a small reduction in the bore does not 

affect the flow very much, but if the reduction is at all considerable the flow 

is much impeded, as will be seen by the following. 

The data being the same, find the diameter required for the delivery pipe : 

1. When the bore of the tap is J". 

2. When the bore of the tap is J". 

3. When the bore of the tap is T3F". 
As in each case the discharge must be 1*67 gallon per minute in order 

that the cistern may be filled in four hours, it follows that the smaller the 

diameter of the tap, the greater must be the velocity of the issuing stream. 
If V is this velocity expressed in feet per second, the volume of water issuing 

in one second is 
D2 

V x — . 7r cubic feet, 
4 ’ 

D2 
or V x —. 7r x 6*24 gallons. 

And since G is the discharge in gallons per minute we have 
D2 

G = V x — x 7r x 6*24 x 60, 
4 

whence by reduction 
G 

V = 0'0034xA .... (121), 

where D is in feet, or 

V = 0-49xJ.(122), 

where d is expressed in inches. 
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•^PPtying Equation 122 to the first case under consideration we have 

V = 0*49 x 
1-67 

W = 3*3 feet per second. 

There must therefore be sufficient head at the tap to produce a velocity of 
3*3 feet per second. The required head can be found from Equation 118 
thus 1 ’ 

3.32 

= 0 T 7 foot nearly. 

The available head to force the water through the supply pipe instead of 
being 10 feet, as before, is reduced to 

10-0*17 = 9*83 feet, 
but clearly this reduction in the head is not sufficient to make any practical 
difference in the size of the pipe required. 

In the second case, when the diameter of the tap is only \ inch, we have 

♦ Y = 0-49x—, 

= 13T feet per second. 
Hence 

13T2 

H*=-6^=2>7feet- 
Let us see whether this greater reduction will make any difference in the 

size of the pipe required. We have, using Table XVIII., 

L no 120 

H'G“~10 —2-7* 1-67 ’ 
= 46, 

so that a £" pipe is still sufficient, allowing for incrustation. 
In the third case we have 

1*67 
V= 0-49 x ,-3-72 = 23’3 feet per second. 

vrsv 
00.02 

H^=6?4=8-4feet 
The available head is therefore 

10 — 8*4 =1-6 feet. 
Hence 

L 120 
g- G2= —x l-672 = 209. 

This number corresponds in Table XVIII. to a 1" pipe. 

Bends.—Find the effect of 10 bends of 90° each and 4 inches radius. 

On reference to Equation 119 it will be seen that the smaller the diameter 
of the pipe, the greater is the resistance of a bend in it. Therefore to be on 

the safe side we ought to reckon the resistance of bends when the diameter of 

the pipe has been diminished by incrustation, or, in other words, resistance of 

the bends should be reckoned on the diameter found to be required before 

incrustation has been allowed for. From Table XVIII. and also from p. 

271 it will be seen that in the present instance this diameter is 0*6 inch 
nearly. 

Referring to Equation 119 we see that we must first find the value of b. 

B.C.-IV. T 
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Now — = ^ = 7 nearly. 

Hence from Table XXI. 

b = 0*000011. 

We next require V; from Equation 122 

Y = 0'49 x 

Hence from Equation 119 

Hb = 0*000011 x 90 x 2*272, 
= 0*005 foot. 

And for ten bends the loss of head will be only 0*05 foot, 

is much too small to have any practical effect on the size 

thus the opinion expressed at p. 271 is confirmed. 

This loss of head 

of the pipe, and 

Water Supply to a House (Constant Service). 

Example 62.—The water supply to a house is represented in Fig. 53°. 
Find the diameter of the pipes in order that the tap at A may discharge three 

Main 
—O±0 
—>D 

gallons per minute, and the tap at B two gallons per minute, when both taps 
are open, allowing for incrustation. Find also the discharge from each tap 
when the other is closed. The available head in the main is 90 feet. The 
levels are shown thus+ 10 with reference to the main. 

To find size of BC and AC.—The best way to proceed is to assume the size 

of one of the branches. For instance, supposing BC is taken as diameter. 

Then, from Table XVIII., ~ . G2 = 5. 
H 

Hence if we take L = 30 feet and G = 2 gallons, H will be the loss of head 
from C to B, thus 

30 x 22 

= 24 feet. 

Now since B and C are at the same level the available head at C ought 
to be 24 feet. 

In the pipe AC the water has to rise 19 feet, hence the available head is 

24-19 = 5 feet. 
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Hence ~G2 = ^x 32 = 36. 
ii o 

So that (Table XVIII.) a pipe is too small and a f" is too big. We have, 
however, made no allowance for the various minor losses of head. It will 

be well to see whether in this case they are of sufficient magnitude to take 
into account. 

Minor losses of head.—In the first place, if the pipe AC is connected to 

BD by means of a T piece, as shown in Fig. 531, the general flow of the 

water will be along DB, as shown by the arrows. Consequently in entering 

the pipe CA there will be a loss of head due to the change in the direction of 

the flow, a part of whicli may be taken as the loss of head required to impart 

the velocity in the pipe AC, but, in addition, eddies are formed (called gurgli- 
tation) which cause another loss of head, 
generally taken as twice that due to velo¬ 

city. On the whole it is usual to reckon 
the loss as three times that due to velocity.1 
We must therefore first find the velo¬ 

city :—Supposing a f" pipe is provision¬ 

ally decided upon, then we must reckon 

the velocity when the diameter of the 

pipe has been diminished by incrustation. 
From Table XVIII. it will be seen that 

the diminished diameter is 0-64 inch. 
Fig. 531. 

Hence from Equation 122 

V-0-49 x(0.64)2, 

= 3-6 feet per second, 
3'62 

Ht = 64;4 = 0'2 f00t' 

it must be small owing 

and 

So that the loss of head is 
3 x 0*2 = 0*6 foot. 

Bends.—We will neglect the loss due to bends : 

to the low velocity. 
Tap.—The tap, if smaller than the pipe, will cause a slight loss of 

head. Supposing that the bore of the tap is or 0*48 inch, making a slight 

allowance for incrustation, then to discharge three gallons per minute the 

issuing velocity must be 

v = 0'49x(o4)-2’ 

= 6*4 feet per second 

6'42 
or H= r-r-r = 0*63 foot. 

o4*4 

But the velocity in the pipe is 3*6 feet per second, which represents a head 
of 0*2 foot as already seen. Hence the additional head required to produce 

the issuing velocity, or, in other words, the loss of head due to issue, is 
0-63 -0*2 = 0*43 foot. 

Total minor Loss of Head.—Altogether, therefore, we must reckon on 

a loss of head of 0*6 + 0*43, 

1 See Hurst’s Architectural and Surveyor's Handbook. 
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= 1 ‘03 foot, 
or say 1 foot. 

The available head is therefore reduced to 4 feet; we thus have 
L 20 o 
g ^ — 4 x 3 = 45. 

It thus appears (Table XVIII.) that a ■§" pipe is the proper size. 

To find Size of CD.—We now have to find the diameter of the pipe 

CD. We found that the available head at C ought to be 24 feet, and there 

is a loss of head in the pipe CD of 10 feet, due to difference of level. 

Hence the available head is 
90- 10-24 = 56 feet. 

Therefore g.G2=^x(2 + 3)2 = 45, 

which corresponds to a f" pipe. 

Since the pipes AC and CD are both of the same diameter, the joint at C 
would be made as shown in Fig. 532, instead of as in Fig. 531, and this would 

prevent the loss of head of 0‘6 foot, and 

the loss would occur in the pipe. 
Referring back to p. 274 it will be seen 

that the diameter of the pipe BC was 
assumed as Had a larger diameter 
been assumed the loss of head in BC 

would have been less, so that the available 

head at C producing the discharge in AC 

would also have been less, and conse¬ 

quently this pipe would have to be made 

bigger. On the other hand, the available 

CD would have been greater, 

that is, the service pipe would be 

Thus the arrangement 

Fig. 532. 
head in 

hence this pipe would have been smaller 

smaller than the branches, which is not advisable, 

worked out is practically the best. 
To find the discharge from one tap when the other is closed.—First, when tap 

A is open, it is clear that the available head is 90 — 29 = 61 feet, or, allowing 

for the various minor losses of head, say 60 feet. 
Hence from Table XVIII. 

Thus 

1 G,_100 + !OxQ!-4a 

g’-4-w-0-24- 

or G = 4*9 gallons per minute. 
When tap B is open and tap A closed, we have to deal with two sizes of 

pipe. Let Hj be the head at the point C, then 90 — 10 —Hj will be the 

available head in the portion CD of the pipe. Hence for the pipe BC 

L 

H 
and similarly for the pipe CD 

^,Q2=„1°0tt . G2 = 48 . . . (6). 

30 
G2 = . G2 = 5 («)> 

H 80 - H, 
How the discharge G is the same in both pipes, 

(a) by Equation (5), 

Hence, dividing Equation 
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or 

whence 

30 _ 5HX 

100 ” 48(80-^)’ 

3 x 48(80-1^ = 50^, 

„ 3 x 48 x 80 

Hl=~ 94 * 

= 59*5 feet. 

Inserting this value in Equation (a\ 

5 x 59-5 
G2 = - 

30 
: 9 *9, 

or G = 3T5 gallons per minute. 

Of course we ought to get the same result from Equation (5), namely— 

Q«- 48(80 -59*5) ^ 

Water Supply to Eight Houses in a Street. 

Example 63.—Eight houses, as shown on plan in Fig. 533, are to be 
supplied with water from a branch main connected to the main at the point 

Fig. 533. 

Fig. 534. 

A. The levels of the branch main are shown in Fig. 534, and each house is 
fitted up as in Example 62. Find the diameter of the branch main 

capable of supplying each house approximately with 5 gallons of water per 

minute. 
On referring to Example 62 it will be seen that the highest tap was 

29 feet above the main, that it was connected to the main by 120 feet of f" 

pipe, and that the discharge from it was 4-9 gallons per minute when the 

head in the main was 90 feet. It will also be seen that the discharge is 

almost the same when both taps are running. We will therefore ignore the 

lower tap in the present example. 
Size of Main—Half the taps opened simultaneously.—It is very un¬ 

likely that all the houses will require water at the same time, and a very 
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safe assumption to make is that half the number of houses require the full 

amount of water at the same time. Supposing, therefore, that the upper 
taps in houses 1, 2,1', 2' are opened simultaneously and that an average 

of 4*9 gallons is running out of each, then, from Example 62, the head 

at A2 must be 61 feet more than the height of the tap, that is 

H2 = 61 +31 = 92 feet. 

Hence the available head in the portion A2A of the branch main is 

92*5 -92 = 0*5 foot. 

Again, the discharge at A2 must be 

4x4*9 = 19*6 gallons per minute. 

Hence the value of the expression g • G2 is 

x 19*62 = 460,000 nearly. 
0*5 

And referring to Table XVIII. it will be seen that a 4" pipe is the nearest 

market size, allowing for incrustation. 
Theoretically the branch main ought to be made to diminish after the 

junction to each house, but the practice is to maintain the same diameter, for 

some distance at any rate. 
All upper taps opened simultaneously.—As an exercise let us inquire what 

the discharge would be supposing all the upper taps were open. Although 

it may appear paradoxical, the discharge from each tap will not be very much 

diminished. The direct solution of the question, however, leads to several 

cumbersome quadratic equations, and the best way is to work by approximation. 

Thus as a first approximation let us suppose that the average discharge 

per tap is 4*0 gallons per minute when all the taps are open, then the dis¬ 

charge at A4 must be 
8x4 = 32 gallons per minute. 

Now from Table XVIII. we have for a 4" pipe 

t G2= 420,000. 
H 

Hence 
120 x 322 

~ 420,000 ’ 

= 0*29 feet, 

which is the loss of head between A and A4. Hence H4, the head at A4, is 
92*5 - 0*29 = 92*21 feet 

♦since there is no difference in level. 
The discharge from the tap in house No. 4 will therefore be 

48 x (92*21 - 29) 

G4 " 120 

or G4 = 5 gallons per minute. 

It follows that the discharge at A3 will be 
32 -2 x 5 = 22 gallons. 

Hence 

or 

240 x 222 

H= 420,000 =0'28> 

H„ = 92-21 + 5 -0-28, 

= 9693. 
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Therefore discharge in house No. 3 is 

n 2_ 48(96*93-24) 
^3 “ ion ’ 

or G3 = 5'4 gallons per minute. 

The discharge at A2 will therefore be 

22- 2x5-4 = 11-2. 
Hence 

TT 240 x 11'22 „„„ 

~ 420,000 _ ’ 
or H2 = 96-93 - 7 - O’OV, 

= 89*86. 

Hence discharge in house No. 2 will be 

n 2_ 48(89-86 -31) 

^ 120 ’ 

G2 = 4*8 nearly. 

We still have the discharge from house No. 1, so that clearly the original 

assumption of 4 gallons per minute is considerably too small. 

As a second trial assume 4*9 gallons as the average discharge of each tap 

per minute, then repeating the above calculations we will find 

H4 = 92-5 -0-44 = 92-06, 

G4 = 5 gallons. 

H3= 92-06 + 5 - 0-48 = 96‘58, 

G3 = 5 *4 gallons. 

II2 =96*58 - 7- 0-19 = 89-39, 

G, 4*8 gallons. 

0-04 = Hx = 89#39 

G1 = 4*8 gallons. 

: 89*35, 

Practically, therefore, we get the same values as we did before, when only 
half the number of taps were running, and the reason is, that a small alteration 

in the head produces a considerable alteration in the discharge of a 4" 

pipe, but no practical difference in the discharge of a f" pipe. 

As a further exercise let us find the discharge in the pipe connecting 

house No. 3, when only the corresponding tap is opened. We have for the 
pipe 

and for the 4" pipe 

G 2 = 

G 2 = 

Therefore 

whence 

48(H3 - 24) 

120 ’ 

420,000(92-5 +5 -H3) 

240 + 120 * 

420,000(97-5 - H3) 

a 

48(H3-24) = 

420,000\ 420,000 x 97-5 / 420,000\ 

<48+-H + 48 x 24, 

H3=97-5 very nearly, 

that is to say, that the flow of water from A to Hs is so little, that there is no 

appreciable loss of head. Therefore 
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48(97 5 - 24) 

^ “ 120 

G3 = 5*42 gallons per minute. 

When the pipes are new, the discharge will of course be greater, for 

instance in the last case, since the corresponding value from Table XVIII. 

for a pipe 0*75 inch diameter is 117. 

117(97*5 -24) 

G3 =-120-’ 

G'3= 8*4 gallons per minute. 

Discharge from Pipes flowing partially full. 

It has been shown by experiment that the mean velocity of 
flow of a liquid in a pipe is roughly proportionate to 

x/RS, 

where R is the mean radius or hydraulic mean depth (see p. 262), 
and S is the slope of the pipe (see p. 264). 

An approximate formula would therefore be 

Y = Cs/BS . . . (123), 

the units of measurement being the foot and the second, and C being 
a constant. Different values have been ascribed to C by various 
experimenters as follows :— 

Beardmore . . . 95, 
Downing . . . . 100. 

But Darcy makes C vary according to the diameter of the pipe, 

as in the Table given at p. 265. 

Neville’s formula—namely, 

V = 140 /y/RS - 11 ^/RS . . . (124) 

—is considered to be more accurate, but as in practice the choice is limited 
to certain sizes of pipes, the additional accuracy is not worth the considerable 

complication introduced into the calculations. 

The student will observe that these formulae are similar in form to those 

given for pipes running full under pressure. Now for a pipe running full 

ttD2 
It = —— X 

4 

1 

7rD 

and s-H 
S_L' 

So that 

D H 
ES = -.X, 

from which it will be seen that the formulae for pipes running full are a 

special case of those now given. A distinction must, however, be made 
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H, 

H 
between ■=■ and S ; tlie former is 

JL/ 

the head of water divided by the 

length of the pipe, whereas S is 

the slope of the pipe, and may 

vary at different points. Thus in 

Fig* 5 3 5 if the pipe were running 
full we would have to substitute 

H H 
^—-p- for y' in Equation 110, and the velocity of the water would be the 

4- jl<2 Ju 
same throughout the pipe ; but if the pipe were only partially full, then for 

the portion AB 

S-^1 
b”H1 

Fig. 535. 

and for the portion BC 

S = H, 

and the velocity would be greater in BC than 
in AB. 

Darcy’s formula.—For the same 
reasons as those given at p. 267, Darcy’s 
formula is preferred, and will be used 
in working out examples. 

To find the discharge we must multiply 
the velocity by the area of discharge. Let 
A be this area, then 

F = A. C a/RS . (125). 

To find A in circular pipes we must sub¬ 
tract the area of the triangle NKM (Fig. 536) from the area of the sector 

NKM, thus— a T)2 T32 

9 J • • (126), A=360 X7rT~¥sin<* 

whence R = 

i(i±. 
* V360 

sin <j>\ 
D2 

7ref) 

360 

(127). 

.D 

These expressions are given to show how the discharge could 
be calculated if necessary, but in practice what we require to 
know in connection with drain pipes is whether, when conveying 
the average quantity of sewage, the velocity is sufficient to keep 
the pipe clean, without flushing.1 Of course the size of the drain 
pipe depends on the maximum quantity of liquid to be conveyed. 

Velocity.—The question therefore is, knowing the diameter of 
the pipe and the discharge, to find the velocity. We have from 
(123) 

1 Sec p. 283. 
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But 

v = CVKS. 

R = 
A 

P’ 

where P is the wetted perimeter expressed in feet. 

Hence 

or 

A = : 
V 

V2 = C2.-—. s, 
PY 

V3 = 
C2F.S 

Further, 

(128). 

Now we do not know P, and we must therefore assume a trial 
value Pp and thus we obtain an approximation (V1) to Y. But 

= AjYp 
where Ax is the corresponding value to Px obtained from Table 

XXIII. 
If F] is greater than F, then is also too great or P1 is too 

large, and vice versd. Two or three trials ought to give a suf¬ 
ficiently accurate value of Y. 

Example 64.—A 15-inch drain pipe, laid at a slope of is discharg¬ 

ing 0*2 cubic foot per second. Find the velocity. 

Assume Px = 0*6 x D, 
= 0*75 foot. 

no2 x o-2 
Then from Equation 128 Yi —Q.75 x 200’ 

or V, = 2 *5 feet per second. 
P 

But from Table XXIII. the corresponding value of A1 when g = 0*6 is 

0-034 x D2, 

= 0*053 square foot. 
Hence Fx = 0*053 x 2*5, 

= 0*132 cubic foot per second, 

so that clearly P-, is too small. 

Assume as a second trial 
P2 = 0*7 xD, 

= 0*87 foot. 

Then 
no2 x 0-2 

V2 “0*87 X 200’ 
or V2 = 2-4 feet per second. 

But A2 = 0*052 x D2, 
= 0*0813 square foot. 

Hence F2 = 0*195 cubic foot. 
V2 is therefore a sufficiently near approximation. We will, however, try 

the next value of P from Table XXIII., namely— 
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P3 = 0‘8D, 

= 1*0 foot. 

Then 
U0sx0'2 

d 1-0x200 

V3 = 2-3 feet per second. 
But Ag = 0-075 x D2, 

= 0’117 square foot. 
Hence F3=2-3 x 0-117, 

= 0*27 cubic foot. 

Drain Pipes. 

A drain pipe must be large enough to convey the maximum 
discharge, due to heavy rains, without running quite full, so that 
there may be no danger of the pipe being under pressure, and 
the velocity of discharge should be ascertained to see whether a 
heavy rainfall will flush the drain. The next step is to find the 
velocity of discharge when the pipe is only conveying the average 
quantity of sewage; it will then be seen whether arrangements 
must be made for periodical flushing during dry weather. 

In the case of small drains (6 to 9 inches diameter) the 
velocity ought to be not less than 3 feet per second, and for larger 
pipes, in which the sewage is generally well diluted with water, the 
velocity ought to be not less than 2 feet per second, in order 
to dispense with periodical flushing.1 The method of calculation 
will be best illustrated by an example. 

Simple System of Drains. 

Example 65.—Fig. 537 shows two branch drains BC and BD con¬ 
nected to a main drain AB. The lengths of the pipes and the levels of the 

bottom of the pipes are also shown on the figure. The pipes are laid at an 
even slope between these levels. The discharges to be reckoned upon are as 
follows :— 

Cubic feet per second. 

Maximum. Average. 

Discharge in BO 4 0-2 
Discharge in BD 3 0-02 

1 “These velocities should be increased for small pipes, say for house drains 
under 6 inches in diameter, and for mains under 12 inches in diameter ” (Hurst). 
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Find what size of pipes should be used, and whether any arrangement 
for periodical flushing ought to be provided. 

We will work out this example by means of Tables XIX. and XXIII. 

Pipe BC.—For the maximum discharge we have 
F = 4 cubic feet per second, 

H = 4*7 — 1*6 = 3T feet. 
L = 320 feet. 

Hence 

h V- — X4* 
H"* “ 3-1 X4’ 

= 1650. 

On referring to Table XIX. it will be seen that this number corresponds 

to a 12-incli pipe, and that this pipe will run very nearly full. when dis¬ 

charging the maximum quantity. 

To find the velocity of discharge we may consider that the pipe is 

running full. The discharge in that case can be found from 
L o 

-g • F2= 1850, 

1850 x 3T 

320 ’ 
or F = 4*23 cubic feet per second. 

7rT)^ 
Hence Y.-f-=4*23, 

4 

or, since D = 1 foot, 

T7._ 4*23 x 4 

“ 7r x l2 ’ 

= 5’4 feet per second. 

The velocity is therefore well above the limit for flushing. 

Next, to find the velocity when the average quantity of sewage is being 

discharged. Proceeding as in Example 64, assume 

P = 0*8D, 

C= 109*5 for a 12" pipe, 
109*52x 0*2 x 3*1 

0*8 xTx 320 ’ 

then, since (Table J.) 

from Equation 128 v= 
Y1==3‘07 feet per second. 

Hence, since (Table XXIII.) Aj = 0 *07 5D2, 

Fx = 0*075 x l2x 3*07, 

= 0*23 cubic foot. 

This is a sufficiently near approximation, and since the velocity is a 

little over 3 feet per second, there is no necessity to make any arrangements 
for flushing. 

Pipe BD.—For the maximum discharge we have 

F = 3 cubic feet per second. 

H= 13*8 -1*6 = 12*2 feet. 

L = 416 feet. 
Hence 

i-F=iSx 32 = 3 0 7- 

On referring to Table XIX. it will be seen that a 9" pipe will do. 
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Let us inquire how full this pipe will run when discharging the maxi¬ 
mum quantity. Assume 

P, 
then (Equation 128) 

2-2 x D = 2*2 x 0*75, 

1082 x 3 x 12*2 y 3= __ 
1 2-2 x 0-75 x 416’ 

Y1 = 8*5 feet per second. 
Hence, using Table XXIII., 

F1 = 0*669 x 0*752x 8*5, 

= 3*2 cubic feet per second. 
For P2 = 2*0 x D we find 

V2 = 8*8 feet per second, 

F2 = 2*95 cubic feet per second. 

It can therefore be taken that the wetted perimeter is 2*1 x D, or 18*9 
inches. The wn:wetted perimeter is therefore 

28*3 - 18*9 = 9*4 inches, 

and the angle subtended at the centre by an arc of 9*4 inches is 
9*4 

; x 360 = 120 nearly. 
28*3 

Hence, when discharging 3 cubic feet per second, the 

pipe will be filled to the depth shown in Fig. 538. 

Check by Neville's formula. —As a further exercise let us 
test the above result by means of Neville's formula (p. 264). 
We have, using Table XXIII., 

0*633 x 0*75 
2*1 

- = 0*225 foot. 

V=140 . /0-225 x 11 */0-225 1Jf, 
V 416 v 416 

11*36-2*06 
= 9*3 feet per second, 

so that there is a fair agreement between the results. 

To find the velocity when the average discharge is flowing. Assume 

then 

P1 = 0*5 x 0*75, 

1082x 0*02 x 12*2 

1 “ 0*5 x 0*75 x 416 ’ 

Vj = 2*28 feet per second, 

Fj = 2*28 x 0*020 x 0*752 = 0*025. 
Since the average discharge is 0*02 cubic foot per 

second, the velocity just found is a sufficiently near 

approximation, and as it is less than 3 feet a second, it is 

clear that this drain would require periodical flushing 

during dry weather. The depth of liquid in the pipe 

for the average discharge is shown in Fig. 539. The 

calculations to find this depth are left as an exercise for 

the student. 
Pipe AB.—For the maximum discharge we have 

F = 4 + 3 = 7 cubic feet per second. 

H = 1*6. 
L= 1283. 

Fig. 539. 
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Hence 
1283 
—— x 72 = 39,300 nearly. 

And from Table XIX. it appears that a 24-inch pipe is the nearest market size 
that will do. 

Assume 

then 

2*0 x D, 

111'52 x 7 x 1*6 

2-0 x 2 x 1283 7 

Vx = 3-0, 
Fx = 3*0 x 22 x 0*594, 

= 7*1 cubic feet nearly. 

The average discharge is 
0-2 + 0-02 = 0-22. 

Assume 

then v- 
0*6 x D, 

111*52 x 0*22 x 1- 

0-6 x 2 x 1283 ’ 

V1 = 1 -44 feet per second, 
F1 = 1-44 x 22x 0*034, 

= 0-196. 

As a second trial, if we assume P2 = 0'65xD we will find 

V2= 1-40 feet per second, 
F2= 1*40 x 22 x 0-042 = 0‘235, 

which is near enough. 

This drain will therefore require periodical flush¬ 

ing, more especially because the velocity is low even 

when discharging the maximum quantity. When 

discharging the average quantity the drain will be 

filled to the extent shown in Fig. 540, and it will be 

seen that the wetted perimeter is large in comparison 

with the amount of liquid, and this is one cause of 
the low velocity. Fig. 540. 

Egg-shaped Sewer. 

The wetted perimeter can be reduced by using an egg-shaped 
sewer as shown in Fig. 542, and the velocity of discharge will 
therefore be somewhat increased. The principal advantage, how¬ 
ever, is that the d&ptli of the liquid is increased, which is im¬ 
portant in the case of sewage. Such sewers are therefore suitable 
when the slope is small, the maximum discharge large, and the 
average discharge small. 

Example 66.—Design an egg-shaped sewer suitable for the pipe AB 
in the previous example. 

Egg-shaped sewers can be, and are made of various forms, but the most 
usual form is as follows :—1 

Let (Fig. 541) 

N = diameter of bottom of sewer, 

M = diameter of top of sewer, 
O = radius of sides, 

K = depth of sewer, 

1 See also Part II. 
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In the present case we must, in the first place, ensure that the sewer is 

large enough to carry the maximum discharge without running full. We 

have already seen that a circular pipe of 24 inches is required, and it will he 

near enough for practical purposes if we make the area of the egg-shaped 

sewer equal to that of the circular sewer. Now the area of an egg-shaped 

sewer of the form given above can be found from the formula 

Area = 0'525 x K2 .... (129). 
And the area of a circle 2 feet in diameter is 

3*14 square feet. 

Hence 
0-525 x K2 = 3*14, 

K = 2*45 feet. 

Therefore the depth can be taken as 2' 6". Hence N = 10", M = 1' 8", and 
applying these dimensions we obtain the sewer shown in Fig. 542. 

Let us now see to what extent the velocity is greater than with the 2-foot 

drain pipe when the average discharge is flowing. The quantity flowing 

being small, it will probably not rise above the invert, so that we may regard 

it as flowing in a 10" pipe. Supposing that 

10 

: 1-2 x 12’ 

then 

and 

1092 x 0-22 x 1-6 x 12 

1 “ 1-2 x 10 x 1283 ’ 

Vi-1-5, 
102 

F1= 1-5 x 0-203 x-ll# 

= 0-213, 

which is a very close approximation, and thus we see that the velocity is only 

very slightly increased. 
Check by Neville's formula.—To check this result by using Neville’s formula we 

have 
102 

•203 x 

R=- 

122 

1-2 x 

-=0-14. 
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Hence _ _ 

= 1*85- 0*62, 
= 1 *23 feet per second. 

The results therefore agree fairly well. 

It appears therefore that, at any rate in this case, an egg- 
shaped sewer does not increase the velocity to any material 

extent. 
JETS. 

It is sometimes necessary to know, in connection with fount¬ 
ains and hydrants, the height to which a jet of water will rise. 

When a stone is thrown vertically into the air it rises to a 
height depending on the velocity with which it was thrown. If 
the stone is not thrown vertically, but at an angle, it will describe 
a curve depending on the velocity and on the angle of elevation, 
i.e. the angle at which the stone is thrown. In the same way a 
vertical jet of water will rise to a height depending on the velocity 
with which it issues from the orifice (or nozzle), and an inclined 
jet will describe a curve depending on the velocity and the angle 
of elevation. 

Now it is shown in books on dynamics that in the case of a stone thrown 

vertically, and neglecting the resistance of the air, the height to which it will 

rise is given by V2 

*-«*4.<13°>- 
If the stone is thrown at an angle, then the curve described by it is repre¬ 

sented by the equation $ 
y = xt&n6 - 16~1 y2e0^2~g’ 

where V is the initial velocity in feet per second, and 0 is the angle of eleva- 

tion, as shown in Fig. 543. 

To find the range, or the distance from 0 where the stone strikes the 

horizontal plane, that is OA = R, put y = 0, then 
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tan 6= 16T^—oTi, 
V2 cos2 O' 

Y2 
or R= . sin ^ cos ^ . . . . (131). 

Further, to find the greatest height the stone rises to, or BD, put y — then 

y2 i6-i v4 
BD = max.) = 3^ tan 6 sin 0cos 6 ~yi'eos^g • 33^2• sin2 0C<*2<?, 

Y2 sin2 6 
or ^(max.) = “04:4“ .... (132). 

These formulae are applicable to jets projected m vacuo, and 
to make allowance for the resistance of the air the simplest way 
is to multiply the initial velocity by a reducing factor, or, in other 
words, to calculate the path for a less initial velocity than the 

actual. 
The result is not quite accurate (see Fig. 544), but is 

near enough for practical purposes. The reducing factor dimin- 

S Actual path 

Fig. 544. 

ishes as the ratio of the diameter of the jet to the head increases, 
and can be found from Table XXIY., which is based on experiment. 

Example 67.—A jet of water is issuing from a |~inch nozzle with a 

velocity of 60 feet per second. Find : 
(a) The height to which the jet will rise when it is thrown vertically. 

(b) The distance to which the jet will reach, and the greatest height it will 

attain, when thrown at the angles of 15° and 55° respectively. 

A velocity of 60 feet per second corresponds to a head of 

11 = — — = 56 feet. 
64-4 

Hence d being diam. of nozzle ^ = —j—-= 1350. 

We can therefore take (see Table XXIY.) 
J = 0*91. 

Consequently for case (a), from Equation 130, 

(0*91 x 60)! 
7*, = ' 

64*4 
46 feet. 

B.C.-IV. U 
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Fig. 545. 

It should be observed that if the jet is perfectly ver¬ 

tical, and there is no wind, the water falls back on the jet, 

and thus reduces the height as shown in Fig. 545. 

Again for case (5), when the angle of elevation is 15°, 

we have from Equation 131 

R = 
(0*91 x 60)2 

sin 15° x cos 15° 
16*1 

= 46 feet; 

and from Equation 132 
t (0*91 x CO)2 sin2 15° 
fymax.)- 64.4 > 

= 3*1 feet. 
Lastly, when the angle inclination is 55°, we have from 

Equation 131 

R = 
(0-91 x 60)2 

16-1 

= 87 feet; 

sin 55° X cos 55°, 

and from Equation 132 

t (0-91 x60)2 . 
fymax.) =--X sms 55 

= 31 feet. 

Issuing velocity of a Jet.—We must now see how to obtain 
the issuing velocity of a jet. If the nozzle offered no obstruction 
to the issuing stream of water, it is clear that the velocity would 
be that due to the head at the nozzle; but the nozzle does offer 
an obstruction, or, in other words, causes a loss of head, the 

amount of which depends upon the shape of the nozzle. 
The reduction in velocity caused by the nozzle has been 

ascertained by experiment as follows:— 
A well-shaped nozzle, such as the one shown in Fig. 546, 

reduces the velocity to 
0*9 7 x velocity due to the head. 

Fig. 548. 
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A converging nozzle, as in Fig. 547, reduces the velocity to 

0*94 x velocity due to head. 

And a cylindrical nozzle, as in Fig. 548, causes the following 
reductions:— 
When the diameter is 

1 
~2~ 
1 
X 
1 

xx 
1 

"2~5 

to -2.- length 

” XX >* 
1 

” XX 
1 

” X6 ” 

0*814 

0*77 f Multiplied by 
A.fyo / velocity due 
0 73 ( to head. 

0*68 ) 

The reduced velocity obtained by applying the above is of 
course the initial velocity of the jet to be used in finding the 
height or the range. 

Example 68.—A nozzle for a vertical jet is connected to the end of 

a 1" pipe, 300 feet long. The head at the farther extremity of the one-inch 

pipe is 100 feet, and the nozzle is 10 feet higher than this point. Find the 

height of the jet and the quantity of water that will be discharged. 

Let Y feet per second be the mean velocity of the issuing jet of water■ 
then if G is the discharge in gallons per minute, we have from Equation 122 

= 2-04xxVx Y, 

= 0-127 x V. 

Now if the nozzle is of a good shape (see Fig. 546) the velocity due to the 

head at the nozzle will only be greater than Y. Hence if H is the 

head at the nozzle / y \ 2 

(cm) =64'4H> 

V2 = 60-7H. 

( G V=60-7H, 
VO-127/ 

G2 = 0*97H nearly. 

Again, we have from Table XVIII. for a 1" pipe, allowing for incrusta¬ 

tion and remembering that the nozzle is 10 feet above the farther extremity 
of the 1" pipe, 

Q® = S50 x 100 -10_ H 

or 

Hence 

or 

Hence 

300 

0<,7H-25?x90-2i°.H, 
300 300 

or H = 4X7 feet. 

The ratio of H to the diameter of the nozzle is therefore 

4X7 x 12 
- = 2000. 

Hence by interpolation from Table XXIV. the factor J is 0’82. And since 
fi’om the above equation 
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we have 

V2 = 60*7 x 417, 

7, _ (°‘82)2 x 60*7 x 41*7 

64‘4 
= 26*4 feet. 

Lastly for the discharge we have 

G2 = 0*97 x 41-7, 

or G = 6 3 gallons per minute. 

Water Supply for House and Jet. 

Example 69.—A jet, to rise to a height of 30 feet above the nozzle, 

is required for an ornamental piece of water. The water is to be obtained 

from a reservoir which is also to supply the house, the arrangements for 

which are the same as in Example 62. The various lengths and levels 

are given in Fig. 549. Find the diameters of the pipes that will be required, 

and also how much higher the jet will rise when no water is being supplied 
to the house. 

We must first find the head required to produce a jet 30 feet high. To 
do this we require to know the issuing velocity. 

The head required at the nozzle will be about 40 feet, hence the ratio of 
the head to the -j|" diameter of the nozzle is 

H 40x12x8 

1 = —3—nearly> 

= 1280. 

So that, referring to Table XXIV., it will be seen that the factor J can be 

taken at 0-90. Hence if V is the issuing velocity by Equation 130 

gn — (0‘90 x V)2 

64-4 ’ 

or V = 49 feet per second nearly. 

If the nozzle is well shaped, the velocity due to the head will be 

49 
= 50*5 feet per second. 

Hence the head required to produce a jet of 30 feet with a good nozzle is 

50'52 

64*4 
-39*6 feet. 

It is to be observed that the head assumed (namely, 40 feet) for the 

purpose of calculating the factor J is very nearly the calculated head. Had 
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there been any considerable difference the calculated head would have been 
looked upon as a first approximation, from which a more accurate value 

of J could have been found. 

The next step is to find the discharge from the jet, which will be, from 
Equation 122, 

n 2*04 x 49 x 32 _ . ,, . , , 
Gr =-—-= 14 gallons per minute nearly. 

On referring to Example 62 it will be seen that a head of 90 feet 

is required at the point B to obtain the necessary water supply to the house. 

Hence the available head from B to A is 

90 + 12-39-6, 
= 62-4 feet. 

Applying, therefore, Table XVIII. we have 

250 x 142 

62-4 
785, 

and to this number corresponds a 1 J" pipe. 
To find the diameter of the portion BC of the pipe we have the available 

head : 112-90-12 = 10 feet, and the discharge is: 14 + 5 = 19 gallons per 

minute. Hence 
5700 x 192 

10 
= 206,000 nearly, 

a number which corresponds in Table XVIII. to a 3-J inch pipe. 
The jet will not be exactly 30 feet high, because the available diameters 

of pipes are not quite those required to produce a jet of this height under the 

conditions given. Working backwards we find-— 

Loss of head from C to B, 

5700 x 192 

208,000 

and the loss of head from B to A will be 

250 x 142 

= 9*9 feet, 

810 
= 60-5 feet. 

Hence the head at A will be 

112-9-9-60-5 = 41-6. 

The velocity due to this head is 

\/41*6x 64*4 = 51-8 feet per second, 

hence the issuing velocity will be 

» 51-8 x 0-97 = 50-3. 

Therefore height of jet= ^ ^^34 4 ^ ~ ~ 31 *9 feet. 

When no water is being supplied to the house, the jet will be a little 

higher. In this case the loss of head from C to B 

5700 x 142_*.a 

“ 208,000 

Hence the head at A will be 

112 - 5*4 - 60-5 = 46-1. 

The ratio of the head to the diameter of the nozzle is 
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46‘1 x 12 x 8 . .OA -I 
-= 1480 nearly. 

3 J 
Hence from Table XXIV. the value of J is about 0*89. 
Therefore the height of the jet will be 

461 x (0*97 x 0-89)2 = 34-3 feet. 

Strictly a slight correction ought to be made, because the issuing velocity 

of the jet is slightly increased. Hence the discharge will be greater—con¬ 

sequently the loss of head somewhat greater than calculated above ; but as the 

formula used are only approximate it is not worth while going into such 
niceties. 



APPENDICES. 

APPENDIX I. 

Factors of Safety. 

The following Table shows the Factors of Safety recommended by various 

eminent engineers for application in several cases that arise in practice. 

A
u
th

o
ri

ty
. 

Nature of Structure. Nature of Load. 
Factor 

of 
Safety. 

Remarks. 

U 
Cast Iron. 

General. Dead 4 
u Live or varying 6 Stress of one kind only 
u . 10 Equal alternate stresses 
u . Varying with shocks 15 of different kinds 
R Dead 3 to 4 
R 

Girders . 
Live 6 to 8 

B Dead 3 
B Live 6 
S Live 6 
s Water tanks. Dead 4 
s Pillars. 6 
s „ subject to vibration . Live 8 
s „ transverse shock ,, 10 

u 
Wrought Iron. 

General. Dead 3 
u Live or varying 5 Stress of one kind only 
u S Equal alternate stresses 
u Varying with shocks 12 of different kinds 
R ..... . Dead 3 
R JJ. 

Girders. 
Live 4 to 6 

s Dead 3 
s 

Bridges. 
Live with shocks 6 

B Mixed 4 

U 
Riveted joints .... 
Roofs. 

Dead 

Live with shocks 

4 
4 

s Tension and compression bars . 6 
SS ,, 4£ to 7 According to proportion 
s Compression bars Dead 4 of length to least dia¬ 

u 
Steel. 

General. Dead 3 

meter 

u ...... Live and varying 5 Stress of one kind only 
u 8 Equal alternate stresses 
u Varying and shocks 12 of different kinds 
R Dead 3 
R 

Bridges. 
Live 4 to 6 

C Mixed 4 

u 
Timber. 

General. . . . Dead 7 
u Live and varying 10 Stress of one kind only 
u 15 Equal alternate stresses 
•u Varying and shocks 20 of different kinds 
R 10 
s Exposed to weather . Dead 10 
s Under cover. ,, 8 
s For temporary purposes 4 

u 
Brickwork and Masonry. 
General. Dead 20 

u Live 30 
R 

Arches. 
Dead 4 to 10 

s ” 20 

B. Board of Trade. C. Commissioners. R. Rankine. S. Stoney. SS. Slialer Smith. U. Unwin. 
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The Factor of Safety determined upon for any particular case will depend 

upon what is accurately known of the strength and quality of the particular 
material to be used, upon the importance of the structure, etc. 

APPENDIX II. 

Note on Equilibrium. 

When the forces acting on a body lie in a plane, there are three conditions of 
equilibrium, namely— 

1. The algebraic sum of the resolved parts of the forces along some straight line 
is equal to zero. 

2. The algebraic sum of the resolved parts of the forces along another straight 
line perpendicular to the former is also equal to zero. 

3. The algebraic sum of the moments of the forces about any point is equal to 
zero. 

By the resolved part of a force along a straight line, is meant the effect the force 
produces along that straight line. Thus if a force is parallel to a straight line, the 
resolved part is equal to the force ; but if the force is perpendicular to the straight 
line, the resolved part is zero. When the force is inclined, the resolved part is equal 
to the force multiplied by the cosine of the angle included between the direction of 
the force and the straight line. Thus the resolved part of X along AB (the direction 
A to B being taken as positive), Fig. 29, is + X cos 6 and the resolved part of Y will 
be - Y cos </>. 

By the moment of a force about a point, is meant the magnitude of the force 
multiplied by the length of the perpendicular drawn from the point to the direction 
of the force. The moment measures the power the force has of turning the body it 
is acting upon about the point; and if one direction of rotation (say like the hands of a 
watch) be taken as positive, then the reverse direction will be negative. Thus in 
Fig. 29 the moments of the forces X and Y about the point Pwill be-Xa and +Y&. 

Fig. 29. Fig. 30. 

As an example, let the conditions of equilibrium be applied to the case of a ladder 
resting against a wall shown in Fig. 30. 

Resolving horizontally, R3 - R2 = 0, 
,, vertically, R2 - W = 0, 

Moments about A, R2x0-R3x0 + Wxa-R1xJ = 0. 
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From which, it appears, by solving these three equations, that 

E^.W, 

E2=W, 

b,=£ . w. 

Sometimes a solution is arrived at sooner by taking moments about more than 
one point, instead of resolving. 

APPENDIX III. 

To draw a Parabola. 

Suppose the object to be to find the curve of bending moments for a 

Span 
A C _B 

Si 

D 

Fig. 550. 
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uniformly loaded beam. The data given are the two points of support AB 

(or, in other words, the span) and the maximum bending moment at the centre 
CD ; that is, the three points A, B, and D (Fig. 550) are given, and it is 

required to draw a parabola through these three points. 

Produce CD to F, making DF = CD ; join AF and BF. Divide AF and 

BF into an even number of parts by repeated bisections, and number the 

points thus obtained as shown in Fig. 551. Then join 1, 1 ; 2, 2; 3, 3 : 

etc. etc. These lines are tangents to the required parabola, which can then, 

be drawn in. (The parabola has not been drawn in the figure, as it would 

confuse the construction, and the tangents sufficiently indicate the shape.) 

APPENDIX IV. 

To show that the Neutral Axis in a Beam passes through the 
Centre of Gravity of the Cross-section {see p. 44). 

For a rectangular cross-section. 

Let r0 be the stress in the outside layers of fibres (o'q orp'r\ Fig. 62). 

d, the depth of the beam. 

x, the distance from the neutral axis of any layer of fibres situated above 
the neutral layer, such as c'd\ Fig. 62. Ax the thickness of the layer. 

bAx, the area of this layer of fibres (b being the width of the cross-section), 
x' and bAx' the same for a layer such as c'f. 

Then the total tension over the cross-section of layer c'd' is, by assump¬ 

tions 2 and 3, p. 44, 

%d x r0bAx. 

Hence the sum of the compressions above the neutral axis 

TAxAx, 
d ’ 

and similarly the sum of the tensions below the neutral axis 

JAx'Ax'. 
d 

But for equilibrium the tensions must be equal to the compressions. 

Hence 
ExAx — Ex' Ax' — 0. 

If now x be the distance of the centre of gravity from the neutral axis, 

we have, by taking moments about this axis, 

x(62Ax + b'EAx') = b'ZxAx - b'Zx'Ax', 

= 0. 

that is, x = 0, or the neutral axis passes through the centre of gravity. 

The same reasoning can be applied to a cross-section of any shape, with 

the difference that the breadth of each layer, instead of being constant, varies. 

APPENDIX Y. 

Diagrams of Shearing Stress. 

These, for beams supported at the ends, are often differently arranged 

from those given at pages 58 to 60. 
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By many writers the shearing stresses acting in one direction, say thus 

are called positive, and those acting in the other direction negative, or 
vice versa. 

.The diagram of positive shearing stress is shown on one side of the line 

representing the beam, and that for the negative shearing stress on the other. 

Thus in Fig. 263, p. 173, which represents the shearing stress caused by an 
uniformly distributed load, the diagram for the shearing stress of this direction 

n|x is below the line, that for the shearing stress is above the line representing 
the beam, instead of the whole diagram of shearing stress being below the line as in 
Fig. 90, p. 59. 

Fig. 255, p. 167, is similarly arranged for a distributed and a concentrated load, 
both diagrams from A to D being below the line, and both from D to B above the 
line, instead of being as in Fig. 91, p. 59. 

Similarly in Fig. 87, p. 58, half the rectangle denoting the shearing stress from 
one abutment to C might be below the line and the other half above the line. 

In Fig. 4, Appendix VI., the diagram of shearing stress with direction may be 
called positive, and is above the line from A up to the point where the direction 
changes to from this to F it may be called negative, and is below the line. 

The area of the shearing stress diagram between any point and either abutment 
is equal to the bending moment at the point. 

This is evident in Fig. 82, p. 57, where (P being the point), the area of the 
shearing stress diagram at P (being the rectangle under PB) = PB x W = Wx and the 
bending moment at P. MP = Wcc. 

In Fig. 83, P being the point, the area of shearing stress diagram at P (being the 
, . . 1 v:x iox1 
triangle under PB) =yxa;= — 

and Mp=rax | = 

When the portions of shearing stress diagram between the point and the 

abutment chosen are of different signs or directions, the difference of these 

areas must be taken. 

Thus in Fig. 90, if the area be taken of the diagram under PB, we have to take 
the area of the triangle under BC minus the area of the triangle under PC 

'jl l , (l \ fwl \ t 
2X2xi-{2-VXU-WVXi 

wl 
= ~2 
_wlx = “2 

wx* 
~2~ 

and 

M 
wl 

p=— XX-WXX 

_wlx wx2 
“~~2 2~‘ 

X 

2 

By working out other cases the student will find that the rule given above 

always holds good, and it is sometimes very useful. 

APPENDIX VI. 

Graphic method of finding the Bending Moments and 
Shearing Stresses in a loaded Beam. 

In Eig. 1 AF is a beam carrying the loads W1? W2, W3, W4, at the points 

BODE, through which draw vertical lines downwards as dotted. 

Draw another vertical line YZ (Fig. 4) at a convenient distance. Along 
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YZ lay off Wp W2, W3, W4, on any convenient scale of loads. Take any 
point o, which is called the “pole,” and draw the lines a, b, c, d, e, joining to 
it the extremities of the lines indicating the loads. 

Bending Moments.—Starting from any convenient point X (Fig. 2) verti¬ 

cally under A, draw in succession a, b, c, d} e, parallel to a, b, c, d, e of Fig. 4, 
respectively—intercepted between the verticals from A to F of Fig. 1, and 

terminating at V on the vertical from F. Join XY, Fig. 2. The polygon 

thus formed is called the “ Funicular polygon! In Fig. 4 draw the 

horizontal line oH, and the dotted line oN—the latter parallel to XV. 

Then YN will represent BA and NZ will represent Rp measured on the scale 

of loads. 

Moreover in Fig. 2 the ordinate UT of the “ funicular polygon” vertically 

under any point P measured on a proper scale represents the bending 

moment at P. 

Take a foot as the unit of the linear scale, and a lb. as the unit of the 

scale of loads. 

Then if Ho is equal to 1 foot on the linear scale, UT on the scale of loads 

will represent the number of foot pounds of the bending moment at this point. 

If, however, Ho is more than one foot of the linear scale in length, then 

the length UT on the scale of loads must be multiplied by Ho to find the 
number of foot pounds of the bending moment. Of course any other units 
may be substituted for the foot and pound—for example, the inch and ton. 

Shearing Stresses.—These are shown in Fig. 3, the construction of which 
is obvious. 

The dotted horizontal lines are drawn through the extremities of the loads 

set off along YZ, and are intercepted between the verticals from Fig. 1 as shown. 

A dotted horizontal line is drawn also through the lower extremity of 

Ba on Fig. 3, and at this point the shearing stress changes from ^ to 
or + to —. 

The shearing stress at any point of AF is equal to the portion of the 

vertical from that point intercepted between the upper and lower lines of 

the shearing stress diagram (Fig. 3). Thus SQ is the shearing stress at the 

point P. 

Example.—In Fig. 1 take AF = 20 feet. 
AB = 4 feet. 
BC = 2 „ 
CD = 6 „ 

DE = 4 „ 
EF=4 „ 

W1= 80 lbs. 
W2=120 „ 
W3= 20 „ 
W4= 60 „ 

Take the linear scale to be 10 feet = 1 inch, and the scale of loads 120 lbs. = 1 inch. 
Lay off AB, BC, etc., on Fig. 1 on the linear scale, and Wi, W2, W3, W4, Fig. 4 on 

the scale of loads. Complete the figures as described above. 
Measure oH. It equals 10 feet on the linear scale. 
Measure YN on the scale of loads. It measures 168 lbs., which should be equal 

to Ra. NZ measures 112 lbs., which should equal Rf. 
To check this by calculation (see page 60) we have 

^ _80 x 16 , 120 x 14 20 x 8 60 x 4 
Ka” 20 + 20 + 20 + 20 

= ?^ = 168 lbs., which agrees. 

Similarly Rf = 112 lbs. 
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Scales: 
io 5 o io 2ofeet 
i_i_i_i_i r ,i_i_i_i_i_i_j 

Linear Scale io ft. = I inch. 

ioo 5p ^ ^ , o_loo_200pounds 

Scale of loads 120 lbs.^-1 inch. 

iooo 500 o 1000 2000 foot pounds 

Scale of moments 1200 ft. Ibs.^i inch. 

"
<

"
-n
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To find the scale of bending moments we have 
Ho in feet on the linear scale x number of lbs. per inch on load scale = the 

number of foot pounds in one inch on the scale of moments. 
10 ft. x 120 = 1200 foot pounds 

on scale of moments 1200 ft. lbs. = 1 inch. 
Draw the scale. 
Then to find the bending moment at any point P, draw PUT a vertical inter¬ 

cepted by the upper and lower sides of the polygon. UT will be the bending moment. 
Measuring UT on the scale of moment we find it = 500 foot pounds.1 

Shearing Stress.—Prolonging PT through the shearing stress diagram we have 
the shearing stress at P = SQ = 168 lbs. By calculation wre know that it equals 
Ra = 168 lbs., which agrees. 

In the same way the bending moment and shearing stress at any other point can 
be found, and a similar process will enable the bending moments and shearing 
stresses for any other distribution of load to be found. When a load is uniformly 
distributed it may be divided into equal portions, and each of these treated as a 
load ; but in this case the bending moments may be obtained more easily by drawing 
the parabola described at p. 34. 

Centre of gravity or Resultant of system of parallel forces.—If the lines 
a and e be prolonged so as to meet at G, then a vertical drawn upwards 
through G will, cut the beam at the centre of gravity of the loads—that 
is, the point through which their resultant would pass. 

APPENDIX YU. 

Bending moments, Breaking weights, and Shearing stresses for 

Beams and Cantilevers with various distributions of load. 

The Table opposite shows for Cantilevers and supported Beams with different distributions of load 
the Bending moments and the Breaking weights for the cases pp. 28 to 40, and the Shearing stresses 
for the cases pp. 57 to 60. 

Comparison of Concentrated and Distributed Loads. 

From the table opposite it will be seen that if the total distributed weight 

wl be taken as W, then, 

Case 1. Cantilever. Load at free end 

Case 2. Cantilever. Uniformly loaded 

Case 6. Supported Beam. Load in centre 

Case 7. Supported Beam. Load distributed 

From this we see that 

W in Case 2 is twice as great as in Case 1. 

Hence the load uniformly distributed over its length that a cantilever can bear is 
twice the load that it can bear at the free end. 

W in Case 7 is twice as great as in Case 6. 

Hence the load uniformly distributed over its length that a beam supported at 
the ends can bear is twice the load that it can bear at the centre. 

1 If we had not made a scale of moments we should measure UT on scale of 
loads— x =50 lbs.—and multiply by Ho = 10 feet. 50 lbs. x 10 feet = 500 foot pounds. 



Table giving the Bending Moments, Shearing Stresses, etc., for Beams with various distributions of Load 

W = Concentrated Load, w — Uniform Load per unit of length. W = wl = Total Load. 

Z = Span, d = Depth, b = Breadth—all in the same, either feet or inches. For/0 see Table I. p. 327. 

Arrangement of Beam and Load. 

Beams fixed at one end 
(cantilevers). 

Case 1. 

A 

Case 2. 

TV IV IV IV IV W IV 7V 

QQQQQQQQ. 
L_ 

A 

Case 3. 

IV TV 7V ZV ZV 7V ZV ZV 

-l- 

Ow 
Case 4. 

c J o o o M/v2 ww, 
Case 5. 

ZV ZV ZV 

QOQ . j- 
j1 

A <-y-> <—Z — >j B 
_ /_ ■*.— 4 —•>- 

Beams supported at both ends. 

Case 6. 

FF » " 

Case 7. 
ZV ZV TV IV w w zv zv w 

ooooonnno. 
«-/£.-> B 

Case 8. 
ZV TV ZV ZV ZV ZV ZV ZV ZV 

JXOQQQOOO, 
A «=/AC> B 

Jw 
Case 9. 

J_D 

1 
j*-VI-> 

B 

Case 10. 

ZV ZV ZV ZV 

~-w-<xxx>-»— 

<—x-—*4 
vP 

Case 11. 

Q Q 

Load. 

At free 
end 

distri¬ 
buted 

Uniformly 
distri¬ 

buted and 
at free 

end 

Two or 
more con¬ 
centrated 

loads 

Uniformly 
distri¬ 

buted over 
part of 
length 

In centre 

Uniformly 
distri¬ 
buted 

Uniformly 
distri¬ 

buted and 
in centre 

Concen¬ 
trated at 
any point 

Uniformly 
distri¬ 

buted over 
part of 
length 

Two or 
more con¬ 
centrated 

loads 

Strength. 

Bending Moments. 

Equa¬ 
tion, see 

pp. 27 
to 40. 

Breaking weight=W or ui 

from formula M = " 
(5 

(see Equation 30, p. 54). 

Value of bd*. Shearing Stress. 

Equa¬ 
tion, see 
pp. 57 
to 60. 

Ma=w; 
mb=o 

5 w_/o^2 
' <51 fo 

Sa=W 
Sb=W 

31 

,r 
ma=t 

Mb=0 

6 
<51* 

6d2=—2 
2/o 

Sa=toZ 
Sb=0 

32a 

Ma=wz+^2 

Mb=0 

8 > Sa = W+toI 
Sb = W 

33a 

Ma = W1J!+W2Z2+W^ 
Mb=0 

10 
>• 

In these cases the 
shortest way is to sub¬ 
stitute the values of W, 
w, and l and equate the 

result with fo — 
6 

Sa = W!+W2+W3 
Sb=Wx 

34 

M A=wzQz+y) 
Mb=0 

12 ) Sa=WZ 
Sb=0 

3oa 

Ma=0 
Mb = 0 

W l 
Mc=t 

13 wJWW2 
61 

bd*=™l 

Vo 

s"=? 

36 

Ma=0 Mb=0 

Mo=t 

15 u._8/qM2 

612 8/0 
Sa=- 

Sb=¥ 

Sc=0 

37 

37a 

37 c 

Ma = 0 Mb=0 
,, W l. Wl2 
JIc= 4 +-g 

17 1 
o toZ , W 
Sa=2+1 

Sb=2+2 

Sc=0 

38 

38 

ma=o m»=o 
MD=mtf-«)w 

Ma=0 Mb=0 
_. (l-m+nYl - to - n) 
Mr—---wx 

(x - to)2 
2~w 

19 

24 

In these cases the 
shortest way is to find 
the numerical value of 
M by substituting the 
values of W, w, to, l, 
etc., and equating the 

result with 
bl 

(See Equations) 

(See Equations) 

39 
40 
40a 

41 
41a 
42 

(See Equations) 27 , (See Equations) 43 
to 

43c 

To face, Appendix VII., p. 302. 
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Again, 

If a cantilever can bear W concentrated at its free end 
It can bear 2W uniformly distributed over its length. 

A beam of the same length supported at both ends and loaded in the 
centre can bear 4W. 

A beam of the same length supported at both ends and loaded uniformly 
throughout its length can bear 8W. 

In all these cases the weight of the beam itself is omitted, being assumed 

to be so small compared with the loads as to be practically insignificant. 

APPENDIX VIII 

Comparison of the Strength, Stiffness, and Shearing Strength, 
of Beams of Uniform Cross Section throughout their Length 

Symmetrical above and below the neutral axis and sup¬ 
ported at both ends, with those fixed at one or both ends, 
showing the effects produced by fixing one or both ends. 

Arrangement 
of Beam. 

Arrange¬ 
ment of 

Load. 

Bending 
Moments. 

Effect of 
fixing on 
Strength. 

Deflection 
value of n 
in formula 

a=T3T 
see p. 66. 

Effect of 
fixing on 
Stiffness. 

Shearing 
Stress. 

Effect of. 
fixing on 
Shearing 
Stress. 

Supported 
both ends 

Centre — at centre 
4 

Wl 
A 

W , . 
— at ends 

W 
— at ends 

0 in centre 

Fixed both 
ends 

Centre -Q- at fixed ends 

m t t 
-g- at centre 

Increased 
as 2 to 1 

19 z Increased 
as 4 to 1 

No effect 

Supported 
oneend,fixed 

Centre 3WZ 
'-jg- at fixed end 

5WZ . 
-gg- at centre 

Increased 
as 4 to 3 

ill Increased 
as 2*3 to 1 

BW at fixed 
end 

Increased 
as lg to 1 

at other AW at sup¬ 
ported end 

Reduced 
by g 

Supported 
both ends 

Uniformly 
distri¬ 
buted 

wl- 
at centre 

wl? 

381 

Increased 
as 5 to 1 

wl 
*2 at ends 

wl , 
-§ d°- 

No effect Fixed both 
ends 

Do. Y2 at fixed ends 

at centre 

Increased 
as 3 to 2 

si? 

Supported 
one end,fixed 

Do. -g- at fixed end No effect 1 It Increased 
as 5 to 2-08 

gwl at fixed 
end 

Increased 
as 5 to 4 

at other wl2 at centre of 
1(5 beam 

0 72 at centre of 
- supported 

12S portion 

§wl at sup¬ 
ported end 

Reduced 
by* 

From the above table it will be seen that 
The effect of fixing both ends of a beam as compared with leaving both ends 

supported is 
With Load at Centre. Strength doubled. Stiffness increased as 4 to 1. 

Shearing stress not altered. 
With Load uniformly distributed. Strength increased 50 per cent'. 

Stiffness increased as 5 to 1. Shearing stress not altered. 
The effect of fixing one end of a beam as compared with leaving both ends 

supported is 
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With Load at Centre. Strength increased 33 per cent. Stiffness increased 
as 2‘3 to 1. Shearing stress increased at fixed end, reduced at supported end. 

With Load uniformly distributed. Strength not altered. Stiffness in¬ 

creased as 5 to 2. Shearing stress increased at fixed end, reduced at 
supported end. 

APPENDIX IX. 

Deflection of Rectangular Beams under different 

Conditions of Load. 

The formula (47), p. 68, 

A = 
12wW Is 

Ebd3 
(47) 

is for rectangular beams. It may, by the substitution of the different values 

of n from Table C, p. 67, be stated in a convenient form for different con¬ 
ditions of load. 

Take the case of a beam fixed at one end, free at the other, with a load 
at the free end. Substituting in (47) from Table C for n, we have 

|W73_4W73 
~E^"" E&S3 

Substituting similarly values of n for other cases we have the following 
Table. 

Arrangement of Beam. Load. Formula. 

Beam fixed one end, free other . at free end 
4WZ3 

Ebdf 

11 a • uniform 
3WJ3 

2E bd* 

Beam supported both ends centre 
Wl3 

4EM3 

a ii • 

Beam fixed both ends 

uniform 

centre 

A 5W23 

A~32E6d3 

A -ill 

l!rE bd3 

ii ii ... uniform 
WZ3 

A = TirE bd3 

Beam supported one end, fixed other . centre A- 
UE bd,3 

ii ii ii uniform A=_VW1 
15E bd* 

APPENDIX X. 

Relative Strength of Beams of different Sections. 

The following are given as they may be of interest to the student, but they are of 
no practical value. 
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Square Beam, and Cylindrical Pole of Diameter equal to 
side of Beam, 

M of square beam =fj. _ 

Vo " 

,b(P 
012. 

In a square beam b=d. \ M 

Jobd? 
6 

=fod? 

6 ’ 
I. 

/i firl M of cylindrical pole= - =—— 

=f0Trrs 

bUtr=l-.M 
4 

_f07rd3 
8x4 

_/0x3T4x<ff 

32 
=A/o^ ... II. 

, from I. and II. 

M square beam : M circular pole : : }f0d3 : psf0<P 

□ O 
: : Wo# : A/<43 
: : 10 to 6. 

The Strength of a Square Beam side Vertical is to that of a 
Square Beam with Diagonal Vertical 

; 7 :5 

A Triangular Beam of the same area and depth as a Rectangular 
Beam is only one-half the strength of the latter. 

The strength of a cylindrical pole to that of a square beam of the same area is as 
1 to 1*18. 

The strength of a cylindrical beam to that of the strongest beam that can be cut out 
of it is as 1*53 to 1. 

APPENDIX XI. 

Continuous Beams of Uniform Section loaded uniformly with 
Points of Support equidistant from one another and in the 

same Straight Line. 

On pp. 74, 75 are shown the forms assumed by a uniformly loaded girder 

ot uniform strength extending over two spans. 

B.C.—IV. X 
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In practice, however, small continuous beams are generally of uniform 

section. 
When such beams are fixed at the ends and continuous over one or 

more supports, each portion may be treated as a beam fixed at both ends 

(see p. 72, Case 2), and the moments of flexure, etc., will be found accord¬ 

ingly. 
When, however, a beam is continuous over one or more supports, and 

3 wl 
Ra = 

Ma = 0 

Total load = 2wl. 
C 

Fig. 1. — /--1- 

Rc = 

Me: 

lOwZ 
8 

wl2 
= _8~ 

Rb = 
_3 wl 
S~8~ 

Mb=0. 

supported only at the ends—which is sometimes the case in practice—the 

Total load=3wl. 

Fig. 2. 

Ra Rc = \hwl Rd=HwZ Rb =&wl 

Ma. = 0 Mc = ^2 Md = ^2 Mb=0. 

resulting stresses are different, and are very difficult to find entirely by 

calculation. 
Total load = 4wl. 

A ( 3 E I 3 B 

L ./ , L;A 
r 1 r 1 1 ‘ 1 1 n 

Ra=|J'u;Z Rc = §$iyZ Re=$$w£ Rd=3?w^ 

Ma=0 M0'=?^ ME=*^ Mh=0. 

Reactions and Bending Moments.—Figs. 1 to 3 show the reaction and 

the bending moment at each point of support for beams continuous over from 

2 to 4 spans. 
Each span = Z 

Load on each span = w£ 

Deflection.—This will be a maximum in the two end spans, and may be 

obtained for those from Case 3, p. 73, and Appendix VIII., though if the 

two end spans are not reduced their inner ends will not be perfectly fixed 
and the actual deflection will be in excess of that calculated. 

Points of Contrary Flexure.—These, if required to be known, may for 

each of the intermediate spans be found as in the case of a beam fixed at 

both ends (p. 72), or for each of the end spans, as in the case of a beam fixed 

at one end and supported at the other. 

To find the Bending Moment from the Reactions.—When the reactions are 

known, the bending moment at any point may be found by the ordinary 
method described in Chapter III. 
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Thus in Fig. 1 

The bending moment at a section infinitely close to C will be 

Again in Fig. 3 

M0 = Ra x AC - wl x 
1 
2 

= -1wl2, 

wl2 
M„ = x l —- 

= - 4s wl*- 

Beams continuous over several Supports. 

The following table gives the reaction on each support caused by uniformly 
loaded beams of uniform section continuous over several supports. 

Uniformly Loaded Beams continuous over several Supports. 

Table of Distribution of Loads, 

1 
No. of 

Number of each Support, and Load borne by it in terms of wl,i.e. of load on each span. 

I Span. 1 
1st 2d 3d | 4th 5th 6th 7 th 8th 9th 10th 

1 
2 

i 
? 
t ¥ a 

3 fV H H tV 
4 a If 

2« 
ft ft ft 

5 tt ft ft 
3 7 
inf 

4 :i 
"sir ft 

6 iV.i Hr m m «* Hi & 
7 fW -iff m m 

i a 7 
TT-T 

i0 i 
1 ft GO 

T4V 
8 ftt 

4 4 0 
s s' 

:i 7 -1 
s tit 

it s 1; 
■sinr 

3 0 2 
fff 

7 1 
??? m w* 

9 0 it 
m m iff 

5 2 0 
rsnr 

5 :ir> 
tinr ttt m m 

Illustration.—The principal rafter of the roof dealt with in Chapter XII. 

is treated in page 214, first as if it were in two portions each supported 

at both ends, and next as a beam continuous over two spans. In both 

cases it is uniformly loaded. 
In this example the maximum bending moment is the same under 

wl2 
cither supposition, being in the case of each supported portion — in the 

wl2 
centre, and in the continuous beam — at the intermediate point of 

support. 

In the case, however, where a rafter extends over several points of 

support (see p. 202, Fig. 343) the maximum bending moment to which it is 

subjected will be very different if it is a continuous beam, compared with what 
it would be in a jointed and supported beam. 
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Thus in Fig. 4, if it be assumed that there are joints at the points of 

support, then AC, CD, DB are supported beams (see Case 7, p. 33), and the 

wl2 
maximum bending moment is —- at the centre of each. 

If AB is assumed to be continuous, then (see Fig. 2 above) the maximum 
wfi wfi 

bending moment is at C or D, i.e. x being less than -g , and therefore if 

the rafter is really continuous, all the points being accurately in a straight line 
a less scantling will do for it than if it were jointed and supported.1 

APPENDIX XII. 

i-L 

—-4- 

Method of finding the Centre of Gravity of an unsymmetrical 
Cross Section of a Girder by Calculation. 

Divide up the cross section into rectangles all parallel to each other and 

A to the bottom edge of the section. 

Rule.—Multiply the area of each rectangle by 
the distance of its centre of gravity from the bottom 

edge, and add these products together. Divide by 
the whole area of the section ; the quotient is the 

distance of the centre of gravity from the bottom 
edge. 

Example.—Thus the cross-section of the cast 

iron girder shown in the figure can be divided up 

into three rectangles, and the products are 

4x1x19'5+ 18x1x10 + 16x1 x 0*5 = 266. 

The whole area is 4x1 + 18x1 + 16x1 = 38. 

Therefore distance of CG from bottom edge 

266 17 • r = — =7 inches. 

Since the section is symmetrical vertically, the 

centre of gravity is determined as shown in the 

figure. Should, however, the figure be unsym- 

18 

C.G. ^ , 
~i- — 0 // * ■<+-8 —> 

1 In reality the case lies between the two, because C and D are not rigid 
supports. 
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metrical in all directions, tlie above process must be repeated with reference 

to an axis perpendicular to the first one. Thus in the present case, to find 

the distance of the centre of gravity from the axis AB the products are 

4x1x8 + 18x1x8 + 16x1 x 8 = (4 + 18 + 16)8. 

Hence distance of centre of gravity 

(4+18 + 16)8 

4 + 18 + 16 
= 8 inches. 

APPENDIX XIII. 

Graphic Method of finding Centre of Gravity of unsymmetrical 
Cross Section of Girder. 

Set off a£c, Fig. 2, respectively equal to the areas of the portions ABC of 

the girder, and join the extremities of the lines representing these with any 

point x, called the pole. 

Draw the polygon OPQB having its sides parallel to opqr respectively, and 

intercepted between verticals drawn through the centres of gravity of ABC. 

From the intersection of R and 0 at Y draw a vertical. The point at which 

this cuts the centre line of the girder will be its centre of gravity. 

The figures show that this agrees with the calculations above (App. XII.) 
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APPENDIX XIV. 

Moment of Inertia (I) of Various Sections.1 * 

Section. 

(1) Rectangle (breadth b, depth d) 

(2) Isosceles triangle (base b, height d) ... 

(3) Circle (radius r) ...... 

(4) Annulus (R outer radius, r inner radius) 

(5) Semicircle either thus Vs^7 or thus 

(6) I iron --L ^-L (see Fig. i). 
ti 

(7) I girder divided into rectangles as in Fig. 2— 
j\{ga3 + lc(b3 - a3) + l(c3 - b3) + rrdd3 - c3)}. 

Value of I. 
bcP 

72 

bal3 

36 

77 A. 

47' 

j(R4-r4) 

0-1 Ir* 

I h->n-H 

X 

t 
z \ i i ! 

f neutral axis h d c b a 

y ■ i ■ 
i i j! ! 

i.. i i ! 

Cr 

Fig. 1. Fig. 2. 

GENERAL RULE FOR ANY SECTION MADE UP OF A NUMBER OF SIMPLE FIGURES. 

a. Find the moment of inertia of each of the simple figures about an axis, 

traversing its centre of gravity parallel to the neutral axis of the complex figure. 

b. Multiply the area of each simple figure by the square of the distance be¬ 

tween its centre of gravity and centre of gravity of the whole figure. 

Add the results so found (by a and b above) for the moment of inertia of the 

xchole figure. (Rankine.) 

I for Rolled Beam.—Applying No. 7 formula to find I for the section of 

the rolled iron girder, p. 83, we have 

TV{ix 93 + 4(103 - 93)}, 

= xVft x 729 + 4(1000 - 729)}, 
= 120*7. 

1 In each case the moment of inertia is taken about an axis parallel to the neutral 
axis passing through the centre of gravity of the section. 

7r is the ratio between the circumference and diameter of a circle, and its 
numerical value is 3*1416. 
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I for Cast Iron Girder.—Applying Rankine’s rule to the section of the 
b iron girder, Fig. 3, we have 

I of web 

I of lower flange = 

4 X l8 4 

- 12 12* 

1 x 183 5832 

12 ~ 12 ’ 

16 x l3 16 

= 12 “ 12’ 

Total 5852 

12 

■<—4 

= 487*6. 

x 
\ 

i 

1 
so 

-f-M—; 

1—ii.. 

6. Area x square of distance of centre of 
gravity from the neutral axis 

Of upper flange = 4 x 12*52 = 625, 
Web = 18 x 32 = 162, 

Lower flange = 16 x 6’52 = 676, 

Total of a and 6=1950 = 1. 

It should be observed that the thickness assumed for the lower flange, 

namely, 1 inch, is rather little for the width, but it simplifies the example. 

- 16 ~ 

Fig 

APPENDIX XY. 

Formulae for finding approximately the Weight of Girders. * 

The weight of a girder can be found with a fair degree of accuracy by 
either of the following formulae, the first being, however, the more accurate. 

Weight of girder in tons 
W x L2 

= Cr D L2 ^>ro*‘ Unwin’s formula), 

W x L 
= ----- (Anderson’s formula), 

560 

where 

W = distributed, or equivalent distributed, load to be borne by the girder, 
in tons. 

L = span in feet. 

C = a factor whose value is from 1400 to 1500 for small girders, and 
from 1500 to 1800 for large bridges. 

rc = stress in compression boom (generally about 4 tons per square inch). 

D = effective depth of girder in feet. 

APPENDIX XVI. 

Rules for drawing Maxwell’s Diagrams {seep. 183). 

The diagram of the truss itself is called the frame diagram. The 

diagram of the forces is called the stress diagram or “ diagram of forces.” 
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In the stress diagram lines are drawn parallel to the several lines of the 
frame diagram, thus 

1. Draw each known force in succession in the direction in which you 
know it acts. 

2. Then from the two “ open ends ” draw the two unknown forces parallel 
to their directions on the frame. The first unknown force working in this 

direction is at the end of the last known force, that is, at the end to which 
the arrow mentioned in next paragraph points. 

3. Place arrows on the stress diagram beginning with the known forces, 

and make them all follow each other pointing in the same direction. 

4. By transferring these arrows in imagination back to the frame, and 

considering them with reference to the point in question, you know whether 
each member is in compression or tension. 

The above rules are applied to each joint of the frame in succession. 

Example.—Thus in the example illustrated in Figs. 305 to 308, Plate II. 

we know (pp. 180, 181) that W = 7 cwts. RA = 5 cwts. RB=2 cwts. 
Commencing at joint A. in the frame (Fig. 1) draw for the stress diagram the 

known RA = 5 cwts., and mark upon it the arrow head showing its direction, i.e. upwards. 
Then working in the directiondraw from its end q, to which the arrow points, the 
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unknown T parallel to AB of the frame, and from the other end 0 draw Ci parallel 
to AC. These intersect at p, and by measurement 

qp = 3*94 cwts. =T 
Op==6 *4 cwts. = Ci. 

Now place arrows on the stress diagram (Fig. 2). We have marked the arrow on 
Ra pointing upwards—following round in the same direction the arrow on T points 
towards p and that on Ci towards 0. Transferring these to the frame we see that Ci 
is in compression pushing towards A, and T in tension pulling from A. 

Proceeding to the next joint C on the frame, we have Ci and W known and C2 
unknown. 

O11 the stress diagram we have Ci already drawn. Draw W vertically = 7 cwts., 
and draw a line from the end s of W parallel to C2; this will be the line sO. 

We know the direction of the arrow for W is downwards. Following on in the 
same direction the arrow for C2 will point toward 0 and that for Ci toward p. The 
latter is in a different direction from what it was before, because Ci is now in com¬ 
pression toward C. 

Transferring these arrows in imagination to the frame, we find C2 C2 both in 
compression. 

We come now to the last joint, B, and have RB C2 T all known. 
Draw R„ = 2 cwts. and a line T = 3'94 cwts. from s parallel to AB of frame. This 

will be the line sr. 
Again the arrows are placed—on R» pointing upwards, on C2 toward s, and on 

T towards r. Transferring these to the frame we find C2 in compression toward B, 
and T in tension from B. 

If a line drawn through s parallel to AB and equal in length to 3*94 cwts. did not 
come exactly to r, it would be certain that some mistake had been made in'the 
drawing. 

In such a case the diagram is said not to “ close ” properly, and this property 
of not closing when there is anything wrong in the diagram is very valuable, 
because the error thus shown to exist can be investigated and corrected, whereas, 
in using formulae there is often nothing to show the existence of an error, which 
remains undetected and makes the result incorrect. The non-closing may be due 
only to inaccurate drawing. If this is suspected, the stress upon one or more bars 
may be checked by Ritter’s method (see p. 185). 

APPENDIX XVII. 

Bow’s System of lettering Maxwell’s Diagrams {seep. 184). 

The following words quoted are from Mr. Bow’s own description of liis 

system.1 

“ This plan of lettering consists in assigning a particular letter to each 
enclosed area or space in, and also to each space (enclosed or not) around or 
bounding the truss, and attaching the same letter to the angle or point of 

concourse of lines which represents the area in the diagram of forces. Any 

linear part of the truss or any line of action of an external force applied to 
it is to be named from the two letters belonging to the two spaces it 

separates : and the corresponding line in the reciprocal diagram of forces 

which represents the force acting in that part or line, will have its 

extremities defined by the same two letters.” 

Example.2—Figs. 1 and 2 give an example of a truss and a diagram of forces so 
treated. 

1 From Bow’s Economics of Construction. 2 Ibid., but condensed. 
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The spaces in the truss are lettered ABC, those around the truss DEFGIL 
These letters are attached to the corresponding points of concourse in Fig. 2. 

Fig. 1. Truss. 

Each line in the truss is lettered according to the letters of the spaces it 
separates. Thus the line separating spaces A and. F is AF and is shown as AF on 
the force diagram below. Similarly the line separating spaces B and C is BC. 

If any triangle in the truss be taken, such as A, the stresses on its sides as shown 
on the force diagram will be found to radiate from A. Thus, in Fig. 2, AB, AF, AD 
radiate from A. 

Examples of the application of Bow’s method to girders will be found at p. 194. 

APPENDIX XVIII. 

Calculation of the Stresses upon the Iron Roof (Example 42, 

p. 209) by the Method of Sections. 

Referring to Example 42, p. 209, we now proceed to find the stresses by means of 
the method of sections (see p. 185). 

Stresses due to Permanent Loads.—Commencing as before at joint A (Fig. 
356, Plate III.), we take the section shown in Fig. 398, which cuts through only 

two bars ; therefore to find the stress in AF we can take 
moments about any point in AD, round m for instance. 
Ra = 1'17 tons (see p. 209). We find by measurement 
that the lever arm of RA is 8’53 feet, and of the stress 
in AF, 2*39 feet. 

Hence 
8*53 x 1T7 - 2*39 x SAF=0, 

oi- 
Fig. 398. 

Similarly to find SA: 
for instance, 

SAK = 
8-53xlT7 

2-39 
= 4-4 *17 tons. 

we can take moments about any point in AF. We find, 

lever arm of RA =10*35 feet, 
„ SAD = 272 feet. 
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Hence 
10*35 x 1*17 + 2*72 x 8^=0, 

SAd= -4*45 tons, 
so that AD is in compression. 

To find SDK we can take the section shown in Fig. 399, and the lever arms are 
marked on the figure. Taking moments about A we have 

10 x 0*78 + 10*78 x SDr = 0, 

Sj>r= - 072 ton. 

The same section will enable us to find S; 
400, for 

'DC j the lever arms are, as shown in Fig. 

and therefore 

whence 

RA, 11-07 feet, 
1*04 „ 

SnCi 2-90 „ 

11-07 x 1*17 - 1-04 x 0-78 + 2-90 x SDC=0, 

SDC = - 4-20 tons. 
Lastly, to find SFO and SFC we take the section shown in Fig. 401, and obtain the 

lever arms as marked, whence 
20 x 1*17 - 10 x 0-78 - 6 '67 x Sro = 0, 

SK(i= +2-34 tons. 
For SFc we must take moments 

about the intersection of FG and DC, 
thus 
3-25 x 1 -17 + 6 -75 x 0*78 - 4-69 x SFC, 

SFc = +1*93 ton. 
On examination (see Table H) it 

will be found that the two methods do 
not in all cases give exactly the same 
values for the stress. The differences 
are due to slight errors in the drawing of the diagram and in measuring the lever arms. 

Stresses due to Wind Pressure.—It does not appear necessary to describe the 
working of this method again in detail, and therefore the various sections to be taken 
are simply marked on the figures, together with the turning points and corresponding 
lever arms ; and the calculations are given below for each stress. 

Case 1. Wind on left—Reactions 'parallel to wind pressure.—Sad: Section 1, 1, 
Fig. 402. Turning point a. 

2-69 xSad+10-Ox 0-88 = 0, 

Sad = - 3*27 tons. 
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SAF: Section 1, 1, Fig. 403. Turning point b. 

-2*61 xS^ + 10-Ox 0*88 = 0, 

SAK = + 3 *37 tons. 
SDK : Section 2, 2, Fig. 404. Turning point A. 

AD xSdf + ADx 0-96 = 0, 
SDK = - 0*96 ton. 

That is, the compression in DF is equal to the wind pressure acting at D. 

SDC : Section 2, 2, Fig. 405. Turning point F. 
2-9 xSdc + 10'8x 0-88 = 0, 

SD0= -3-28 tons. 
Thus we see (allowing for errors of measurement) that 

Sad = Sdc- 

Sr0 : Section 3, 3, Fig. 406. Turning point c. 
- 4*65 x SK0-f 3*62 x 0*88 + 7T8 x 0*96 = 0, 

SFC= +2*17 tons. 

$ 

Fig. 407. 
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SKa : Section 3, 3, Fig. 407. Turning point C. 
- 6-67 x SFO - 10*8 x 0-96 + 21 *6 x 0*88 = 0, 

S0K : Section 4, 4, Fig. 408. Turning point G. 
- 2*9 xSCJt-9*81 x 0*56 = 0, 

SCB= -1*89 ton. 

Sco : Section 4, 4, Fig. 409. Turning point d. 
4*65 xSco-2*62x0*56 = 0, 

Sco= "1-0*32 ton. 
0-56 

Fig. 410. 

SaK: Section 5, 5, Fig. 410. Turning point B. 
- 10*8 x SOE- 0 x 0*56 = 0, 

Sok = 0. 

Sqjj : Section 5, 5, Fig. 410. Turning point E. 
+ 2*78 xSGB-7*8x0*56 = 0, 

S0B=+1'57 ton. 
5^: Section 6, 6, Fig. 411. Turning point G. 

- 2 *9 x SEB -9*81x0 *56 = 0, 

SK8 = -1*9 ton. 
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Again we find slight discrepancies between the values found by the two methods, 
and, ds before, these discrepancies are due to errors in measurement. 

Case 2. Wind on right—Reactions parallel to normal wind pressure. —The stresses 
can be deduced from Case 1. 

Case 3. Wind on left—Reaction at free end vertical.—It should be noted that PA and 
RA being no longer exactly opposite in direction (as they were in Case 1), we cannot 
now use their difference only, but must introduce them separately into the equation, 

1 
\ i 

SAD : Section 1, 1, Fig. 412. Turning point a. 
+ 2*69 x — 10‘0 x 0*48 + 9 *58 x 1 *45 = 0, 

SAD= - 3*38 tons. 
SAF : Section 1,1, Fig. 413. Turning point b. 
- 2*61 x SAK- 10*0 x 0'48-f-9‘92 x 1 ’45 = 0, 

S*y= +3 *67 tons. 
2 

SDF : Section 2, 2, Fig. 414. Turning point A. 
AD x SDF + AD x 0 *96 = 0, 

SOK=: -0*96 ton, 
which is the same value as already obtained under Case 1. In fact, since this stress 
does not depend on the reaction at the abutment, but only on the load at the joint 
(as is evident from the equation of moments), it follows that it is unnecessary to 
recalculate it each time, 

SDC: as in Case 2, 

Scv=Su}= -3*38 tons. 

Fig. 415. 
Fig. 416. 
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SF0: Section 3, 3, Fig. 415. Turning point c. 
- 4‘65 x SFC + 7*18 x 0*96 + 3*51 x 1*45-3*62x0*48 = 0, 

SFC = +2*2 tons. 
SFG : Section 3, 3, Fig. 416. Turning point C. 

- 6 *67 x SFG - 10 *8 x 0 *96 - 21 *6 x 0 *48 + 21 *4 x 1 *45 = 0, 
S,Q= +1*54. 

S0B : Section 4, 4, Fig. 417. Turning point G. 
- 2-9 xSOT-11*04 x 0*52=0, 

SCK= -1*98 ton. 

Sco : Section 4, 4, Fig. 418. Turning point d. 
+ 4 *65 x SCG - 3 ‘40 x 0 *52 = 0, 

Sco= +0-38 ton. 
SF0 could also be found very easily from this section. 

SGK: Section 5, 5, Fig. 419. Turning point B. 
- 10*8 x SGB- 0 x 0*52 = 0, 

SGE=0. 

SGIi: Section 5, 5, Fig. 420. Turning point E. 
+ 2*75 xSGB-10*0x0*52 = 0, 

Sqb= +1*88 ton. 

Fig. 421. 

SKB: Section 6, 6, Fig. 421. Turning point G. 
- 2*9 x Sjuj- 11*04 x 0*52 = 0, 

SEB= -1*98 ton. 
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Case 4. Wind on right—Reaction at free end vertical. 

SAi>: Section 1,1, Fig. 422. Turning point F. 
2*9 xSAD + 5*40x 0-87 = 0, 

SAD = -1*62 ton. 

SAF : Section 1,1, Fig. 423. Turning point D. 
-2*75 x Saf+ 2*65 x 0*87 = 0, 

SAF= +0-84 ton. 
SDF ; the stress in DF is clearly 0. 

SdC : Similarly, as in Case 3, 
SD0 = SAo= -1*62 ton. 

SF0 : Section 3, 3, Fig. 424. Turning point c. 
- 4*65 x Sfc-{-0*88 x 0*87 = 0, 

SK0 = +0*16 ton. 
SFO : Section 3, 3, Fig. 425. Turning point C. 

- 6*67 x SF0 + 5*26 x 0*87 = 0, 
SIX}= +0*69 ton. 

Fig. 426. 

SCK *• Section 4, 4, Fig. 426. Turning point G. 
- 2 *9 x Sc* - 0 x 0 *96 - 11 *04 x 1 *26 -flO *8 x 0 *48 = 0, 

SCK= - 3*0 tons. 
Sco : Section 4, 4, Fig. 427. Turning point d. 

+ 4 *65 x Sco -7*18 x0 *96 + 3 *62 x 0 *48 - 3 *37 x 1 *26 = 0, 
Sco= +2*02 ton& 



APPENDICES 321 

SaE: Section 5, 5, Fig. 428. Turning point B. 
-10-8 xSGli-10-8x0*96 = 0, 

SGa = - 0’96 ton. 

Saa : Section 5, 5, Fig. 429. Turning point E. 

+ 275 xSOB + 10*8 x 0*48-10*0 x 1-26 = 0, 
SGB= +2*7 tons. 

San: Section 6, 6, Fig. 430. Turning point G. 
- 2-9 x SK8- 11 -04 x 1-26 + 10-8 x 0+8 = 0, 

SaB = - 3’0 tons. 

APPENDIX XIX. 

Centre of Pressure in Masonry Joints {seep. 219). 

It can. be shown by an investigation, similar to, but more complicated than 

that given at p. 219, that the position of the centre of pressure for a joint of 

any section whatever, when the pressure vanishes along one edge, depends on 

the moment of inertia of the section. Eankine1 gives the result as follows ;— 

Let A denote the area of the joint. 
y, the distance from the centre of gravity of the figure of the joint to 

the edge farthest from the centre of pressure. 
hj the total breadth of the joint in the same direction. 
I, the moment of inertia of that figure, computed as for the cross section 

of a beam relatively to a neutral axis traversing the centre of gravity at right 

angles to the direction of the deviation to be found. 

8, the deviation to be found. 

Then 

1 A Manual of Civil Engineering, by W. T. M. Rankine, F.R.S., etc., p. 378, 
10th Edition. 

B.C.-IV. Y 
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If the joint is rectangular, as shown in Fig. 431, p. 218, and the centre of 

pressure is situated in GH, then : 
A = BD. GH, 

GH 

h= GH, 

I = —.BD. GH8, 
12 ’ 

6 = 5? -GC. 
2 

orl GH 2 . BD. GH8 

Hence GC = T ~ 12. BD. GH8’ 

or GC — £GH, as before. 
The following values of GC for a few sections will be found useful in 

practice :— 

Description of Section. Value of GC. 

Bectangular ..... 
Circular ..... 
Hollow rectangular ) , . 

, ° > chimneys 
,, circular J J 

^GH 

|GH 

’ GH } aPPr0-x'ma*-c 

APPENDIX XX. 

Arch with Unsymmetrical Load. 

The following memorandum by Mr. Henry Fidler describes how the 

line of least resistance in an arch with an unsymmetrical load may be 
drawn, by the method devised by Professor Fuller, and modified by Professor 

Perry. 
Let abed be a segmental arch divided into any convenient number of 

imaginary voussoirs (in this case 9), and loaded unequally. 

The positions and intensities of the loads are indicated by the vertical 

arrows 1, 2, 3, 4, etc., and the direction of each vertical force is supposed to 
pass through the centre of gravity of each voussoir. 

The centre third of the depth of the arch ring is indicated by the dotted 

arcs, and it is required to draw the polygon of forces corresponding to the 

load and contained within the boundaries of the central third. 

With any pole e, draw the force diagram, Fig. 2, shown below the arch, 

plotting the vertical loads 1, 2, 3, etc. to any convenient scale. Draw 

the polygon of forces JKLMNORSTUV in the usual way, terminating 

with the closing line JY, to which ef is parallel, giving the vertical 

components of abutment reactions /#, fh, for the right and left hand 

abutments respectively. 

For the sake of convenience repeat the polygon of forces jhlmnorstuv 

above the arch to an increased vertical scale if necessary, plotting the 

vertical ordinates from a horizontal base AB. On AB take any two 
convenient points p, q, and join pr, qr. 
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From the points h, l, m, n, o, etc. of the polygon draw horizontal lines 
intersecting the straight lines pr, qr. From the points of intersection 

let fall the perpendiculars I, II, III, IV, V, etc. 
From the points of intersection of the perpendiculars 1, 2, 3, 4, 5, etc. 

with the upper and lower boundaries of the central third draw horizontal 

lines intersecting the corresponding perpendiculars I, II, III, IV, V, etc. 

Join the points thus obtained and complete the irregular figure WXYZ. 

Within the area W, X, Y, Z, select the pair of straight lines, Xx ; Zx ; meet¬ 

ing at x (on the vertical through r) containing the smallest possible angle at x, 

and contained wholly within the boundaries of the area W, X, Y, Z. 

The straight lines Xx and Zx bear the same relations to the polygon 

required to be drawn within the central third of the arch ring as the straight 

lines pr, qr, do to the polygon jklmno, etc. 
From the points of intersection of the lines Xx and Zx with the 

verticals I, II, III, etc. draw lines parallel to a line joining XZ and inter¬ 
secting the verticals 1, 2, 3, etc. By joining the latter points thus obtained 

the required polygon lying within the central third of the arch ring is drawn. 
A second force diagram, Fig. 3, may now be drawn from the polygon last 

obtained giving a polar distance T equal to the minimum horizontal thrust 
of the arch required to meet all the conditions. 

If it be not found possible to draw any pair of straight lines within the 
boundaries of the area W, X, Y, Z, and meeting at x, the depth of the arch ring 
must be increased until these conditions are met. 

The above method is of course equally applicable to an arch with a 

symmetrical load : and it avoids the necessity of drawing repeated trial lines 
of least resistance, which is very tedious. 

APPENDIX XXI 

Short Formulae to be remembered.1 

It is dangerous to trust to the memory for formulae that are not in 
habitual use, and the invaluable Pocket-books of Moleswortli and Hurst are 
not always at hand. A student who has grasped the principles upon which 
the different calculations are founded can generally build up the formulae he 

requires, but in everyday out-of-door life there is not always time for this, 

and it is well to have a few simple formulae in one’s memory to aid in rapidly 

forming an opinion when reference to books of any kind is impossible. 

The following are good formulae to remember. In those for supported 

beams the safe distributed load is given, in cwts. for timber, in tons for iron. 

From this the safe weight for other distributions of the load can easily be 

ascertained (see Appendix VII.), 

I = breadth 1 c , 
d — depth J 01 *3eam or girder m inches. 

S = span of beam or girder in feet. 

1 These short formulae are derived from those given in this volume at the pages 
mentioned in connection with each. They have been made shorter by substituting 
in some cases feet for inches, cwts. for tons etc. etc. 
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Timber Beams, supported at ends and uniformly loaded. 

Strength.—For Fir. 

The safe distributed dead load in cwts. = ---.--^-^cheS: /t \i 
L in feet. * * V v 

(See pp. 50-54.) This assumes the modulus of rupture /O=5040 lbs., or 45 cwts. 
and a factor of safety of 5. 

For English Oak and Pitch Pine multiply the result of (I.) bylj. 
For Teak multiply by 2, and for Grecnheart by 3. 

Stiffness.—When a beam supported at the ends is loaded with the dis¬ 
tributed safe weight found by (I.) then (see Equation 45, p. 67) 

S2 in feet. 
Deflection at centre = A- -r-:—;—-— ('ll) 

30 dm inches. ' * v •' 
For Fir, Oak, Teak, Greenheart. 

The distributed dead load in cwts. 
to cause a deflection of per 
foot of span. 

bds in inches 

S2 in feet. 
(III.)2 

(See Equation 47, p. 68.) For dead load in centre to cause the same deflection, 
multiply the result of III. by £. 

I11II. and III. the modulus of elasticity is taken at 1,210,000 for large scantlings. 

Cast-iron Girders supported at ends and uniformly loaded. 

The safe distributed dead load in tons — ~ . . . . (IV.) 

a being the effective area of tension flange in inches—d the depth of girder in 
inches—S the span in feet. 

(See Equation 57, p. 95.) This assumes c = 6£ tons and factor of safety = 4. 

Wrought iron, rolled, or Plate Girders, supported at ends and uni¬ 
formly loaded. 

The safe distributed dead load in tons — ^^ e . . (V.) 

(See Equation 54, p. 87.) a being the effective area of compression flange in 
inches. The ultimate resistance to compression is taken at 18 tons per square inch, 
the factor of safety as 4. The limiting stress per square inch is therefore 4 4 tons. 

Open Webbed Girders. 

Load is as in (V.) above. 

Stress on any bar in web 

shearing stress at the point x length of bar 

depth of girder. # ' ' 
(See p. 194.) 

Retaining Walls. 

For water (see p. 235) mean thickness =\ of height . (VII.) 

For average earth (see p. 244) „ = J „ . . (VIII.) 

Arches, thickness of, from 10' to 25' span. 

Masonry—Block, 1 inch for every foot of span . . . (IX.) 

Rubble, l£ inch „ „ . . . . (X.) 
Brick, £ brick for every 5 feet of span . . (XI.) 

1 R. E. Aide Memoire. 2 Seddon. 
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Water Supply.—Pipes flowing full (see p. 267)0 

G = Gallons supplied per minute. 
H = Head in feet. 

L =5 Length, of pipe in feet. 

d — diameter of pipe in inches. 

G=28 JL lH •••••■•• (X*1-) 

<*=i\/TT ........ (Xiii.) 

For £" pipes take f, for 1" pipes take f, and for pipes of over 12" diameter take {£, of tlie result 
found by XII. 

For \ pipes take d % larger than as found by XIII. 
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TABLE Ia. 

Safe Resistance of Materials. 

This Table only includes the materials most generally in use, and the values given 
can be depended upon as quite safe for the ordinary quality of materials.1 

Safe Resistance to Tension. 

Cast iron 1‘5 ton per 1 Oak, English 16 cwts. per Portland cement, 1*0 cwt., per 
sq. inch sq. inch neat, after 9 mon. sq. inch 

Wrought iron 5 tons do. Fir, Baltic . 12 do., do. B’kwork in cement2 OTOcwt., do. 
built-up girders Pine, American 3 do., do. Do. in mortar (hy¬ 0*06do., do. 

Wrought iron 5 do., do. yellow draulic lime)2 
rolled joists Pine, pitch . 10 do., do. Concrete, Portland 0-3 do., do. 

Steel, mild . 6’5 do., do. 1 Teak,. Moulmein . 10 do., do. cement, 5 to 1 

Safe Resistance to Compression. 3 

Cast iron 8 tons per Pine, pitch . lOcwts. per Bricks, ordinary 0-8 cwt. per 
sq. inch sq. inch stock sq. inch 

Wrought iron 4 do., do. Teak, Moulmein 12 do., do. Brickwork in mor¬ 0*5 do., do. 
built-up girders Portland cement, 9 do., do. tar (good)4 

Wrought iron 5 do., do. neat, after 9 Brickwork in ce¬ 0’8 do., do. 
rolled joists months ment 4 

Steel, mild . G’5 do., do. Mortar, common . 0*5 cwt. do. Granite, Aberdeen 8 cwts. do. 
Oak, English 13 cwts., do. Concrete, lime 0'5 do., do. Limestone, granu¬ 7 do., do. 
Fir, such as Riga 10 do., do. „ Portland 2 cwts. do. lar 

or Dantzic cement, 5 to 1 
Pine, American 6 do., do. Con crete, Portland 1 cwt. do. Sandstone, ordin¬ 4 do., do. 

yellow cement, 10 to 1 ary 
Masonry, rubble 0*4 cwt. do. 

Safe Resistance to Shearing. 

Cast iron 2-4 tons per j Fir, such as Riga 1-3 cwt. per Oak, English, 5 cwts. per 
sq. inch or Dantzic, along sq. inch across grain sq. inch 

Wrought iron 5 do., do. the grain „ „ along 2 do., do. 
Steel, mild . 5’5 do., do. the grain 

Safe Resistance to Bearing. 

Cast iron ] 10 tons per 1 Steel, mild . 1 8 tons per i Fir, such as Riga 112 cwts. per 
sq. inch sq. inch or Dantzic sq. inch 

Wrought iron | 5 do., do. , 1 Oak, English | 25 cwts. do. 

Safe Modulus of Rupture (Rectangular Beams). 

Cast iron 3‘5 tons per Oak, English 16 cwts. per Pine, American 10 cwts. per 
sq. inch sq.inch yellow sq.inch 

Wrought iron 6*5 do., do. Fir, such as Riga 11 do., do. Teak, Moulmein . 20 do., do. 
or Dantzic 

1 For more detailed information see Part III. 
2 These figures represent the adhesion of fresh mortar to bricks. 
The best hydraulic mortar cannot be safely taken as adhering to the best stock bricks after six 

months with a greater ultimate force than 36 lbs. per square inch. The adhesion to soft place bricks 
is only about 18 lbs. per square inch. 

Portland cement mortar (1 to 1) will at twelve months exert an adhesive resistance of about 0‘5 
cwt. per square inch in stock brickwork, but experimental results show variations dependent 
apparently upon the nature of the surface of the bricks cemented. 

3 These figures refer only to compression members not liable to failure from lateral flexure. 
4 The resistance of brickwork to cracking or crushing is much less than that of the bricks alone. 

After allowing three to six months (according to the mortar) for setting, good stock brickwork will 
begin cracking at a pressure of 200, 400, or 700 lbs. per square inch, according as it is laid in gray 
Chalk lime, Lias lime, or Portland cement mortar. For ultimate crushing from one and a half time 
to twice these pressures would be required. (Wray and Seddon.) For the results of experiments 
on the Strength of Brick Piers see Part III. pp. 116 to 121. 
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For practical purposes tlie value of ^ can be found with sufficient 

accuracy from 

l l 
- = Wr, 
k b 

where n and b have the following values for various sections in general use.-— 

l 120 
— = 4*9 —=196. 
K O 

From the Table the safe stress per square inch is 0*70 ton nearly. Hence 

Safe stress = 0*70 x (3 x £ + x J) = 1*9 ton nearly. 
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TABLE VI. 

Strength of Wooden Struts. 

Rounded Ends. 

Wood supposed to be average quality fir, such as is used ’ in roof work. 

R = ratio of length — least dimension of cross section, 

rc = safe stress per square inch in cwts. 

R 
If both ends are fixed take value of rc corresponding to —. 

A 

If one end is fixed and the other rounded take mean of values of r0 

R 
corresponding to — and R. 

R rc R rc R rc R rc 

5 9*55 19 3*85 33 1*56 54 0*58 
6 9*25 20 3*60 34 1*43 66 0*55 
7 8*85 21 3*38 35 1-35 58 0-52 
8 8-30 22 3T8 36 1*28 60 0-49 
9 775 23 2*92 37 1*22 62 0*46. 

10 7-20 24 275 38 1T6 64 0*43 
11 6*70 25 2-60 39 Til 66 0*41 
12 6*25 26 2*41 40 1-06 68 0-39 
13 5*80 27 2*25 42 0-96 70 0*37 
14 5-40 28 2-11 44 0-87 72 0’35 
15 5-05 29 1-96 46 0*79 74 0*33 
16 4-75 30 1-82 48 0*72 76 0-31 
17 4*45 31 1*71 50 0*66 78 0*29 
18 4T5 32 1-60 52 0*62 80 0*27 

Example.—Find the safe stress that can be applied to a wooden strut 

3" x 2" and 10 feet long. 

10 x 12 
R = - - = 60 ; rc = 0*49 ; safe stress = 3 x 2 x 0*49 = 2*9 cwts. 

A 

TABLE VII. 

Strength of Timber Columns. 

The following Table lias been deduced by Mr. Stoney, C.E., from a series 

of experiments made by Mr. Brereton, C.E., on square columns of American 

yellow pine (Pinus strobus). 

Ends adjusted as in ordinary practice. 

Ratio of length to side of column 10 15 20 25 30 35 40 45 50 

Breaking weight in tons per sq. 
foot of section 120 118 115 100 90 84 80 77 75 
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TABLE VIII. 

Strength of Rivets (Iron Rivets in Iron Plates). 

Safe resistance to shearing, 4 tons per square inch. 

Safe resistance to bearing, 8 tons per square inch. 

Diavn. 
of 

rivet. 

Resistance to 
single shear— 

tons. 

Resistance to bearing of one rivet in plates of various 
thicknesses—tons. 

A" 1" r r r i i" r l" 

i" 078 • 0*25 1*00 1*50 2*00 2*50 3*00 3*50 4*00 
r 1 *23 0*31 1*25 1*87 2*50 3*12 3*75 4*37 5*00 
i" 1*77 0*37 1*50 2*25 3*00 3*75 4*50 5*25 6*00 
i" 2*40 0*44 1*75 2*62 3*50 4*37 5*25 6*12 7*00 
«" 2*76 0*47 1*87 2*81 3*75 4*69 5*62 6*56 7*50 
1" 3*14 0*50 2*00 3*00 4*00 5*00 6*00 7*00 8*00 

H" 3*98 0*56 2*25 3*37 4*50 5*62 6* 75 7*87 9*00 
ir 4*91 0*62 2*50 3*75 5*00 6*25 7*50 8*75 10*00 

TABLE IX.1 

Dimensions of Eyes of Wrought Iron Tension Bars. 

Ratio of diameter of 
pin to width of bar, 
or diameter of bar 

(if round) 
(not to be < 0*67). 

Ratio of area of metal at side of eye to 
area of bar. Ratio of maximum 

thickness of bar to 
width. (Pin in 

single shear.) 
Hammered eye. 

(Metal section at 
back of eye = that 

of bar.) 

Hydraulic forged 
eye. (Same section 
at back as at sides 

of eye.) 

0*67 0*66 0*74 0*21 

0*75 0*67 0*75 0*25 

1*00 0*75 0*75 0*38 

1*25 0*76 0*80 0*54 

1*33 0*79 0*85 0*61 

1*50 0*83 0*93 070 

1*75 0*84 1*00 0*88 

2*00 0*88 1*13 1*08 

1 This Table is taken from Instruction in Construction (revised edition), and is 
founded on that given by Mr. Slialer Smith. 
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TABLE X.1 

Weight of Angle Iron and Tee Iron.2 
1 foot iii length. 

Thick- 
Sum of the Width and Depth in Inches. 

ness. 
14 i§ if 14 2 2| 2i 2| 2f 23 

Inches. lbs. lbs. lbs. lbs. lbs. lbs. lbs. lbs. lbs. lbs. lbs. 
4 *57 •62 •68 •73 •78 •83 •88 •94 •99 1-04 1-09 
* •81 •89 •97 1-05 1-13 1-21 1-29 1-37 1-45 1-52 1*60 
i 1-04 1T5 1-25 1-36 1-46 1*56 1-67 1-77 1-88 1-98 2-08 
A 

'k 
1-24 1-37 1-50 1-63 1-76 1-89 2-02 2T5 2-28 2-41 2-54 

n 3 34 34 31 34 8f 8| 34 4 44 
i 1T4 1-20 1-25 1-30 1-35 1-41 1-46 1-51 1-56 1-62 1-72 

1*C8 1-76 1-84 1-91 1-99 2-07 2T5 2-23 2*30 2-38 2-54 
4 2T9 2-29 2-40 2-50 2-60 2-71 2-81 2-92 3-02 3-13 3-33 
A 2-67 2-80 2-93 3-06 3T9 3-32 3-45 3-58 3-71 3-84 4-10 
i 3-13 3-28 3-44 3-59 3-75 3-91 4*06 4-22 4-38 4-53 4-84 
A 3-57 3-75 3-93 4T1 4-29 4-48 4-66 4-84 5-02 5*20 5-56 

44 4| 5 54 54 5| 6 64 64 6f 7 
A 2*70 2-85 3-01 3-16 3-32 3-48 3-63 3-79 3-95 4-10 4-26 
4 3*54 3-75 3-96 4-17 4-38 4-58 4-79 5-00 5-21 5-42 5-63 
A 4*36 4-62 4*88 5-14 5-40 5-66 5-92 6-18 6-45 6-71 6-97 
§ 516 ' 5-47 5-78 6-09 6-41 6-72 7‘03 7-34 7-66 7-97 8-28 
A 5*92 6-29 6-65 7-02 7-38 7-75 8-11 8-48 8-84 9-21 9-57 
4 6*67 7-08 7-50 7-92 8-33 8-75 9-17 9-58 10-00 10-42 10-83 
A 7-38 7*85 8-32 8-79 9*26 9-73 10-20 10*66 11-13 11-60 12*07 

n ! 74 7| 8 H 84 83 9 94 9£ 93 
4 5*83 , 6-04 6-25 6-46 6-67 6-88 7-08 7-29 7-50 771 7-92 
A 7*23 ; 7-49 7-75 8-01 8-27 8-53 879 9-05 9-31 9-57 9-83 
1 8*59 8'91 9-22 9-53 9-84 10T6 10-47 10-78 11-09 11-41 11-72 
* 9-9310*30 10-66 11-03 11-39 11-76 12-12 12-49 12-85 13-22 13-58 
4 11-25 11-67 12-08 12-50 12-92 13-33 13-75 14T7 14*58 15-00 15-42 
A 12-5413-01 13-48 13-94 14-41 14-88 15-35 15-82 16-29 16-76 17-23 
4 13-80 14*32 14-84 15-36 15*89 16-41 16-93 17-45 17-97 18-49 19-01 

1 
10 

12-03 
104 

12-66 
11 

13*28 
114 

13-91 
12 

14-53 
124 13 134 14 144 15 

A 13*95 14-67 15-40 16-13 16-86 17-59 18-31 19-04 19-77 20-50 21-22 
4 15-83 16-67 17*50 18-33 19-17 20-00 20-84 21-67 22-50 23-34 24T7 
A 1770 18-63 19-57 20 51 21-44 22*38 23-31 24-25 25-19 26T2 27*06 
i 19-53 20*57 21-61 22-66 23-70 24-74 25-78 26-83 27-87 28-91 29-95 
s 23T3 24-38 25-63 26*88 28T3 29-37 30-63 31-88 33*13 34-38 35-63 

12 1124 13 134 14 15 16 17 18 19 20 
i 23*70 24'74 25-78 26-83 27-87 29-95 32-03 34-12 36-20 38-28 40-36 

3 28T329-37 30-63 31-88 33T3 35-63 38T3 40-63 43T3 45-63 48T3 
4 . 32-4533-91 35-36 36-82 38*28 41T9 44-12 47*02 49-95 52-87 55-78 
1 36-6738-33 40-00 

i 
'41-67 43-33 46-67 50-00 53-33 56-67 60-00 63-33 

Note.—When the base or the web tapers in section, the mean thickness is to bo 
measured. 

1 From D. K. Clark’s Rules and Tables. 
2 The weight of these sections in mild steel is 2 per cent greater. 
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TABLE XI. 

Web Plates—thickness of. 
Table1 for determining the thickness of web plate, suitable for a given 

shearing stress per foot depth of girder, at varying widths of plate between 

supports (whether L irons of flanges or vertical stiffeners). The Table is 
founded on the formula 48£ 

T= 1+_^_ 
912 (Unwin’s Iron Bridges and Roofs), 

where T is the stress in tons; t the thickness of web plate ; h the unsupported 
width of plate in feet. 

To use the Table.—Eind the least unsupported width of plate in the top 
row of figures, and underneath it find the number nearest in excess of the 
given shearing stress in tons per foot depth of girder. The corresponding 
thickness of plate will be that required. 

For example, a girder 3 feet deep has a maximum shearing stress of 18 
tons = 6 tons per foot of depth : the distance between the L irons is 30 inches. 
Under the number 30 we find 6*3 tons, and the corresponding thickness is 
J", which is to be the thickness at abutments. 

Thick¬ 
ness of 

Net unsupported width of plate in Inches, whether between flange L irons 

OR VERTICAL STIFFENERS. 

web in 
inches. 12 15 18 21 24 27 30 ' 33 36 1 39 42 45 48 51 

i 4*3 3*1 2*4 1*9 1*5 1*2 1*0 *8 *7 *6 *5 *45 *4 *36 
A 7*0 5*5 4*3 3*4 2*8 2*2 1*8 1*5 1*3 1*2 1*0 *9 *8 *7 
1 10*0 8*0 6*5 5*3 4*3 3*5 3*0 2*6 2*2 1*9 1*7 1*5 1*3 1*2 

tAt 13*3 10*9 9*0 7*5 6*3 5*3 4*5 3*9 3*4 2*9 2*6 2*3 2*0 1*8 
i 16*7 14*2 12*0 10*2 8*7 7*4 6*3 5*5 4*8 4*2 3*7 3*3 3*0 2*7 
A 20*1 17*4 15*1 13*0 11*2 9*8 8 *5 7*4 6*5 5*7 5*1 4*6 4*2 3*8 
§ 23*4 20*7 18*3 16*0 14*0 12*3 10*8 9*5 8*4 7*5 6*7 6*0 5*4 4*9 
A 26*7 24*1 21*6 19*2 17*0 15*0 13*4 11*9 10*6 9*5 8*5 7*6 6*8 6*3 
1 30*0 27*4 24*9 22*4 20*1 17*9 16*1 14*5 , 13*0 11*7 10*5 9*5 8*6 7*8 

Obviously the Table can be used for determining the thickness of web 

plate at any part of the girder, as well as at the abutments, when the shearing 

stress is known ; and it is easy to find thicknesses for unsupported widths not 

given in the Table by estimation between the widths above and below. The 

safe compression shearing stress used in the formula is 4 tons per square inch, 

and as the assumed diagonal pillar, 12 inches wide, is not independent but 

continuous with the adjacent parts, the stresses given in the Table are well on 

the safe side. If, therefore, the given stress is but little over a tabular number 
it will be safe to use the corresponding thickness instead of the next greater. 

If, for example, the stress is 11 tons per foot of depth, and the unsupported 
width 30 inches, it will be quite safe to use a web plate thick. 

TABLE XII.2 

Weight of Roof Framing, Ceilings, etc. 
Ceilings. 

Lath and plaster ceiling . . . • • 8 ) lbs. per square foot horizontal 
Ceiling joists.3 ( surface covered. 

1 Kindly given to the writer by Mr. C. Light. 
2 The weights of framing of iron roofs are taken from various sources ; those for 

wooden roofs from Instruction in Construction, by Col. Wray, R.E. 

B.C.-IV. Z 
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Framing, etc., Wooden Roofs. 

Common rafters.3 ) lbs. per square foot of roof 
Collar beams.2 j surface. 
Framing for wooden roofs, including purlins and ridge boards, but exclusive of 

tie beams— 

20 feet span, king post, rise J span 

30 ,, ,, j> 
40 ,, queen post ,, 
50 ,, ,, „ 
60 ,, ,, ,, 

Tie beams— 
20 feet span, king post 
30 ,, . 
40 ,, queen post . 
50 „ „ 

lbs. per square foot of roof 
surface. 

>5 >> 

}} >} 

}> J> 

11 lbs. per 
20 
18 
20 
30 

>) 

?) 

5 > 

foot run of tie. 

Framing of Iron Roofs. 

Description. 

Span 
centres of 

end pins or 
centres of 

ribs. 

Distance Nature of 

Weight per square foot of horizontal 
area in lbs. 

apart of 
Principals. Covering. 

Of Prin¬ 
cipal. 

Of Pur¬ 
lins. 

Total 
Iron¬ 

work.1 

Total 
with 

covering 

Trussed Roofs. 
ft. in. 
20 0 

ft. in. 
8 0 Slates 2'0 From 5‘5 16-5 

?) ,, 30 0 to on 2*5 2*5 to 6*0 17*0 
40 0 12 0 boarding 3-0 4*0 6*5 17*5 

1 ) J ) 50 0 4*5 7-5 18-5 

Do. type, Fig. 392. 
60 0 5*5 8-5 19*5 

116 0 25" 0 Zinc 8-3 
Bowstring Roofs. 

Birkenhead . . 
/ 91 4 
\ 98 4 

25 0 Zincand 
glass 
do. 

6*0 5*5 13 21 

Charing Cross . 165 10 35 0 10*4 37? 
Cannon Street . 192 4 33 6 Slate and 

glass 
Corrugd. 

16-4 37 

Birmingham . . 212 0 24 0 11*0 20 25 
Liverpool— 

Lime Street . 212 0 32' 0 
iron 

Zinc and 14-5 38 
Arched Roofs. 

Glasgow— 
St. Enoch . . 198 03 36 10 

glass 

13’2 12*2 32 
Manchester— 

Central Station 
St. Pancras . . 

210 03 
240 03 

35 0 
29 4 Slates 16-7 36 

Hinged Arches. 
Cologne— 

Central Depot 208 3 27 10 

and glass 

Corrugd. 32*8 

Jersey City . . 1 252 8 58 02 

iron and 
glass 
do. 30? 

Philadelphia . . 
Paris Exn.— 

Palais des 
Machines . . 

I 259 8 

• 
362 9 

50 22 

70 6 

“Tin” 
and glass 

Zinc and 17-8 14*3 32-8 40*5 
Chicago Exn.— 

Liberal Arts . 368 0 50 0 
glass 

l For ordinary trusses up to 60 ft. span these weights do not include wind bracing, ironwork to 
Louvres, standards, etc. or guttering. 2 Centres of pairs of arches. 3 Clear spans. 
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TABLE XIII.1 

Weight of Roof Coverings. 

Lead covering, including laps, but not boarding or rolls 

Zinc covering „ 14 to 16 zinc gauge 
Corrugated iron, galvanised, 16 W.G..... 

» >> >, 18 W.G. .... 

„ » » 20 W.G. 
Sheet iron, 16 W.G. 

„ „ 20 w.g.; 
Slating laid with a 3-inch lap including nails, but not 

battens or iron laths— 

Slates, Doubles, 13 inches x 9 inches, at 18 cwts. per 
1200 . 

„ Ladies, 16 inches x 8 inches, at 31*5 cwts. per 
1200 . 

„ Countesses, 20 inches x 10 inches, at 50 cwts. per 
1200 . 

„ Duchesses, 24 inches x 12 inches, at 77 cwts. per 
1200 . 

Tiles, plain, 11 inches x 7 inches, laid with a 3-inch lap 

and pointed with mortar, including laths and 
absorbed rain ...... 

„ pan, 13J inches x inches, laid with a 3-inch lap 

and pointed with mortar, including laths and 
absorbed rain ..... 

„ Italian (ridge and furrow), not including the board¬ 

ing, but including mortar and absorbed rain. 
Slate battens, 3^ inches x 1 inch— 

For Doubles ....... 

For Countesses ...... 

Boarding, f inch thick ...... 

» ii 
Wrought Iron Laths, angle irons— 

For Duchess Slates 

For Countess „ 
Cast Iron plates, § inch thick 

Thatch, including battens 

Per square foot. 

5-J lbs, to 8j lbs. 

4 » to if » 
4 „ 

H „ 
2 „ 

H „ 

H .. 

8i „ 

8i » 

8i » 

12 

14 

2 

li 
H 

H 

H 

>> 

ii 

f) 

» 

2 

If 
15 

6^ 

>? 

j? 

TABLE XIV. 

Wind Pressure. 

Wind pressure normal to a roof-surface from Hutton’s formula, viz. 
= P(sin ^1*84cosi-ij taking P = 50 lbs. per square foot. 

Pitch of Roof (i) 10° 15° 20° 
21° $ or 
ispan 25° 

26°£or 
i span 30° 33°£or 

$span 35° 40° 45° 50° 

Normal wind pres¬ 
sure in lbs. per 
sq. foot (PN) 

12*1 18 22*6 25-2 28’8 
1 
I 30-2 33-0 36*6 37*8 41*6 43 47*6 

1 This table is taken from Instruction in Construction, by Col. Wray, R.E. 
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TABLE XV. 

Scantlings for Wooden Roofs. 

The roofs are supposed to be of Baltic fir covered with Countess slates laid on 
inch boards ; the maximum horizontal wind force is taken at 45 lbs. per foot super 
acting only on one side of the roof at a time, equivalent to a normal wind pressure of 
30 lbs. per square foot for a pitch of 30°, and 40 lbs. per square foot for a pitch of 45°. 

The common rafters to be 1 ft. from centre to centre, but in sheltered positions 
they may be placed 1 ft. apart in the clear. 

A Roofs without Ceilings.—-Pitch up to 30°. 

Common Rafters. Collar. 
In fixing 
the collar 

to the 
rafter the 

latter 
should 

Remarks. 

Nature of 
Roof. 

Span in 
feet. 

Walls cap¬ 
able of 
resisting 
thrust.* 

Collar 

Walls not 
capable of 
resisting 
thrust, f 
Collar 

* The following solid walls are strong enough, when 
built in Lias lime mortar 1 to 2, to resist the thrust of 

j roof; allowance must be made for door and window 
openings. Height to be taken from level of the floor 
below roof. 

placed 
i-way up. 

placed £- 
way up. 

not be cut 
into. Stone 

Walls. Brick Walls. 

Couple. 8 
10 
12 

Bdtli. Depth. 
2" x 3" 
2" x 3*" 
2"x4" 

z - 

110" thick. Span of roof 10' 1 »" thick> not over.7; hi8h' 
not over V 0„ ” ” ” 

|15 ft. high. Span of roof 18' | ^ ” ” £ ” 

f When the walls are not capable of resisting the thrust 

Collar 
Beam. 

8 
10 
12 
14 
16 
18 

H"x2*" 
H"X2A" 
irx2§" 
lf"x3" 
2"x3£" 
2"x3f" 

2"x3£" 
2" X 4" 
2"x4£" 

2i"x5" 
2i"x5*" 
2£"x6" 

2" x 2\" 
2"x2£" 
2" x 21" 
2"x3" 
2"x3*" 
2" X 4" 

of the roof place the collar low down; but if the 
collar is required half-way up, the scantlings must 
be increased as follows 

Rafters, add one-fourth to both breadth and depth ; 
Collar, add $" to depth ; but it would be better to use 
the scantlings for walls capable of taking the thrust, 
and make some arrangement to prevent the walls from 
spreading, such as tying the wall plates together at 
intervals. 

King 
Post. 

Tie Beam. J 
Depth in¬ 
cludes 3" 
for joints. 

; Principal 
1 Rafters. 

King 
Post. 

Struts. Straining 
beam. 

Purl ins. § 
10 ft. bear- 

ing. 

Common 
Rafters. 

Trusses 
10' centre 
to centre. 

20 
22 
24 
26 
28 
30 

3"x4£" 
3" X 41" 

3*"X4£" 
3*"x4f" 

4" X 4\" 
4" X 42" 

3"x5" 
3"x5l" 

3i"x6p' 
3£"X 5f" 

4" x 54" 
4"x6" 

3" x 2|" 
3" x 2f" 

31" x 2:1" 
8$" x 2;1" 
4" x 2f" 
4"x2|" 

3" x 3" 
3" x 3\" 

31"x 3!" 
j [3\"X4" 

4" X 4" 
4" X 44" 

— 

5"x7 
5"x7f" 

, 5" x S" 
5"x8i" 
5" X 3V 
5" X Sf" 

2" x 3\" 
2" x 3|" 
2" x 4" 
2" x 4 J" 
2" X 4£" 
2" X 4£" 

Queen 
Post. 

Trusses 
10' centre 
to centre. 

32 
34 
36 
38 
40 
42 
44 
46 

41" X 41" 
4i"X 4$" 
4f"x4f" 
4f "X 4|" 
4j"x5" 
5" X 5" 
5"x5j" 

5l"x5i" 

4J"x4f" 
41" x 5" 
41" X 5" 
4f'x5j" 
4.|" X 51" 
5"X5|" 
5"x5$" 

5i"x5|" 

Queen 
Posts. 

41"x 2|" 
4i"x2f" 
4|"x2f" 
4|"X 2J" 
4$"X 2J" 

5" X 2|" 
5" X 2|" 

5J"X 2J" 

41"X2\" 
4%"X2§" 
4§" X 3" 
4V'x3\" 
4\" x 3\" 

5"X 3?" . 
5"x3£" 

5J"X3^" 

4\"xb\" 
4\" X 6" 
4J"X 6J" 
4§"X 6 J" 
4§"X 7£" 
5"x7*" 
5" X 8" 

5i"x8J" 

5"x7£" 
5"X7|" 
5" X 8" 
5" X 8" 
5" X Si" 
5" x 84" 
5" X 84" 
5" X 8 J" 

2"x3£" * 

2"x3.?" 
2" X 4" 
2" X 4" 
2" X 4 J" 

2"x4£" 
2"X4|" 
2" X 5" 
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TABLE XV.—Continued. 

B Roofs with Ceilings.—Pitch up to 30°. 

Nature of 
Roof. 

Span 
in feet. Common Rafters. Collar.* 

* In fixing the collar to the rafter, the latter should 
not be cut into. As regards walls capable or not cap¬ 
able of resisting the thrust of roof see remarks under A. Collar 

Beam. 8 to 18. Add 4" to depths given 
in A. 

Add 1" to 
depths 

given in 
A. 

King 
Post. 

Trusses ; 
10' centre 
to centre. 

wSE1! King 
! Post. Struts. 

Straining 
beam. 

Purlins. § 
10 ft. bearing. 

1 Common 
1 Rafters. 

20 
22 
24 
26 
28 

, 30 

4" X 7" 
4" x 74" 

4J" x 8" 
4i"x8i" 
41" X 9" 
4J"X91" 

4" x 4" 
4" X 41" 

4l"x4f" 
4J"X5" 
41"X 51" 
41"X 51" 

4"x3'' 
4" X 3" 

41" X 3" 
4}" X 3" 
41" X 3" 
41" X 3" 

4" x 21" 
4" X 3" 

41" x 3" 
41" X 3" 
41"X 31" 
4§"x 3|" i 

5" x7l" 
5" x 71" 
5"x8" 
5" X 81" 
5" x 81" 
5" x 81" 

2" x 31" 
2" x 31" 
2" X 4" 
2"x4l" 
2" X 41" 
2" X 4|" 

Queen 
Post. 

Trusses 
10' centre 
to centre. 

32 
34 
86 
38 
40 
42 
44 
46 

43"x71" 
4j"X 7|" 
4f"X Si" 
5" x 81" 
6" X 9" 

51" x 9" 
51"X 91" 
51"X10" 

41"X 51" 
4.1" X 51" 
41"X 61" 
5" X 6" 
5" X 61" 

51"X 61" 
51"x61" 
5i"x7i" 

Queen 
Posts. 

41" x 3" 
41" x 3" 
41" x 3" 
5" X 3" 
5" x 31" 

51"X 31" 
51"X 31" 
51" X 4" 

41"x 21" 
41"X 21" 
4|" X 3" 
5" X 3" 
5" X 31" 

51" X 3" 
51"X 31" 
51"X31" 

1 
41"X 6|" 
4!"x71" 
41"X 81" 
5" X 81" 
5" X 9" 

51" x 9" 
51" x 91" 
51"x10" 

5" X 71" 
5"x7!" 
5" X 8" 
5" X 8" 
5" X 81" 
5" X 81" 
5" X 81" 
5" X 81" 

2" x 31" 
2" X 31" 
2" X 4" 
2" X 4" 
2" X 41" 
2" X 41" 
2" X 41" 
2" X 5" 

For Roofs of 45° Pitch.—Add 1" to the depth of common rafters, purlins, and 
struts, and £" to the depth of the principal rafters, as given in A and B. 

£ The joint of the tie beam with the principal rafter should be placed immediately 
over the supporting wall. If this cannot be conveniently done, the depth of the 
tie beam should be increased one or two inches. 

§ If the purlins, instead of being placed immediately over the joints, are placed 
at intervals along the principal rafter, increase the depth of the latter, given in the 
Tables, as follows: 

. f without ceiling 2", . (without ceiling 14", 
King post roof| with „ ir Queen post roof| wUh f> 

The purlins if placed 2 feet apart and with 10 feet bearing may be made 3" x 6". 
The scantlings of the principal rafters, struts, and straining beam can be slightly 

modified by means of the following rough rule: “ For every £" deducted from the lesser 
dimension of the scantling, add to the other dimension, and vice versd.” For the 
tie beam, purlins, and common rafters, so long as the depth is about double the 
breadth, deducted from the breadth requires J" to be added to the depth. 

This Table is derived from the War Office practice 

TABLE XVa. 

Coefficients of Friction. 

0 = Angle of Repose, f— tan <p = coefficient of friction. 

<P / <P / 

Masonry and brickwork (dry) 31° to 35° •6 to -7 Wood on stone 22° •4 
,, with wet mortar 251° •47 Iron on stone 35° to 16§° •7 to *3 
,, with slightly damp 

mortar 361° *74 Wood on wood (dry) 14° to 261° •25 to -5 
„ on dry clay 27° •51 Metals on metals (dry) 

Smoothest and best greased 
81° to 1110 •15 to -2 

,, on moist clay CO
 

•33 surfaces If to 2° *03 to *036 

1 Rankine’s values. 
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TABLE XVI. 

Retaining Walls.1 

Angle of repose (0) of various earths, and value of K = 07 tan 

Description of Earth. j K. Description of Earth. <P K. 

Fine dry sand . 37 to 31 0*35 to 0-40 Loamy earth, consoli¬ 
Sand-, wet. 26 0*44 dated and dry 40° 0*33 

,, very wet . 32 0-39 Clay, dry . 29 0*41 
,, damp, well 

Vegetable earth, dry . 29 0*41 drained. 45 0*29 
„ „ moist 45 to 49 0‘29 to 0*26 ,, wet . 16 0*53 

.„ ,„jverywet 17 0-52 Gravel, clean • . 48 0*27 
„ „ consoli¬ ,, with sand 26 0*44 

dated and dry 49 0*26 Loose shingle . 39 0'33 

TABLE XVII. 

Weights of Earths, Stone, etc.2 

Pounds 
avoir¬ 
dupois 

per 
cubic 
foot. 

Pounds 
avoir¬ 
dupois 

per 
cubic 
foot. 

Basalt .... 180 Concrete, lime. 118 
Bathstone . . 123 Earth, vegetable 90 
Brick, common stock 115 „ loamy . . . 80-100 

„ red facing 130 „ semi-fluid 110 
„ fire 150 Granite, Aberdeen . 164 

Brickwork, in mortar 110 Gravel, Thames 112 
„ in cement 112 Limestone, lias 156 

Cement,. Portland 87 Lime, ordinary quick, stone 53 

( 112 Masonry, rubble 140 
Chalk, solid . . < to „ ashlar, Portland . 150 

( 175 „ „ Granite . 160 
Clay, with gravel 130 Mortar, new . 110 

„ ordinary 120 Portland stone. 145 

( 137 Sandstone, Craigleith 145 
Concrete, Portland cement < to Slate, Welsh . 181 

1 142 j Sand .... 119 

1 Prof, Unwin’s ‘‘Railway Construction” as regards the value of <f>. 
2 From R. E. Aide Memoire. 
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TABLE XVIIa. 

Table of Thickness1 required for Arches, Semicircular 
Arches, and Arches of 120°. 

Ordinary vaults, bridges, etc. 

Remarks. 
Semicircular. Arches of 120°. 

Block 
Stone. Brick. Rubble 

Stone. 
Block 
Stone. Brick. Rubble 

Stone. 

Span of 5 feet and less 

/ n 

0 8 1 0 10 

/ 

0 9 1 0 

n 

104 
,, 6 tt 0 9 1 0 11 0 10 1 1 0 
,, 8 tt 0 10 1 1 0 0 11 14 1 14 
> > 10 tt 0 11 1 14 1 0 14 1 3 The arches are 

12 tt 1 0 14 1 
2 

3 1 1 14 1 44 assumed to be 

>) 14 tt 1 1 14 1 4 1 2 n 1 6~ built in well- 

} > 16 t> 1 2 14 1 5 1 3 2 1 7 made hydraulic 

t > 18 9 9 1 3 2 1 6 1 4 2 1 8 lime mortar. 

)> 20 t 9 1 4 2 1 7 1 6 2 1 9 

)> 22 99 1 5 2 1 8 1 6 2 1 104 
ft 24 99 1 6 2 1 9 1 7 24 2 0 

1 War Department practice (Wray). 

TABLE XVIII. 

HYDRAULICS. 

Plow of Water in Pipes running full (gallons per min.) 

Calculated from Darcy’s formula. 

Value of the 
expression 

Correspond¬ 
ing diameter 

of pipe in 
inches. 

Internal 
diameter of 

pipe allowing 
for incrusta¬ 

tion, f 

Value of the expression 

s-G2-* 

Correspond¬ 
ing diameter 

of pipe in 
inches. 

Internal 
diameter of 

pipe allowing 
for incrusta¬ 

tion, t 

1 0*32 f 34,600 2T4 24 
5 0*48 4 60,000 2*36 23U 

18 0*54 78 92,000 2*57 3 
48 0-64 1 140,000 2-79 S'U 

117 0*75 7s 208,000 3-00 8lL 
250 0*86 1 296,000 3-21 3*U 
370 0-96 P/s 420,000 

760,000 
3*43 4 

810 1*07 11 3*86 ph 
1,410 IT 8 Pis 1,340,000 

2,150,000 
4*29 5 

2,260 1-29 14 4-71 572 
3,400 1-39 Pis 3,400,000 5T4 6 
5,020 1*50 If 7,500,000 6*00 7 
7,400 1*61 P/s 16,500,000 

32,800,000 
7*00 8 

10,200 171 2 8'00 9 
20,800 1*93 60,200,000 9*00 10 

* L = length of pipe ; H = available head ; G = discharge in gallons per minute. 
- t The allowance made for incrustation is : 

&th of diameter for pipes under 6 inches in diameter, 
1" for pipes over 6 inches diameter. 

The pipes that are not market sizes are printed in italics. 
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Example.—The length of a pipe is 500 feet, the available head is 30 feet, 

and the discharge is to be 600 gallons per minute. What ought the 
diameter to be, allowing for incrustation ? 

We have ^.G2=^. 6002 = 6,000,000. 
H 30 

A 7" pipe would therefore be required. 

The discharge from this pipe when new will be 

%/ 
16,500,000 x 30 

500 
= 995 gallons per minute. 

And when incrusted 

v 7,500,000 x 30 

500 
= 670 gallons per minute. 

TABLE XIX. 

HYDRAULICS. 

Flow of Water in Pipes running full (cubic feet per min.) 

Calculated from Darcy’s formula. 

Value of the 
expression 

i p * 
H 

Corresponding 
diameter of pipe 

in inches. 

1 
Value of the 

expression 

k f2 * 
H 

Corresponding 
diameter of pipe 

in inches. 

6*6 4 14,380 18 

17-6 5 18,800 19 
53 6 24,900 20 

115 7 31,500 21 
227 8 39,600 22 
427 9 49,400 28 
730 10 61,500 24 

1,190 11 75,700 25 
1,850 12 91,700 26 
2,740 IS 110,600 27 
4,020 n 133,400 28 
5,740 15 158,300 29 
7,880 16 188,000 30 

10,650 17 ... ... 

* L=length of pipe ; H=available head ; F = discharge in cubic feet per second. 
No allowance is made for incrustation. 
The pipes that are not market sizes are printed in italics. 
This Table is used in the same way as Table XVIII. 
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TABLE XX.1 

Cast Iron Pipes—Thickness, Weight, and Strength. 

Inside 
Diameter. 

Thickness 
by 

formula.2 

Nearest 
thickness 

in six¬ 
teenths of 
an inch. 

Net weight 
per foot 
run for 

thickness 
in Column 

3. 

I 
Length of 

pipe 
equal in 

weight to 
the 

socket. 

i 

Weight of a 9- 
feet length of 

pipe. 

Bursting 
pressure 
per sq. 
inch 

reckoned 
on Column 

3. 

Factor of 
safety for 

Normal pres¬ 
sure of 300 
ft. of water 
or 133 lbs. 

per sq. inch. 

Inches. Inches. 
Whole 

Six- lbs. feet. cwts. lbs. Times. 

2 •31 
teenths. 

A 7-09 1 -60 (6 feet) *418 4900 36 
24 •33 i 10-6 •61 (6 feet) *625 3920 30 
3 •35 i 12*4 •62 1-06 3920 30 
4 •375 i 161 •62 1-38 2940 22 
5 •41 A 23*4 •63 2-01 2744 21 
6 •45 A 27*7 i -63 2*38 2290 17 
7 •47 4 36-8 •64 317 2240 17 
8 •50 i 41-7 *64 3-59 1960 15 
9 •53 A 52-8 •65 4*55 1960 15 

10 •56 A 58*3 •66 5-03 1764 13 
11 •59 A 63*9 •66 5*51 1604 12 
12 •62 § 77-5 •67 6*69 1633 12 
13 •65 § 83*6 •67 7*22 1508 11 
14 •70 H 99*1 •68 8*56 1540 12 
15 •71 H 105*9 •68 915 1440 11 

16 •75 S 
cwts. 
1T0 .69 10*66 1470 11 

18 •81 11 1-43 •70 13-87 1415 10-6 
20 •87 4 1-60 •71 15-54 1372 10-3 
21 •90 i 1-68 *72 16*33 1307 10 
24 •99 l 1*91 •73 i 18-58 1307 10 
27 1-09 2-61 •75 25-45 1234 9-3 
30 1T8 1A 3*24 •77 31-65 1241 9-3 
33 1*27 li 3*75 •78 36-67 1190 8-9 
36 1*36 if 4*50 •80 4410 1198 8*9 
39 1-45 l* 5*11 •82 5018 1156 8-7 
42 1-55 1A 5*98 •83 58*78 1167 8-8 
45 1 ‘65 IS 6-67 •85 65*70 1133 8-5 
48 T74 If 7*63 •87 75-31 1143 8-6 

Note to Table—Flanges.—The additional weight for a pair of flanges is reckoned 
as equivalent to that of a lineal foot of pipe ; equal to 11 per cent extra for 9-feet 
lengths. 

1 From D. K. Clark’s Rules and Tables. 
2 The thicknesses in this column are obtained from the following formula deduced 

by Mr. Clark from Mr. Bateman’s practice— 

t — *25 + 
JId 
9600’ 

where t — thickness of the pipe in inches, 
H = the head of pressure in feet of water, 
c£ = tlie inside diameter of the pipe in inches. 
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TABLE XXI. 

HYDRAULICS. 

Loss of Head due to Bends. 

When mean velocity of flow is 1 foot per second. For other velocities, 

multiply by the square of the velocity. 

Radius of Bend 
Diameter of Pipe* 

Loss of Head for each Degree of 
Change of Direction. 

1 0*000025 
1*25 0*000018 
1*5 0*000015 
2*0 0*000013 
3 0*000011 
4 0*000011 
5 0*000011 

Example.—Find the loss of head caused by a bend of 20°, of 2 inches 
radius in a 1" pipe; velocity of flow, 4 feet per second. 

Radius of bend 2 
tt;-7-1—:— = t. Hence loss of head = 0*000,013 x 20° x 42. 
Diameter ot pipe 1 

TABLE XXII. i 

HYDRAULICS. 

Loss of Head due to Elbows. 

= eV2, where e can be found from the following Table. 

A 10° 20° C
O

 
o

 o
 o

 o
 

T
tl 50° 60° -<

r 
o

 o
 

i 
o

 O
 

oo 90° 

e 0*0001 0*0005 0*0011 0*0022 0*0036 0*0056 0*0083 *0115 *0152 

1 From Hurst’s Pocket Book. 
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TABLE XXIII. 

HYDRAULICS. 

Pipes flowing partially full. 

Relation between wetted perimeter, P=^.D, and cross section of flow, 
ooU 

A=i©"S120) * ^ w*iere ^ an^e subtended at the centre by the wetted 

perimeter, and D is the diameter of the pipe (see p. 282). 

p 
D 

A 
D* D 

A 
D* 

P 
JD 

A | i j ± 
D J 1)2 

P 
D 

A 
D2 

0*1 0-00025 0-7 0-052 1-3 0-260 ' 1-9 1 0-551 2-5 0-745 
0-2 0*00137 0-8 0-075 1-4 0-307 ' 2*0 0-594 2-6 0-760 
0*3 0-0064 0*9 0-103 1-5 0-357 i 2-1 0-633 2*7 0-771 
0*4 0-0105 1-0 0-136 1-6 0*406 I 2-2 0-669 2-8 0-779 
0*5 0-020 1-1 0-174 1-7 0-456 2*3 0*699 2*9 0-782 
0*6 0-034 1-2 0*203 1-8 0-505 1 2*4 0-725 3-0 0-785 

TABLE XXIV. 

HYDRAULICS. 

Jets—Factors to find initial velocity. 

H * 
d 

Factor 
(J). 

300 0-98 
600 0-95 

1000 0-92 
1500 0-89 
1800 0-84 
2800 0-77 
3500 0'7l 
4500 0-50 

* H = head at nozzle, d—diameter of nozzle. 
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NOTATION AND WORKING STRESSES. 

TABLE XXY. 

NOTATION. 

The following is a list of the notation employed in this volume :— 

General. 

rjj, safe resistance to bearing in lbs., cwts., or tons per square inch. 

ra „ >, compression „ „ „ 

» » shearing „ „ „ 
rt, „ „ tension „ „ „ 
E, modulus of elasticity. 

Rt or R*, total safe resistance to tension. 

compression. 
shearing. 

bearing. 

R*. 

Beams. 

6, breadth in inches. 
dt depth „ 

/o, modulus of rupture. 
I, moment of inertia. 
L, span in feet. 

Z, „ inches. 

M, bending moment generally. 

Mc, „ „ at centre of beam. 

M^, „ „ at any point P. 

M> moment of resistance generally. 

Mp, moment of resistance at point P. 

Ra, reaction at abutment A. 

-R'BJ >> » R* 
r0} limiting stress in lbs., cwts., or tons per square inch on the outside 

fibres of a beam, 
shearing stress at point P. 

W, concentrated weight or load on a beam, also total distributed load. 
Wj distributed load per inch or per foot run. 

yCi distance of neutral axis from extreme fibre on compression side. 

y0, distance of neutral axis from extreme fibre on compression side, sub¬ 
ject to stress r0. 

yt, distance of neutral axis from extreme fibre on tension side. 

A, maximum deflection in inches. 

Tension and compression bars. 

A, effective cross-sectional area. 
d, “ least diameter ” of a long column. 

Riveted joints. 

by breadth of the bars or plates to be jointed. 

d, diameter of rivet holes. 

ky number of rivets in the first row. 
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N, number of plates on each side to be connected. 
nv number of rivets in each end group. 

n2, ,, „ between the joints. 

n3, number of rivet holes to be deducted from the cross section of cover 
* plates. 

T&, total safe resistance to bearing. 

T*, „ „ shearing. 
t, thickness of plates. 

t2, „ „ cover plates, 

a, number of rivets required for bearing. 

A „ „ shearing. 

Plate girders. 

Ac, effective area of compression flange. 
At) „ „ tension „ 

D, „ depth, i.e. distance between centres of gravity of flanges. 
tWi thickness of web. 

Braced or framed girders. 

C4)5, compression in the bar a4,ct5 of the top boom. 

d, depth, i.e. distance between centres of gravity of flanges. 

B4,14, stress (tension or compression) in brace a4,«14. 

n, number of triangles. 

T13>14, tension in the bar a13,a14 of the lower boom. 

Hoofs. 

Ha, horizontal reaction at abutment A due to wind. 

„ „ A „ temperature. 
Hb, „ „ B „ wind. 

„ „ B „ temperature. 
PH, horizontal wind pressure. 

PN, normal „ 

Pv, vertical „ 

Rv, reaction at abutment A. 

SAD, stress (tension or compression) in member AD. 

VA, vertical reaction at abutment A due to wind. 
V B 

Masonry structures. 

p, intensity of pressure at any point of a bed joint. 

V(max)i greatest intensity of compression on a bed joint. 

r0 see Beams. 

Retaining walls. 

H, height of wall. 
K, constant depending on cf> (angle of repose). 

T, thickness of wall with vertical sides. 

Tj, mean thickness. 
W, weight of a cubic foot of the material of the wall. 

<£, angle of repose of the earth to be retained. 

w, weight of a cubic foot of the earth to be retained. 
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Arches. 

H, horizontal thrust. 

PpP2, etc., total pressure on joints between voussoirs. 

V, vertical component of pressures. 
ivvw2J etc., loads on each voussoir, 

W, total load on an arch. 

Hydraulics. 

A, area of cross section of flow. 

D, diameter of a pipe in feet. 

d, „ „ inches. 
F, discharge in cubic feet per second. 

G, discharge in gallons per minute. 

H, effective head of water in feet, i.e. the actual head reduced by the 

various losses. 

Hb, loss of head due to bends. 

Hk) „ „ elbows. 
H0, „ „ orifice of entry. 

Hv, „ „ velocity. 
J, factor for jets. 
L, length of a pipe in feet. 

K, hydraulic mean depth. 

S, slope of a pipe. 
Y, mean velocity of flow in feet per second. 

TABLE XXVI. 

WORKING STRESSES. 

The undermentioned are the working stresses that have been used in this 

volume :— 

Cast Iron. 

Girders 

Wrought Iron. 

Rolled beams. 

Built-up girders 

Roofs . 

Tension bars and rods 

Riveted joints 

Tension lj tons per square inch (see p. 94). 
Compression 8 )> ( „ )• 
Shearing 2-4 „ ( )• 

Tension 5 tons per square inch (see p. 82). 
Compression 4 V ( „ )• 
Shearing 4 )> ( „ )• 

Tension 5 >} (see p. 156). 

Compression 4 )> ( „ 156). 

Tension 5 » ( ,, 108). 

Compression (depends on ratio of ( ,, 332). 

length of struts to least 

diameter) 

Tension 5 tons per square inch ( ,j 106). 

Shearing 4 » ( » 123). 

Bearing 8 ( „ » )' 
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Fm joints 

Screws . 

Mild Steel. 

Rolled beams 

Timber. 

Fir (superior) 

Fir (inferior) 

Oak 

Brickwork. 

In Mortar 

In Cement 

Shearing 4 tons per square inch (see p. 140). 

Bearing 5 „ „ ( „ 141). 

Shearing 2 „ ( „ 146). 

Tension tons per square inch (see p. 93). 

Compression 6J „ „ ( „ 93). 

Tension 12 cwts. per square inch (see p. 150) 

Compression 10 a 

Shearing 1*3 a 

Bearing 12 a 

Tension 10 11 

Compression 7 a 

Shearing 1-3 if 

Bearing 7 
a 

Tension 16 a 

Compression 13 a 

Shearing 5 a 

Bearing 25 a 

a (a n ) 

if ( a a ) 

33 (if fi ) 

33 ( „ 152) 

3? ( a if ) 

if ( fi ff ) 

a (a a ) 

„ ( „ 328) 

3) (?) a ) 

a in 53) 

a ( 

Compression 0-5 cwts. per square inch (see p. 223). 

Adhesion 0#06 „ „ ( „ 227). 

Compression 0*8 „ „ ( „ 259). 
Adhesion 0*1 „ „ ( „ 328). 
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Fig. 1. PLATE- 

Scalei 12 tons—I inch. 
io 5 o io 20 30 tons. 
j..j-i.i-1-i .i-i. i-i-i_i-1 

y Fig. 3. 

IO 5 O IO 20 
Lu.l.1 l.i i.. ■ I_J 

30 tons. 
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A 

Abutment for arcli, 259. 

Adams, reference to, 100. 

Anderson’s formula for the weight 
of girders, App. XY. 

Angle irons, resistance of, Table I., 
weight of, Table X. 

Angle of repose of earths, Table 

XVI. 

Annulus, moment of inertia, App. 
XIY. 

Appendices : (see List of, p. xv.) 

Area, effective, of tension bar, 106. 
Area of resistance, equivalent, 47; 

safe, 48 ; mechanical method of 
finding, for timber beam, 48 ; for 

rolled iron beam, 83; for cast iron 

beam, 97. 

Arches, 246 ; abutment for, 259 ; 

example of brick arch, 254; graphic 

method of determining stability 

of, 248, 251 ; do. of drawing line 

of least resistance for symmetrical 

load, 251 ; do. for unsymmetrical 

load, App. XX.; line of least 

resistance, 248. 

Arch ring, thickness of, 253, Table 

XYIIa. ; table of thickness, 259. 
Axis, neutral, 42 ; note on, App. 

IY. 

B 

Baker’s practical rules for retaining 
walls, 244. 

Bars (see Compression bars, Tension 

bars); wrought iron, resistance of, 
Table I. 

Basalt, weight of, Table XYII. 

Bath-stone, weight of, Table XVII. 

Beams, 24 ; bending moment, 25 ; 

cantilevers, 28 ; cast iron, 94 ; 

comparison of strength, stiffness, 
and of fixed and supported, App. 
VIII. ; continuous, 74, App. XI.; 
deflection, 66; fixed, 69; moment 

of resistance, 40; reactions at 
supports, 18; strength of rectangu¬ 

lar beams, 54; rolled iron, 81; 

rolled steel, 92 ; shearing stress, 

55; strength and stiffness, com¬ 

parison between, 66, App. VIII.; 

supported, 32 ; timber beams, 

79 ; trussed, 195 ; uniform 
strength, 62. (See above headings 
in Index,) 

Bearing stress, 7 ; resistance of rivets 

to, 123, Table VIII. ; resistance 
of pins to, 141. 

Beech, ultimate resistance, moduli, and 
weight, Table I. 

Bending moment, 25 ; graphic method 

of finding, App. VI.; various cases 

for cantilevers and supported beams, 

28-40 ; for continuous beams, 

App. XI.; and for fixed beams, 
App. VIII. 

Bends, loss of head due to, 270, Table 
XXI. 

Block structures, uncemented, 220. 

Booms of girders, 154 (see Flanges). 

Box girder, 170 (see Plate girder); ap¬ 

proximate weight, 171; deflection, 

171 ; diaphragm, 176 ; effective 

span, 170; end pillars, 176; flanges, 

172 ; section of, 175, Plate B. 

Bow’s notation, 184, 194, App. XVII. 
Bowstring girder, 194. 

Bracedframes,perfect,182 ; overbraced, 
181. 
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Braced girders, 187 ; application of 

load, 188 ; different forms 

of, 187 ; dimensions of bars, 

193 ; graphic method for, 

194 ; lattice 187,194 ; N, 

188; N (braced), 188; prac¬ 

tical formula for, 193; pro¬ 

portion between span and 

depth, 188 ; Whipple- 
Murphy, 188 ; stresses in, 

188, 190. 

„ structures, 177 ; different forms 

of, 180. 

Breaking load, 5. 
„ stress, 8, 49 (see Ultimate 

stress). 
Brick chimney, calculations for, 225. 

„ pier, calculations for, 222; arch, 

254. 
Bricks, brickwork, coefficient of friction, 

Table XVa.; safe resistance of, 
Table la.; weight of, Table XVII.; 

Brickwork structures (see Masonry). 

Built-up I beams, 93. 

C 

Cantilever, cast iron, 101 ; timber, 

76-79 ; wrought iron, 22. 

Cast iron, resistance of, 94; moduli, 

weight, ultimate resistance, 

Table I.; safe resistance, 

94, Table la., XXVI. 

,, cantilevers, example, 101. 

„ columns, examples of, 116, 

117. 
„ girders, 94,103; approximate 

formulae for, 95 ; camber 

for, 100; casting, 100; 

centre of gravity of, App. 

XII., XIII.; depth, 100 ; 

example of, 103 ; flanges, 

99 ; graphic method for 

finding section, 96 ; mathe¬ 

matical method, 99 ; mo¬ 

ment of inertia for Apj}. 

XIV. ; practical points, 

99 ; resistance of, 94 ; 

stress areas, 97 ; uniform 

strength, 100; web, 100. 

„ pipes, thickness of, Table XX. 

Cement, Portland, safe resistance of, 

Table la.; .weight of, Table XVII. 
Centre of gravity ; calculation for 

cross section of girder, App. 

XII. ; graphic method of 

finding, for parallel forces, 

App. VI.; graphic method 

for cross section, App. 

XIII. ; mechanical method 
of determining, 86. 

„ pressure, 218, App. XIX. 

Chimney, centre of pressure, App. XIX.; 

example of, 225. 

Circle, moment of inertia for, App. 

XIV. 

Circular arc,substituted for parabola, 34. 

Classification of stresses, 8. 

Clay, angle of repose, Table XVI.; 

weight, Table XVII. ; coefficient 

of friction, Table XVa. 
Clerk-Max well (see Maxwell). 
Coefficients of friction, Table XVa. 

Columns, cast iron, examples of, 116, 

117 ; timber, strength of, Table 

VII. 

Comparative effect of dead and live 

loads, 5. 

Compression, 6 ; resistance to, of cast 

iron,94; wrought iron, 

82 ; steel, 92 ; other 

materials, Table I., Ia. 

„ bars, 105, 109 ; ex¬ 

amples, 115, 116- 

121; Euler’s formula, 

110 ; Fidler’s views, 

110; Gordon’s for¬ 

mula, 113; long and 

short, 111 ; Hitter’s 

and Bouleaux’s form¬ 

ula, 114 ; securing 

ends of, 112; strength 

of, Tables V., VI.; 
Table for wooden, 115. 

„ riveted joints, 136. 

Concentrated load, 3. 

Concrete, safe resistance of, Table la.; 

weight of, Table XVII. 

Conditions of equilibrium, 14. 

Connections, 122. 
Continuous beams or girders, 74, 

App. XI. ; example, App. XI. 
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Contra-flexure, points of, 70-75, App. 

XI. 

Cotterjoint, formulae and example, 148. 
Couple, 43. 

Cover plates, 124, 125, 128, 131, 132. 
Covering (see Roof). 

D 

Darcy’s formula, pipes flowing full, 

267 ; pipes partially full, 281. 
Dead load, 4. 

,, and live loads, comparative effect 
of, 5. 

Deflection, 12, 66 ; amount allowed, 

69 ; of beams and cantilevers, 66 ; 
of beams of fir, Table III.; of 

confinuous beams, App. XI. ; of 

fixed beams, App. VIII.; of rect¬ 

angular beams, App. IX. ; of 

rolled beams, Table IV.; formulae, 

66, 68 ; of supported beams, 66, 
App. VIII. 

Depth of girders, plate, 154; braced, 

188; bowstring, 194 ; cast-iron, 
100 ; rolled, 91. 

Diagrams, Bow’s system of lettering, 

App. XVII.; Clerk - Maxwell’s, 
182 ; method of drawing, 183 ; 

rules for drawing, App. XVI.; 

for various roof trusses, 217; for 

Warren and FT girders, 194 ; for 

trussed beams, 196, 198. 

Dimensions for riveted joints, 136. 

Distributed load, 4 ; compared with 

concentrated load, App. VII. 

Double-cover grouped joint, 131 ; 
for plate girders, 132. 

Drain pipes, 283 ; egg-shaped sewer, 
286. 

Drains, example, 283, 

E 

Earths, angle of repose, Table XVI.; 

weight of, Table XVII. 

Effective area of tension bars, 106 ; 

effective depth and span of girder, 
154. 

Egg-shaped sewer, example, 287. 
Elastic limit, 10 ; of iron and steel, 

Table I. 

Elasticity, 10; modulus of, 12; 

modulus for various materials, 
Table I. 

Elbows, loss of head due to, 270, 
Table XXII. 

Elm, ultimate resistance, moduli, and 
weight, Table I. 

Elongation, 11. 

Enclosure wall, calculation for, 227. 

Equilibrium, 14 ; conditions of, 14 ; 
note on, App. II. 

Equivalent area of resistance, 47. 

Euler’s theory, for compression bars, 
110. 

Examples (see List, p. xvii.) 

External forces acting on a structure, 
15. 

Eyes of wrought-iron tension bars, 
139, Table IX. 

Eytelwein’s formula, flow of liquids in 
pipes flowing full, 264. 

F 

Factor of safety, 9, App. I. 

Fidler’s (Prof.) rules for struts, 109 ; 

views on compression bars, 110; 
Table for strength of struts, Table 
V ; H. Fidler’s drawing of line of 
least resistance for arch with un- 
symmetrical load, App. XX. 

Fir, ultimate resistance, moduli, and 

weight, Table I. ; safe resistance, 
Table la. 

Fished joint, 149. 

Fixed beams, 69 ; bending moment, 

71-74; comparison of strength, 

etc., with supported beams, App. 

VIII.; objections to, 74 ; stresses 

on, 69 ; various cases, 71-74. 

Flanges of plate girders, 155, examples, 

156, 164 ; width of, 163, 172 ; 

of cast iron girders, 99. 

Flexure, moment of 25 (see Bending 

moment); points of contra-flexure, 
70-75, App. XI. 

Flow of liquids in pipes, 263 ; pipes 

running full, 264 ; pipes running 
partially full, 280. 

Forces, polygon of, 180 ; triangle of, 
179. 
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Formulae, arches, thickness of, 253, 
App. XXI. ; beams, 54, App. 
VII., XXL ; beams, different sec¬ 

tions, App. X.; beams, continuous, 

App. XI.; beams, fixed, 71, 72 ; 

rolled, 87 ; bending moments for 
different distributions of load, 28- 

40, App. VII. ; App. VIII. ; cast 

iron girders, 95, 99 j centre of 

gravity, App. XII. ; compression 

bars, 113-115 ; continuous girders, 

App. XI. ; cotter joint, 148 ; de¬ 

flection, 66-68, App. VIII., IX., 

XXI. ; egg-shaped sewer, area of, 

287 ; equilibrium, App. II.; fished 

(wood) joint, 149, 150; fixed 

beams, 71,72, App. VIII.; girder, 

approximate weight of, App. XV.; 

head, loss of, 268-271; jets, 288 ; 
masonry joints, 219, App. XIX. ; 

moment of inertia, App. XIV.; 
open webbed girders, 193 ; pipes 
flowing full, 264-268 ; pipes 

partially full, 280-282 ; plate 
girders, 155 ; retaining walls, 234, 

238,240,244; rivets, 136; riveted 

joints, 123-131; rolled beams, 87, 

88, 93 ; roof, reaction at supports, 

206 ; screw, 146 ; shearing stress, 

56-60, App. VII.; short, for mem¬ 

ory, App. XXL ; struts, 113-115. 
Foundations of retaining walls, 244. 

Fracture, 9. 
Framed structures, 177 ; different 

forms of, 180. 
Frames, 180 ; overbraced, 181 ; per¬ 

fectly braced, 180, 182. 
Friction, coefficients of, Table XVa. 

Fuller, Prof., reference to, App. XX. 

Funicular polygon, App. VI. 

G 
Gib, 148. 

Girders, bowstring, 194; box, 170; 

braced, 187 ; built-up, with rolled 
iron beams, 93 ; cast iron, 94, 

103; continuous, 74, App. XI.; 

hog-backed, 176 ; lattice, 187 ; N 
188 ; 1ST (braced), 188 ; open- 

webbed, 187; plate, 153 ; uniform 

strength, 64, 101 ; Warren, 187 ; 

weight, formula for, App. XV. ; 
Whipple-Murphy, 188. (See above 
headings in Index.) 

Gordon’s formula for compression 
bars, 113, 

Granite, safe resistance of, Table I a.; 
weight of, Table XVII. 

Graphic method of finding moment of 

resistance inbeams, 46; in wrought 

iron rolled beams, 83; in cast iron 

girders, 96 ; bending moments 

and shearing stresses, App. VI. ; 

centre of gravity of cross section 

of girder, App. XIII.; resultant 

and centre of gravity of parallel 
forces, App. VI. 

Gravel, angle of repose, Table XVI, ; 

weight of, Table XVII. 

Gravity, centre of {see Centre of gravity), 

Greenlieart, moduli, weight, ultimate 
resistance, Table I. 

Grouped joint, double-cover riveted, 

formulae for, 129 ; examples, 131, 
132. 

H 

Head (hydraulic), loss of, 261, 268 ; 

due to bends, 270, Table XXL ; 

to elbows, 270, Table XXII. ; to 

orifice of entry, 269 ; to velocity, 

269. 

Hodgkinson’s experiments on cast iron 

girders, 95. 
Horizontal shearing stress, 55, 60. 

House chimney, calculation for, 225. 

Hydraulics, 260-294; definitions: 

head of elevation, 261 ; head of 

pressure, 261 ; hydraulic mean 

depth, 262 ; intensity of pressure 

at a point, 261 ; loss of head 

261 ; pressure, 260 ; wetted peri¬ 

meter, 262 {see Head, Pipes, etc.) 

Hurst, references to, 121, 239, 259, 

264, 270, 275, 283. 

I 

X section, moment of inertia for, App. 

XIV. {see Rolled beams). 

Inertia, moment of, 50, 86, 104; of 

various sections, App. XIV. 
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Intensity of stress, 8. 

Iron, angle and tee, weight of, Table 
X. 

„ rolled, 81 ; girders (see Girders). 

„ cast, resistance of, 94 ; moduli, 

weight, ultimate resistance, 

etc., Table I.; safe resistance, 

94, Table la., XXYI. 

„ columns (see Columns). 

„ pipes, strength, thickness,weight, 

Table XX. 
„ roofs, example of, 209; principal 

for, 120; struts for, 119. 
„ struts (see Struts). 

wrought, resistance of 82; 
moduli, weight, ultimate re¬ 
sistance, Table I. ; safe resist¬ 

ance, 82, Tables la., XXVI. 

J 

Jets, 288; example, 289, 291, 292; 

factors to find velocity, Table 

XXIV.; height, 289 ; issuing- 

velocity, 290 ; nozzles, 290 ; path 
described by, 289 ; range, 288. 

Joints, 122 ; at apex and feet of truss, 
144; cotter, 148 ; in webs 

of plate girders, 161, 168; 

pin, 138, 140 ; riveted, 122 
(see Riveted joints); screw, 

145, 147. 
„ in wooden structures, fished, 

149 ; scarfed, 151; at foot 

of principal rafter, 152. 

„ (see Masonry). 

Joist, fir, 79 ; rolled iron, 89 ; steel, 

92. 

L 

Lattice girders, 194. 

Layer, neutral, 41. 
Least resistance, Moseley’s principle of, 

248. 
Lever arm, 185. 
Light, C., reference to, Table XI. 

Lime, quick, weight of, Table XVII. 

Limestone, safe resistance of, Table 

la. ; weight of, Table, XVII. 

Limiting stress, 8. 
Line of resistance, 221. 

Links, various forms, 139. 

Live load, 4. 

„ and dead loads, comparative 

effect of, 5. 
Load, 2; breaking, 5 ; concentrated, 

3 ; concentrated and distributed 

loads compared, App. VII. ; dead, 

4 ; distributed, 4; live, 4 ; safe, 

5 ; safe for fir beams, Table II. ; 

on supports, 18 ; working, 5. 

Long compression bars (see Compres¬ 

sion bars). 
Loss of head (hydraulic), 268 (see 

Head). 

M 

Masonry, safe resistance of, Table la.; 
coefficient of friction, 

Table XVa. ; weight, 

Table XVII. 

„ joints, centre of pressure, 
218, App. XIX. 

„ structures, important, 221, 

unimportant, 221 ; con¬ 

ditions of stability, 221; 

line of resistance, 221; 

resistance to sliding, 221, 
224; resistance to crush¬ 

ing, 221, Table la.; re¬ 
sistance to shearing, 221; 
single block, 218; un¬ 
cemented 220. 

Materials, factors of safety for, 9, App. 

I.; ultimate resistance, moduli, 

weight in, Table I.; safe resistance, 

Table la. ; weight, Table XVII. 

Maxwell’s diagrams, 182 ; for braced 

girders, 194 ; for roof trusses, 

217; for trussed beams, 196,198; 
Bow’s system of lettering, App. 

XVII. ; method of drawing, 183 ; 
rules for drawing, App. XVI. 

Mean fibre, 135. 
Method of sections (see Sections); 

graphic (see Graphic). 

Modulus of elasticity, 12 ; of rupture, 
52 ; of rupture for different sec¬ 

tions, 53 ; of rupture and elas¬ 

ticity for different materials, 

Table I. 
Molesworth, references to, 120, 246, 

253, 259, 264, 265, 268, 270. 
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Moment, bending, 25 ; of flexure, 25 ; 

of inertia, 50, App. XIV.; of re¬ 
sistance, 40 (see Bending Mo¬ 

ment, Resistance, etc.) 

Mortar, safe resistance of, Table la. ; 

weight, Table XVII. 
Moseley’s line of resistance, 221 ; 

principle of least resistance, 248. 

N 

N Girder, 188 ; examples, stresses 

on, 190; Maxwell’s diagrams for, 

194 (see Braced girders). 

„ (braced) girder, 188. 

Neutral axis, 42 ; note on, App. IV. 

„ layer, 41. 

Neville’s formula, flow of liquids in 
pipes, 264, 280. 

Newton’s third law, 15. 

Notation, Bow’s, 184, App. XVII.; no¬ 

tation in this volume, Table XXV. 
Nozzles for jets, 290. 

O 

Oak, ultimate resistance, moduli, 

weight, Table I.; safe resistance, 
Table I a. 

Open-webbed girders, 187 (see Braced 
girder). 

Orifice of entry, loss of head due to, 
269. 

Overbraced frames, 181. 

P 

Parabola, to draw a, App. III., to 

substitute circular arc for, 30, 34, 
156. 

Perfectly braced frames, 180, 182. 
Perimeter, wetted, 262. 

Perry, Prof., reference to, App. XX. 

Pier, brick, calculation for, 222. 

Pillars, cast iron, examples of, 116, 

117 ; at end of girders, 169. 

Pin joints, 138 ; example of, for roof 
truss, 140, 144. 

Pine, American yellow, and Pitch, 

ultimate resistance, moduli, and 
weight, Table I.; safe resistance, 
Table la. 

Pipes, flow of liquids in, when run¬ 

ning full, 264, Tables 

XVIII., XIX. : formulae— 

Darcy’s, 265,267 ; Neville’s, 
Eytelwein’s, Thrupp’s, 264 ; 

when running partially full, 
280, Table XXIII.: formuhe 

—Beardmore’s, Downing’s, 
Neville’s, 280 ; Darcy’s, 280, 

281 ; thickness, weight, and 
strength of, Table XX. 

„ drain, 283. 

Pitch of rivets, 136. 

Plate girders, 154 ; booms or flanges, 

155, 163, 166; connection of 

web, 161, 168 ; cover plates, 133; 
depth of, 163 ; flange plates, thick¬ 

ness of, 156, 163 ; flanges, width 

of, 163; hog-backed, 176 ; joints 
in flanges, 132, 165 ; joints in 
web, 161 ; proportion between 
depth and span, 154 ; web, 157, 

166; web plates, thickness of, 
Table XI. (see Box girder). 

Plates, wrought iron, resistance of, 
Table I. 

Pole of diagram, App. VI. ; cylindri¬ 

cal, strength of, App. X. 

Polygon of forces, 180 ; funicular, 
App. VI. 

Portland cement, safe resistance, Table 

la, ; weight, Table XVII. ; stone, 
weight, Table XVII. 

Pressure, distribution of, on masonry 

joint, 219, App. XIX. ; hydraulic, 

261 ; wind, 200, Table XIV. 

Principal rafter, iron, calculations for, 

examples, 120, 144 ; as jointed 

and as continuous, 216 ; loads on, 

203 ; joint at head and foot, ex¬ 

ample, 144 ; wood joint at foot* 
example, 152. 

Punched holes in iron plates, 137; 
in tension joints, 137. 

R 

Rafter, common, wood, loads on, 201, 

continuous, App. XI. 

„ principal (see Principal rafter). 
Range of jet, 288. 

Rankine, reference to, 5, 9, 44, 50, 
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53, 66, 86, 158, 185, 224, 238, 
242, 248, 353, App. I., XIV., 
XIX. , Table XVa. 

Reaction at supports of loaded beams, 

15-20 ; of a cantilever, 22 ; of 

continuous beams, App. XI. ; of a 
girder, 21 ; of a roof, 23 ; rules for 
finding, 18, 20. 

Rectangle, moment of inertia, App. 
XIY. 

Rectangular beams, strength of, 54 ; 
deflection of, App. IX. 

Repose, angle of, 236, Table XYI. 

Resistance, 14 ; of masonry to crush¬ 

ing, 221; equivalent area 
of, 47; safe area of, 48 ; 
of masonry to sliding, 

221; least (Moseley’s prin¬ 

ciple), 248 ; ultimate, 49 ; 

working, 49 {see Working 

stresses). . 

„ to tension, compression, and 

shearing, ultimate and 

safe—of cast iron, 94 ; 
wrought iron, 82 ; of vari¬ 

ous materials, Tables I., Ia 
{see Working stresses). 

„ to find moment of—beam, 

by experiment, 51; by 

graphic method, 46 ; by 

reasoning, 40; rolled beam, 

by graphic method, 83 ; 

by mathematical method, 

86 ; cast iron beam, by 

graphic method, 96 ; by 

mathematical method, 

99. 

Retaining walls, sections, 230; for 

earth, 236, 239 ; examples of, 
241 - 243 ; foundations, 244 ; 
formula?, 238, 239, 244 ; graphic 
method, 238 ; for water, 232 ; 

example of, 234. 

Revetments, surcharged, 241. 

Ritter’s formula for compression bars, 

115 ; method of sections, 184, 

App. XVIII. 
Rivet holes, diameter and pitch of, 

136 ; punched in iron plates, 

137 ; rimered out, 138. 
Riveted joints, 122 ; butt, with single 

cover plate, 124; butt, with 

double cover plates, 125, 128 ; 

dimensions of, 136 ; double cover 

grouped, 131 ; examples of, 128, 

131-134; formulae for grouped, 

129 ; general formulse for, 127 ; 

in compression, 135 ; in tension, 
122 ; lap, 123 ; oblique, 134. 

Rivets, iron, 136 ; in drilled holes, 

138 ; in punched holes, in 

iron plates, 137 ; strength 

of, Table VIII. 
„ steel, 138. 

Rolled wrought iron beams or joists, 

81 ; advantages of, 92 ; de¬ 
flection, 91, Table IV. ; 

depth, 91; examples of, 88- 
91; example, load borne by 

given beam, 88, 89 ; girders 

built up with, 93 ; market 

sections of, 92 ; moment of 

inertia, App. XIV.; practical 

formulse for, 87, 88, 90 ; re¬ 

marks on, 91; section re¬ 

quired for given load, 89 ; 

stress diagrams, 83, 85. 
„ steel joints or beams, 92. 

Roofs, iron, 199; calculation by 

method of sections, App. XVIII. ; 

calculation of principal, 120, 214 ; 
diagrams for various trusses, 217 ; 
distribution of loads, 201 ; ex¬ 

ample, 209 ; joint at apex and 

springings, 144; loads, 199; oc¬ 

casional loads, 200 ; permanent 

loads, 199 ; pin joint, 140 ; reac¬ 

tions at supports, 22, 23, 205 ; 

snow, 200; stresses on, 213 ; 

strut, 119 ; weight of framing, 
Table XII. ; weight of roof cover¬ 
ing, Table XIII. ; wind pressure, 
200, 208, 210, Table XIV. 

Rouleaux, formulae for wooden struts, 
115. 

Rules for drawing Maxwell’s dia¬ 

grams, App. XVI.; finding reac¬ 

tions, 18, 20 ; shearing stress, 55 

{see Formulae). 

Rupture, modulus of, 52 ; for dif¬ 

ferent sections, 53 ; for various 
materials, Table I. 
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S 
Safe load, 5. 

„ stress 8 (see Working stresses). 

Safety, factor of, 9, App. I. 
Sand, angle of repose, Table XVI.; 

weight, Table XVII. 

Sandstone, safe resistance to compres¬ 

sion, Table la. ; weight, Table 

XVII. 

Scantlings for wooden roofs, Table XV. 

Scarf joint, in wooden beam, 151. 

Scheftler’s theory, retaining wall, 239; 

arch, 247. 

Screw of tie-rod of roof, 147. 

Screws, 145. 

Sections, method of, 184 ; applied to 

iron roof, App. XVIII. ; 

to Warren girder, 188 ; 

to Whipple-Murphy girder, 
190 ; lever arm, 185 ; 
turning point, 185. 

„ of box girder, 175, Plate B ; 
cast-iron girder, 97 ; plate 
girder, 154, Plate A; rolled 

beams, 83 ; market, of 

rolled beams, 92. 

Seddon, reference to, 53, 100, 200, 

201 ; Tables I, la., IX., XII., 

XIII., XV. {see Wray). 

Semicircle, moment of inertia for, 

App. XIV. 

Sewer, egg-shaped, 287. 

Shaler Smith, references to, 139, Table 

IX. 
Shearing, resistance to, of cast iron, 95; 

wrought iron, 82 ; of iron 
and steel, Table I.; of rivets, 

123, Table VIII. ; safe 

resistance to, of iron, steel, 

and timber, Table la. 

„ stress, 7 ; beams (various 

cases), 57-60 ; diagrams, 

55, 60, 157, 166, App. 

V.; distribution of, 60 ; 

graphic method of finding, 

App. VI.; horizontal, 55, 

60 ; resistance to, in rolled 

beam, 91; rule for finding, 

in beams, 55 ; vertical, 55 ; 

in web of plate girders, 
157, 166, 173, Table XI. 

Shingle, angle of repose, Table XVI. 

Short compression bars, 112 {see Com¬ 
pression bars). 

Shortening, 11. 

Slate, weight of, Table XVII. 
Sleeve, 148. 

Sliding, resistance to, 221, 224, 245. 

Stability of brickwork and masonry 
structures, 218. 

Steel, ultimate resistance, moduli, 

weight, Table I. ; safe resist¬ 

ance, Table la. 

,, rolled joists, market sections, 

92 ; resistance of, to compres¬ 

sion and tension, 93. 

Stiffeners, 159. 

Stiffest rectangular beam cut out of a 

round log, 80. 

Stiffness, 12 ; of beams compared, 

App. VIII. 
Stoney, references to, 136, 137, 138, 

141, 161, Table VII. 
Strain, 5, Table of, 9. 

Strength of materials, Table I., la. ; 

of beams of fir, Table II.; 

of rectangular beams com¬ 

pared, App. VIII. ; of 

beams of different sections, 

App. X.; of rivets, Table 

VIII.; of struts, Table V.; 

of wooden struts, Table 

VI. 
„ uniform, 64. 

Stresses, 6 ; in beams, 41 ; bearing, 

7 ; breaking, 8 ; classification of, 

8 ; compressile, 6 ; in fixed 

beams, 69 ; limiting, 8 ; intensity 

of, 8 ; repeated, 11 ; safe work¬ 

ing, 8, Table XXVI.; shearing, 7 ; 

Table of, 9 ; tensile, 6 ; torsional, 

7 ; transverse, 7 ; variation of, 11 

{see Stress diagrams, Working 

stress, etc.) 

Strongest rectangular beam that can 

be cut out of a round log, 80. 

Structures, braced or framed, 177. 

Struts (see Compression bars), 109 ; 

examples — cast - iron columns, 

116, 117; timber, 115, 118; 
wrought-iron, 119, 120 ; Fidler’s 

rules for, 109 ; formulae for, 113, 
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114, 115 ; Tables for, Tables V., 

VI., VII. 
Supports, loads on, 18 ; reactions at 

Rule I, 18 ; Rule II., 20. 

Surcharged revetments, 241; example, 

243. 

T 

T iron, moment of inertia for, App. 

XIV. ; weight of, Table X. 
Tables, various (see List, p. xvi.) 

Taps, flow of water from, 272, 278. 

Teak, ultimate resistance, moduli, and 
weight, Table I. ; safe resistance, 
Table la. 

Tension, 6 ; resistance to, of cast iron, 
94 ; of various materials, 
Tables I., la. ; of wrought 

iron, 82; riveted joints 

in, 122. 

„ bars, 105 ; effective area of, 

106 ; examples of, 108 ; 

eyes of wrought iron, 139, 

Table IX. 
Terms in use, 2 
Thickness of arch ring, 253, Table 

XVI la. 

„ of pipes, Table XX. 

Third law, Newton’s, 15. 

Thrupp’s formula for the flow of 

liquids in pipes, 264. 

Tie-rod, screw of, 147. 

Timber beams, 24 ; examples, of, 78, 

7 9 ; modulus of rupture, 

5 2; of different sections 

compared, App. X. ; for¬ 

mulae for, 54, App. XXI.; 

stiffest beam from log, 80 ; 

strength of, 54; strength 
of beams of fir, Table II.; 
strongest beam from log, 

80; struts, 115,118. 

„ ultimate resistance, moduli, 

and weight, Table I.; safe 

resistance, Table la. 
„ cantilever, 7 6-7 8. 
„ roofs, note, 217 ; scantlings 

for, Table XV. 
„ structures, joints in, 149. 

Torsion, 7. 

Transverse stress, 7. 
Triangle of forces, 179. 

Trussed beams, 195 ; example, 196. 
Turning point, 185. 

U 

Ultimate resistance, 49 ; of cast iron, 

94 ; of wrought iron, 82 ; of vari¬ 
ous materials, Table I. 

Uniform strength, beams of, 62 ; 

constant breadth, 64 ; constant 
depth, 65 ; cast-iron girders, 100. 

Unwin’s formulae for weight of girders, 

App. XV.; references to, 125,136, 

141, 163, 200, Apps. I., XV, 
Table XVII. 

V 

Variation of stress, 11. 

Velocity, loss of head due to, 269. 

Vertical shearing stress, cases of, 55- 

60 ; rules for finding, 55. 

W 

Walls, enclosure, 227 ; retaining, 
230; retaining for earth, 236 ; 
for water, 232 (see Retaining 
walls). 

Warren girder, 187 ; Maxwell’s dia¬ 
grams for, 194 (see Braced girder); 
stresses on, 188. 

Water supply, examples of, for a house, 

constant, 274 ; intermittent, 271 ; 

for a street, 277 (see Hydraulics, 

Pipes, etc.) 

Web of plate girders, 157, 166, 173; 

connection to flanges, 161, 167 ; 

joints in, 161, 168, 175 ; thick¬ 
ness of, 160, 168, 174, Table XI. 

Weight of earths, stones, etc., Table 
XVII.; of girders (Anderson’s and 

Unwin’s formulae), App. XV.; of 
metals and timber, Table I. ; of 

roof covering, Table XIII. ; of 
roof framing, Table XII. ; of T 

and angle iron, Table X. 

Whipple-Murphy girder, 188 ; ex¬ 

ample, 190 ; Maxwell’s diagram 

for, 194 (see Braced girder). 
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Wind pressure, on chimney, 225 ; on 

roof, 200, Table XIV. ; on wall, 

227. 
Wohler’s experiments, 11. 
Wooden roofs, scantlings for, Table 

XV., note, 217. 
„ structures, joints in, 149 {see 

Joints). 

„ beams {see Timber beams). 

Working load, 5. 

„ resistance, 49. 
„ stresses or resistance, general, 

Tables la., XXVI.; Brick¬ 

work, Table la.; cast iron, 

94 ; concrete, Table la.; 
pin joints, 141 ; rolled 

beams, 82 ; riveted joints 

123 ; screws, 146 ; tim¬ 
ber, Table la. 

Wray (Seddon), references to, 100, 

200, 201, Table la., IX., XII., 

XIII., XV. 
Wrought iron, resistance of, 82 ; mod¬ 

uli, weight, ultimate 

resistance, Table I. ; 
safe resistance, 82, 

Table la, XXVI. 

„ cantilever, 22 ; strut 

for roof, 119; rolled 

beams, 81; principal 

for roof, calculations, 

120, 214, 216. 

END OF PART IV. 
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Geometrical Axioms—The Relation of Optics to Painting—The Origin of the Planetary System 
—Thought in Medicine—Academic Freedom in German Universities—Hermann Von Helm¬ 
holtz—An Autobiographical Sketch. 

HENDERSON.—ELEMENTARY PHYSICS. By John 
Henderson, D.Sc. (Edin.), A.I.E.E., Physics Department, Borough Road 
Polytechnic. Crown 8vo., 2s. 6d. 

MACLEAN.— EXERCISES IN NATURAL PHILOSOPHY. 
By Magnus Maclean, D.Sc., Professor of Electrical Engineering at the 
Glasgow and West of Scotland Technical College. Crown 8vo., 4s. 6d. 

MEYER.—THE KINETIC THEORY OF GASES. Elemen¬ 
tary Treatise, with Mathematical Appendices. By Dr. Oskar Emil 

Meyer, Professor of Physics at the University of Breslau. Second Revised 
Edition. Translated by Robert E. Baynes, M.A., Student of Christ Church, 
Oxford, and Dr. Lee’s Reader in Physics. 8vo., 15L net. 

WAN 'tHOEF.—THE ARRANGEMENT OF ATOMS IN 
SPACE. By J. H. VAN t’Hoff. Second, Revised, and Enlarged Edition. 
With a Preface by Johannes Wislicenus, Professor of Chemistry at the 
University of Leipzig; and an Appendix ‘Stereo-chemistry among Inorganic 
Substances,’ by Alfred Werner, Professor of Chemistry at the University of 
Zurich. Translated and Edited by Arnold Eiloart. Crown 8vo., 6j. 6d. 
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PHYSICS, ETC.—Continuer/. t 

WATSON—Watte by W. WATSON, F.R.S., B.Sc., Assistant 
Professor of Physics at the Royal College of Science, London ; 
Assistant Examiner in Physics, Science and Art Department. 

ELEMENTARY PRACTICAL PHYSICS: a Laboratory 
Manual for Use in Organised Science Schools. With 120 Illustrations and> 
193 Exercises. Crown 8vo., 2s. 6d. 

A TEXT-BOOK OF PHYSICS. With 564 Diagrams and* 
Illustrations. Large crown 8vo., ios. 6d. 

WOR THING TON. —A FIRST COURSE OF PHYSICAL 
LABORATORY PRACTICE. Containing 264 Experiments. By A. M. 
Worthington, M.A., F.R.S. With Illustrations. Crown 8vo., 4?. 6d. 

WRIGHT.—ELEMENTARY PHYSICS. By Mark R.. 
Wright, M.A., Professor of Normal Education, Durham College of Science. 
With 242 Illustrations. Crown 8vo., 2s. 6d. 

MECHANICS, DYNAMICS, STATICS, HYDRO¬ 
STATICS, ETC. 

BALL.—A CLASS-BOOK OF MECHANICS. By Sir R. S. 
Ball, LL.D. 89 Diagrams. Fcp. 8vo., ir. 6d. 

GELDARD.—STATICS AND DYNAMICS. By C. Geldard, 
M.A., formerly Scholar of Trinity College, Cambridge. Crown 8vo., 55. 

GOODEVE.—Works by T. M. GOODEVE, M.A., formerly 
Professor of Mechanics at the Normal School of Science, andi 
the Royal School of Mines. 

THE ELEMENTS OF MECHANISM. With 357 Wood- 
cuts. Crown 8vo., 6s. 

PRINCIPLES OF MECHANICS. With 253 Woodcuts and 
numerous Examples. Crown 8vo., 6s. 

A MANUAL OF MECHANICS: an Elementary Text-Book 
for Students of Applied Mechanics. With 138 Illustrations and Diagrams 
and 188 Examples taken from the Science Department Examination Papers, 
with Answers. Fcp. 8vo., 2s. 6d. 

GOODMAN.—MECHANICS APPLIED TO ENGINEERING. • 
By John Goodman, Wh.Sch., A.M.I.C.E., M.I.M.E., Professor of Engineering 
in the Yorkshire College, Leeds (Victoria University). With 620 Illustrations 
and numerous examples. Crown 8vo., 7s. 6d. net. 

GRIEVE.—LESSONS IN ELEMENTARY MECHANICS. 
By W. H. Grieve, late Engineer, R.N., Science Demonstrator for the London, 
School Board, etc. 

Stage 1. With 165 Illustrations and a large number of Examples. Fcp. 8vo.^ 
is. 6d. 

Stage 2. With 122 Illustrations. Fcp. 8vo., is. 6d. 
Stage 3. With 103 Illustrations. Fcp. 8vo., is. 
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MECHANICS, DYNAMICS, STATICS, HYDROSTATICS, ETC-— 
* 

Continued. 

MAGNUS.—Works by SIR PHILIP MAGNUS, B.Sc., B.A. 

LESSONS IN ELEMENTARY MECHANICS. Introductory 
to the study of Physical Science. Designed for the Use of Schools, and of 
Candidates for the London Matriculation and other Examinations. With 
numerous Exercises, Examples, Examination Questions, and Solutions, etc., 
from 1870-1895. With Answers, and 131 Woodcuts. Fcp. 8vo., 3s. 6d. 

Key for the use of Teachers only, price 5*. 3^. 

HYDROSTATICS AND PNEUMATICS. Fcp. 8vo., is. 6d.; 
or, with Answers, 2s. The Worked Solutions of the Problems, 2s. 

ROBINSON.—Works by the Rev. J. L. ROBINSON, M.A. 

ELEMENTS OF DYNAMICS (Kinetics and Statics). With 
numerous Exercises. A Text-book for Junior Students. Crown 8vo., 6s. 

A FIRST BOOK IN STATICS AND DYNAMICS. With 
numerous Examples and Answers. Crown 8vo, 3s. 6d. 

Sold separately: Statics, is. ; Dynamics, is. 

SMITH.—Works by J. HAMBLIN SMITH, M.A. 

ELEMENTARY STATICS. Crown 8vo., 3j. 

ELEMENTARY HYDROSTATICS. Crown 8vo., 35. 

KEY TO STATICS AND HYDROSTATICS. Crown 8vo., 6s. 

TARLETON.—AN INTRODUCTION TO THE MATHE¬ 
MATICAL THEORY OF ATTRACTION. By Francis A. Tarleton, 

LL.D., Sc.D., Fellow of Trinity College, and Professor of Natural Philosophy 
in the U niversity of Dublin. Crown 8vo., 10s. 6d. 

TA YLOR.—Works by J. E. TAYLOR, M.A., B.Sc. (Lond.). 

THEORETICAL MECHANICS, including Hydrostatics and 
Pneumatics. With 175 Diagrams and Illustrations, and 522 Examination 
Questions and Answers. Crown 8vo., is. 6d. 

THEORETICAL MECHANICS—SOLIDS. With 163 Illus¬ 
trations, 120 Worked Examples and over 500 Examples from Examination 
Papers, etc. Crown 8vo., is. 6d. 

THEORETICAL MECHANICS.—FLUIDS. With 122 Illus¬ 
trations, numerous Worked Examples, and about 500 Examples from Ex¬ 
amination Papers, etc. Crown 8vo., is. 6d. 

THORNTON.—THEORETICAL MECHANICS—SOLIDS. 
Including Kinematics, Statics and Kinetics. By Arthur Thornton, M.A., 
F.R.A.S. With 200 Illustrations, 130 Worked Examples, and over 900 
Examples from Examination Papers, etc. Crown 8vo., 4s. 6d. 
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MECHANICS, DYNAMICS, STATICS, HYDROSTATICS, ETC.— 
Continued. 

TWISDEN—Works by the Rev. JOHN F. TWISDEN, M.A., 

PRACTICAL MECHANICS ; an Elementary Introduction to- 
their Study. With 855 Exercises, and 184 Figures and Diagrams. Crown, 
8vo., ioj. 6d. 

THEORETICAL MECHANICS. With 172 Examples, 
numerous Exercises, and 154 Diagrams. Crown 8vo., 8^. 6d. 

WILLI A MS ON—INTRODUCTION TO THE MATHE¬ 
MATICAL THEORY OF THE STRESS AND STRAIN OF ELASTIC 
SOLIDS. By Benjamin Williamson, D.Sc., F.R.S. Crown 8vo., 5*. 

WILLIAMSON and TARLETON.—AN ELEMENTARY 
TREATISE ON DYNAMICS. Containing Applications to Thermodynamics, 
with numerous Examples. By Benjamin Williamson, D.Sc., F.R.S., and 
Francis A. Tarleton, LL.D. Crown 8vo., 10s. 6d. 

WORTHINGTON—DYNAMICS OF ROTATION: an Ele¬ 
mentary introduction to Rigid Dynamics. By A. M. Worthington, M.A., 
F.R.S. Crown 8vo., 4j. 6d. 

optics and photography. 

ABNEY.—.A TREATISE ON PHOTOGRAPHY. By Sir William 
de Wiveleslie Abney, K.C.B., F.R.S., Principal Assistant Secretary of the 
Secondary Department of the Board of Education. 

GLAZEBROOK.—PHYSICAL OPTICS. By R. T. Glaze- 
brook, M.A., F.R.S., Principal of University College, Liverpool. With 183 
Woodcuts of Apparatus, etc. Fcp. 8vo., 6s. 

WRIGHT.—OPTICAL PROJECTION : a Treatise on the Use 
of the Lantern in Exhibition and Scientific Demonstration. By Lewis Wright, 

Author of ' Light: a Course of Experimental Optics’. With 232 Illustrations. 
Crown 8vo., 6s. 

SOUND, light, heat, and thermodynamics. 

GUMMING—HEAT TREATED EXPERIMENTALLY. By 
Linn/eus Cumming, M.A. With 192 Illustrations. Crown 8vo., 4J. 6d. 

DA Y.—NUMERICAL EXAMPLES IN HEAT. By R. E.. 
Day, M.A. Fcp. 8vo.t 3L 6d. 
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SOUND, LIGHT, HEAT, AND THERMODYNAMICS— Continued. 

EMTAGE.—LIGHT. By W. T. A. Emtage, M.A., Director of 
Education, Mauritius. With 232 Illustrations. Crown 8vo., 6s. 

HELMHOLTZ.—ON THE SENSATIONS OF TONE AS A 
PHYSIOLOGICAL BASIS FOR THE THEORY OF MUSIC. By Her¬ 
mann von Helmholtz. Royal 8vo., 28s. 

MAHAN—AN ELEMENTARY TEXT-BOOK ON HEAT 
For the Use of Schools. By H. G. Madan, M.A., F.C.S., Fellow of Queen’s 
College, Oxford ; late Assistant Master at Eton College. Crown 8vo., 91. 

MAXWELL.—THEORY OF HEAT. By J. Clerk Maxwell 
M.A., F.R.SS., L. and E. With Corrections and Additions by Lord Ray 
leigh. With 38 Illustrations. Fcp. 8vo., 4J. 6d. 

SMITH.—THE STUDY OF HEAT. By J. Hamblin Smith, 
M.A., of Gonville and Caius College, Cambridge. Crown 8vo., y. 

TYNDALL.— Works by JOHN TYNDALL, D.C.L., F.R.S. 
See p. 28. 

WORMELL.—A CLASS-BOOK OF THERMODYNAMICS. 
By Richard Wormell, B.Sc., M.A. Fcp. 8vo., is. 6d. 

WRIGHT—Works by MARK R. WRIGHT, M.A. 

SOUND, LIGHT, AND HEAT. With 160 Diagrams and 
Illustrations. Crown 8vo., 2s. 6d. 

ADVANCED HEAT. With 136 Diagrams and numerous 
Examples and Examination Papers. Crown 8vo., 4j. 6d. 

STEAM, OIL, AND GAS ENGINES. 

BALE.-k HAND-BOOK FOR STEAM USERS; being Rules 
for Engine Drivers and Boiler Attendants, with Notes on Steam Engine and 
Boiler Management and Steam Boiler Explosions. By M. Powis Bale, 

M.I.M.E., A.M.I.C.E. Fcp. 8vo., 2j. 6d. 

CLERK. —THE GAS AND OIL ENGINE. By Dugald 
Clerk, Member of the Institution of Civil Engineers, Fellow of the Chemical 
Society, Member of the Royal Institution, Fellow of the Institute of Patent 
Agents. With 228 Illustrations. 8vo., 15L 

HOLMES.—THE STEAM ENGINE. By George C. V. 
Holmes, Chairman of the Board of Works, Ireland. With 212 Woodcuts. 
Fcp. 8vo., 6s. 
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STEAM, OIL, AND GAS ENGINES -Continued. 

NORRIS.—A PRACTICAL TREATISE ON THE ‘ OTTO ’ 
CYCLE GAS ENGINE. By William Norris, M.I.Mech.E. With 207 

Illustrations. 8vo., 105. 6d. 

RIPPER.—Works by WILLIAM RIPPER, Professor of Mechani¬ 
cal Engineering in the Sheffield Technical School. 

STEAM. With 142 Illustrations. Crown 8vo., 2s. 6d. 

STEAM ENGINE THEORY AND PRACTICE. With 438 
Illustrations. 8vo., gs. 

SENNETTand ORAM.—THE MARINE STEAM ENGINE: 
A Treatise for Engineering Students, Young Engineers and Officers of the 
Royal Navy and Mercantile Marine. By the late Richard Sennett, 

Engineer-in-Chief of the Navy, etc. ; and Henry J. Oram, Senior Engineer 
Inspector at the Admiralty, Inspector of Machinery in H.M. Fleet, etc. 
With 414 Diagrams. 8vo., 21 s. 

STROME YER.—MARINE BOILER MANAGEMENT AND 
CONSTRUCTION. Being a Treatise on Boiler Troubles and Repairs, 
Corrosion, Fuels, and Heat, on the properties of Iron and Steel, on Boiler 
Mechanics, Workshop Practices, and Boiler Design. By C. E. Stromeyer, 

Chief Engineer of the Manchester Steam Users' Association, Member of 
Council of the Institution of Naval Architects, etc. With 452 Diagrams, etc. 
8vo., 12s. net. 

BUILDING CONSTRUCTION. 

ADVANCED BUILDING CONSTRUCTION. By the Author 
of ‘Rivingtons’ Notes on Building Construction’. With 385 Illustrations. 
Crown 8vo., 4s. 6d. 

BURRELL.—BUILDING CONSTRUCTION. By Edward J. 
Burrell, Second Master of the People’s Palace Technical School, London. 
With 303 Working Drawings. Crown 8vo., 2s. 6d. 

SEED ON.—BUILDER’S WORK AND THE BUILDING 
TRADES. By Col. H. C. Seddon, R.E., late Superintending Engineer, 
H.M.'s Dockyard, Portsmouth; Examiner in Building Construction, Science 
and Art Department, South Kensington. With numerous Illustrations.. 
Medium 8vo., i6l 

RIVINGTONS’ COURSE OF BUILDING CONSTRUCTION. 

NOTES ON BUILDING CONSTRUCTION. Arranged to meet 
the requirements of the syllabus of the Board of Education. Medium 8vo. 

Part I. Elementary Stage. With 552 Illustrations, 10s. 6d. 

Part II. Advanced Stage. With 479 Illustrations, 10s. 6d. 

Part III. Materials. Course for Honours. With 188 Illustra¬ 
tions, 21 s. 

Part IV. Calculations for Building Structures. Course for 
Honours. With 597 Illustrations, 15J. 
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ELECTRICITY AND MAGNETISM. 
CAR US- WILSON—ELECTRO-DYNAMICS : the Direct- 

Current Motor. By Charles Ashley Carus-Wilson, M.A. Cantab. With 
71 Diagrams, and a Series of Problems, with Answers. Crown 8vo., 7 s. 6d. 

C UMMIISl G.—ELECTRICITY TREATED EXPERIMEN¬ 
TALLY. By LinnaujsCumming, M.A. With242Illustrations. Cr. 8vo.,4L6d. 

DAY.—EXERCISES IN ELECTRICAL AND MAGNETIC 
MEASUREMENTS, with Answers. By R. E. Day. i2mo., 3L 6d. 

GORE.—THE ART OF ELECTRO-METALLURGY, including 
all known Processes of Electro-Deposition. By G. Gore, LL.D., F.R.S. With 
56 Woodcuts. Fcp. 8vo., 6l 

HENDERSON—WorksbyJOHN HENDERSON,D.Sc.,F.R.S.E. 
PRACTICAL ELECTRICITY AND MAGNETISM. With 

159 Illustrations and Diagrams. Crown 8vo., 6s. 6d. 

PRELIMINARY PRACTICAL MAGNETISM AND ELEC¬ 
TRICITY : A Text-book for Organised Science Schools and Elementary 
Evening Science Schools. Crown 8vo., is. 

JENKIN—ELECTRICITY AND MAGNETISM. By Fleeming 
Jenkin, F.R.S., M.I.C.E. With 177 Illustrations. Fcp. 8vo., y. 6d. 

JOUBERT.—ELEMENTARY TREATISE ON ELECTRICITY 
AND MAGNETISM. By G. C. Foster, F.R.S., and E. Atkinson, Ph.D. 
With 381 Illustrations. Crown 8vo., 7s. 6d. 

JOYCE.—EXAMPLES IN ELECTRICAL ENGINEERING- 
By Samuel Joyce, A.I.E.E. Crown 8vo., $s. 

LARDEN.—ELECTRICITY FOR PUBLIC SCHOOLS AND 
COLLEGES. By W. Larden, M.A. With 215 Illustrations. Cr. 8vo., 6s. 

MACLEAN and MARCHANT.—ELEMENTARY QUES¬ 
TIONS IN ELECTRICITY AND MAGNETISM. With Answers. Com¬ 
piled by Magnus Maclean, D.Sc., M.I.E.E., and E. W. Marchant, D.Sc., 

A.I.E.E. Crown 8vo., is. 

MERRIFIELD.—MAGNETISM AND DEVIATION OF THE 
COMPASS. By John Merrifield, LL.D., F.R.A.S., i8mo., 2s. 6d. 

FARR.—PRACTICAL ELECTRICAL TESTING IN PHYSICS 
AND ELECTRICAL ENGINEERING : being a Course suitable for First 
and Second Year Students and others. By G. D. Aspinall Parr, Assoc. 

M.I.E.E. With 231 Illustrations. 8vo., Ss. 6d. 

PO YSER.—Works by A. W. POYSER, M.A. 
MAGNETISM AND ELECTRICITY. With 235 Illustrations. 

Crown 8vo., 2s. 6d. 
ADVANCED ELECTRICITY AND MAGNETISM. With 

317 Illustrations. Crown 8vo., 4s. 6d{ 

SLINGO AND BROOKER.—Works by W. SLINGO and A. 
BROOKER. 

ELECTRICAL ENGINEERING FOR ELECTRIC LIGHT 
ARTISANS AND STUDENTS. With 371 Illustrations. Crown 8vo., 12s. 

PROBLEMS AND SOLUTIONS IN ELEMENTARY 
ELECTRICITY AND MAGNETISM. With 98 Illustrations. Cr. 8vo., 2 

TYNDALL.—Works by JOHN TYNDALL,D.C.L.,F.R.S. Seep.28. 
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TELEGRAPHY AND THE TELEPHONE. 
HOPKINS.—Works by William J. Hopkins, Professor of Physics 

in the Drexel Institute, Philadelphia. 
THE TELEPHONE: Outlines of the Development of Trans¬ 

mitters and Receivers. With 7 Full-page Illustrations and 39 Diagrams. 
Crown 8vo., 3L 6d. 

TELEPHONE LINES AND THEIR PROPERTIES. Crown- 
8vo., 6s. 

PREECE and SIVE WRIGHT.-TELEGRAPHY. By Sir W. 
H. Preece, K.C.B., F.R.S., V.P.Inst., C.E., etc., Engineer-in-Chief and Elec¬ 
trician, Post Office Telegraphs; and Sir J. Sivewright, K.C.M.G., General 
Manager, South African Telegraphs. With 267 Illustrations. Fcp. 8vo., 6s. 

ENGINEERING, STRENGTH OF MATERIALS, ETC. 
ANDERSON.—THE STRENGTH OF MATERIALS ANI> 

STRUCTURES : the Strength of Materials as depending on their Quality and 
as ascertained by Testing Apparatus. By Sir J. Anderson, C.E., LL.D., 
F.R.S.E. With 66 Woodcuts. Fcp. 8vo., 3s. 6d. 

BARKY—RAILWAY APPLIANCES: a Description of Details 
of Railway Construction subsequent to the completion of the Earthworks and 
Structures. By Sir John Wolfe Barry, K.C.B., F.R.S., M.I.C.E. With 
218 Woodcuts. Fcp. 8vo., 4s. 6d. 

GOODMAN—MECHANICS APPLIED TO ENGINEERING. 
By John Goodman, Wh.Sch., A.M.I.C.E., M.I.M.E., Professor of Engineering 
in the Yorkshire College, Leeds (Victoria University). With 620 Illustrations 
and numerous Examples. Crown 8vo., ys. 6d. net. 

LOW. —A POCKET-BOOK FOR MECHANICAL EN¬ 
GINEERS. By David Allan Low (Whitworth Scholar), M.I.Mech.E., 
Professor of Engineering, East London Technical College (People’s Palace), 
London. With over 1000 specially prepared Illustrations. Fcp. 8vo., gilt edges, 
rounded corners, ys. 6d. 

SMITH.—GRAPHICS, or the Art of Calculation by Drawing 
Lines, applied especially to Mechanical Engineering. By Robert H. Smith, 

Professor of Engineering, Mason College, Birmingham. Part I. With 
separate Atlas of 29 Plates containing 97 Diagrams. 8vo., 15.9. 

STONE Y—THE THEORY OF STRESSES IN GIRDERS 
AND SIMILAR STRUCTURES; with Practical Observations on the 
Strength and other Properties of Materials. By Bindon B. Stoney, LL.D., 
F.R.S., M.I.C.E. With 5 Plates and 143 Illust. in the Text. Royal 8vo., 36J. 

ON WIN.—W orks by W.’CAWTHORNE UNWIN, F.R.S., B.S.c. 
THE TESTING OF MATERIALS OF CONSTRUCTION. 

A Text-book for the Engineering Laboratory and a Collection of the Results 
of Experiment. With 5 Plates and 188 Illustrations and Diagrams in the 
Text. 8vo., 16s. net. 

ON THE DEVELOPMENT AND TRANSMISSION OF 
POWER FROM CENTRAL STATIONS : being the Howard Lectures 
delivered at the Society of Arts in 1893. With 81 Diagrams. 8vo., ior. net. 

WARREN,—ENGINEERING CONSTRUCTION IN IRON, 
STEEL, AND TIMBER. By William Henry Warren, Challis Professor 
of Civil and Mechanical Engineering, University of Sydney. With 13 Folding 
Plates and 375 Diagrams. Royal 8vo., i6f. net. 
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LONGMANS’ CIVIL ENGINEERING SERIES. 
Edited by the Author of ' Notes on Building Construction \ 

NOTES ON DOCKS AND DOCK CONSTRUCTION. By C. 
Colson, M.Inst.C.E., Deputy Civil Engineer-in-Chief, Admiralty. With 365 
Illustrations. Medium 8vo., 21 s. net. 

CALCULATIONS IN HYDRAULIC ENGINEERING: a 
Practical Text-Book for the use of Students, Draughtsmen and Engineers. By 
T. Claxton Fidler, M.Inst.C.E., Professor of Engineering, University 
College, Dundee. 

Part I. Fluid Pressure and the Calculation of its Effects in En¬ 
gineering Structures. With numerous Illustrations and Examples. 8vo., 

6d. net. 

RAILWAY CONSTRUCTION. By W. H. Mills, M.I.C.E., 
Engineer-in-Chief of the Great Northern Railway of Ireland. With 516 Illus¬ 
trations and Diagrams. 8vo., i8.y. net. 

PRINCIPLES AND PRACTICE OF HARBOUR CON¬ 
STRUCTION. By William Shield, F.R.S.E., M.Inst.C.E., and Executive 
Engineer, National Harbour of Refuge, Peterhead, N.B. With 97 Illustrations. 
Medium 8vo., 15L net. 

TIDAL RIVERS: their (1) Hydraulics, (2) Improvement, (3) 
Navigation. By W. H. Wheeler, M.Inst.C.E. With 73 Illustrations. 
Medium 8vo., i6l net. 

NAVAL ARCHITECTURE. 
ATTWOOD.—TEXT-BOOK OF THEORETICAL NAVAL 

ARCHITECTURE : a Manual for Students of Science Classes and Draughts¬ 
men Engaged in Shipbuilders’ and Naval Architects’ Drawing Offices. By 
Edward Lewis Attwood, Assistant Constructor, Royal Navy; Member of 
the Institution of Naval Architects. With 114 Diagrams. Crown 8vo., 7s. 6d. 

WA TSON.—NAVAL ARCHITECTURE : A Manual of Laying- 
off Iron, Steel and Composite Vessels. By Thomas H. Watson, Lecturer on 
Naval Architecture at the Durham College of Science, Newcastle-upon-Tyne. 
With numerous Illustrations. Royal 8vo., 15J. net. 

MACHINE DRAWING AND DESIGN. 
LOW.—Works by DAVID ALLAN LOW, Professor of Engineer¬ 

ing, East London Technical College (People’s Palace). 
IMPROVED DRAWING SCALES. 6d. in case. 
AN INTRODUCTION TO MACHINE DRAWING AND 

DESIGN. With 153 Illustrations and Diagrams. Crown 8vo, is. 6d. 

LOW and BE VIS.—A MANUAL OF MACHINE DRAWING 
AND DESIGN. By David Allan Low and Alfred William Bevis, 

M.I.Mech.E. With 700 Illustrations. 8vo., 7s. 6d. 

UNWIN.—THE ELEMENTS OF MACHINE DESIGN. By 
W. Cawthorne Unwin, F.R.S. 

Part I. General Principles, Fastenings, and Transmissive 
Machinery. With 345 Diagrams, etc. Fcp. 8vo., 7s. 6d. 

Part II. Chiefly on Engine Details. With 174 Woodcuts. 
Fcp. 8vo., 4s. 6d. 
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WORKSHOP APPLIANCES, ETC. 

NORTHCOTT.—LATHES AND TURNING, Simple, Mecha¬ 
nical and Ornamental. By W. H. Northcott. With 338 Illustrations. 
8vo., 18s. 

SHELLEY.—WORKSHOP APPLIANCES, including Descrip¬ 
tions of some of the Gauging and Measuring Instruments, Hand-cutting Tools, 
Lathes, Drilling, Planeing, and other Machine Tools used by Engineers. By 
C. P. B. Shelley, M.l.C.E. With an additional Chapter on Milling by R. 
R. Lister. With 323 Woodcuts. Fcp. 8vo., 5s. 

MINERALOGY, METALLURGY, ETC. 

BAUERMAN.—Works by HILARY BAUERMAN, F.G.S. 

SYSTEMATIC MINERALOGY. With 373 Woodcuts and 
Diagrams. Fcp. 8vo., 6s. 

DESCRIPTIVE MINERALOGY. With 236 Woodcuts and 
Diagrams. Fcp. 8vo., 6s. 

GORE.-THE ART OF ELECTRO-METALLURGY, including 
all known Processes of Electro-Deposition. By G. Gore, LL.D., F.R.S. 
With 56 Woodcuts. Fcp. 8vo., 6s. 

HUNTINGTON and M‘MIL LAN -METALS: their Properties 
and Treatment. By A. K. Huntington, Professor of Metallurgy in King’s 
College, London, and W. G. M'MlLLAN, Lecturer on Metallurgy in Mason’s 
College, Birmingham. With 122 Illustrations. Fcp. 8vo., 7s. 6d. 

RHEAD.—METALLURGY. An Elementary Text-Book. By 
E. C. Rhead, Lecturer on Metallurgy at the Municipal Technical School, 
Manchester. With 94 Illustrations. Fcp. 8vo., 3s. 6d. 

RUTLEY.—THE STUDY OF ROCKS: an Elementary Text¬ 
book of Petrology. By F. Rutley, F.G.S. With 6 Plates and 88 Woodcuts. 
Fcp. 8 vo., 4.T 6d. 

ASTRONOMY, NAVIGATION, ETC. 

ABBOTT.—ELEMENTARY THEORY OF THE TIDES: 
the Fundamental Theorems Demonstrated without Mathematics and the In¬ 
fluence on the Length of the Day Discussed. By T. K. Abbott, B.D., Fellow 
and Tutor, Trinity College, Dublin. Crown 8vo., 2s. 

BALL.—Works by Sir ROBERT S. BALL, LL.D., F.R.S. 

ELEMENTS OF ASTRONOMY. With 130 Figures and Dia¬ 
grams. Fcp. 8 vo., 6s. 6d. 

A CLASS-BOOK OF ASTRONOMY. With 41 Diagrams. 
Fcp. 8vo., is. 6d. 
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ASTRONOMY, NAVIGATION, ETC. —Continued. 

DE CAMPIGNEULLES. — OBSERVATIONS TAKEN AT 
DUMRAON, BEHAR, INDIA, during the Eclipse of the 22nd January, 1898, 
by a Party of Jesuit Fathers of the Western Bengal Mission. By the Rev. V. 
DE CAMPIGNEULLES, S.J. With 14 Plates. 4to., 10s. 6d. net. 

GILL.—TEXT-BOOK ON NAVIGATION AND NAUTICAL 
ASTRONOMY. By J. Gill, F.R.A.S., late Head Master of the Liverpool 
Corporation Nautical College. 8vo., 10s. 6d. 

HERSCHEL.—OUTLINES OF ASTRONOMY. By Sir John 
F. W. Herschel, Bart., K.H., etc. With 9 Plates and numerous Diagrams. 
8VO., I2.L 

/ORB AN.—ESSAY S IN ILLUSTRATION OF THE ACTION 
OF ASTRAL GRAVITATION IN NATURAL PHENOMENA. By 
William Leighton Jordan. With Diagrams. 8vo.,9.v. 

LAUGHTON.— AN INTRODUCTION TO THE PRAC¬ 
TICAL AND THEORETICAL STUDY OF NAUTICAL SURVEYING. 
By John Knox Laughton,M.A.,F.R.A.S. With 35 Diagrams. Crown 8vo., 6s. 

LOWELL.—MARS. By Percival Lowell, Fellow American 
Academy, Member Royal Asiatic Society, Great Britain and Ireland, etc. 
With 24 Plates. 8vo., 12s. 6d. 

MARTIN.—NAVIGATION AND NAUTICAL ASTRONOMY. 
Compiled by Staff Commander W. R. Martin, R.N. Royal 8vo., i8.r. 

MERRIFIELB. —A TREATISE ON NAVIGATION. For 
the Use of Students. By J. Merrifield, LL.D., F.R.A.S., F.M.S. With 
Charts and Diagrams. Crown 8vo., 55 

PARKER.—ELEMENTS OF ASTRONOMY. With Numerous 
Examples and Examination Papers. By George W. Parker, M.A., of 
Trinity College, Dublin. With 84 Diagrams. 8vo., 5*. 6d. net. 

WEBB.—CELESTIAL OBJECTS FOR COMMON TELE¬ 
SCOPES. By the Rev. T. W. Webb, M.A., F.R.A.S. Fifth Edition, 
Revised and greatly Enlarged by the Rev. T. E. Espin, M.A., F.R.A.S. (Two 
Volumes.) Vol. I., with Portrait and a Reminiscence of the Author, 2 Plates, 
and numerous Illustrations. Crown 8vo.,6l Vol. II., with numerous Illustra¬ 
tions. Crown 8vo., 6s. 6d. 

WORKS BY RICHARD A. PROCTOR. 

THE MOON: Her Motions, Aspect, Scenery, and Physical 
Condition. With many Plates and Charts, Wood Engravings, and 2 Lunar 
Photographs. Crown 8vo., 3s. 6d. 

OTHER WORLDS THAN OURS: the Plurality of Worlds 
Studied Under the Light of Recent Scientific Researches. With 14 Illustrations; 
Map, Charts, etc. Crown 8vo., 3^. 6d. 

OUR PLACE AMONG INFINITIES : a Series of Essays con¬ 
trasting our Little Abode in Space and Time with the Infinities around us. 
Crown 8vo., 3s. 6d. 

[over. 
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WORKS BY RICHARD A. PROCTOR —Continued. 

MYTHS AND MARVELS OF ASTRONOMY. Crown 8vo., 
3-f. 6d. 

LIGHT SCIENCE FOR LEISURE HOURS: Familiar Essays 
on Scientific Subjects, Natural Phenomena, etc. Vol. I. Crown 8vo., 35*. 6d. 

THE ORBS AROUND US; Essays on the Moon and Planets, 
Meteors and Comets, the Sun and Coloured Pairs of Suns. Crown 8vo., 3s. 6d. 

THE EXPANSE OF HEAVEN : Essays on the Wonders of the 
Firmament. Crown 8vo., 3J. 6d. 

OTHER SUNS THAN OURS : a Series of Essays on Suns—Old, 
Young, and Dead. With other Science Gleanings. Two Essays on Whist, 
and Correspondence with Sir John Herschel. With 9 Star-Maps and Diagrams. 
Crown 8vo., 3s. 6d. 

HALF-HOURS WITH THE TELESCOPE: a Popular Guide 
to the Use of the Telescope as a means of Amusement and Instruction. With 
7 Plates. Fcp. 8vo., 2s. 6d. 

NEW STAR ATLAS FOR THE LIBRARY, the School, and 
the Observatory, in Twelve Circular Maps (with Two Index-Plates). With an 
Introduction on the Study of the Stars. Illustrated by 9 Diagrams. Cr. 8vo., 55. 

THE SOUTHERN SKIES: a Plain and Easy Guide to the 
Constellations of the Southern Hemisphere. Showing in 12 Maps the position 
of the principal Star-Groups night after night throughout the year. With an 
Introduction and a separate Explanation of each Map. True for every Year. 
4to., 5s. 

HALF-HOURS WITH THE STARS: a Plain and Easy Guide 
to the Knowledge of the Constellations. Showing in 12 Maps the position of 
the principal Star-Groups night after night throughout the year. With Intro¬ 
duction and a separate Explanation of each Map. True for every Year. 
4to., 35. 6d. 

LARGER STAR ATLAS FOR OBSERVERS AND STUDENTS. 
In Twelve Circular Maps, showing 6000 Stars, 1500 Double Stars, Nebulae, etc. 
With 2 Index-Plates. Folio, 15s. 

THE STARS IN THEIR SEASONS: an Easy Guide to a 
Knowledge of the Star-Groups. In 12 Large Maps. Imperial 8vo., 5L 

ROUGH WAYS MADE SMOOTH. Familiar Essays on 
Scientific Subjects. Crown 8vo., 3s. .6d. 

PLEASANT WAYS IN SCIENCE. Crown 8vo., 3^. 6d. 
NATURE STUDIES. By R. A. Proctor, Grant Allen, A. 

Wilson, T. Foster, and E. Clodd. Crown 8vo., 3s. 6d. 

LEISURE READINGS. By R. A. Proctor, E. Clodd, A. 
Wilson, T. Foster, and A. C. Ran yard. Crown 8vo., 3*. 6 d. 

PHYSIOGRAPHY AND GEOLOGY. 
BIRD.—Works by CHARLES BIRD, B.A. 

ELEMENTARY GEOLOGY. With Geological Map of the 
British Isles, and 247 Illustrations. Crown 8vo., 2s. 6d. 

ADVANCED GEOLOGY. A Manual for Students in Advanced 
Classes and for General Readers. With over 300 Illustrations, a Geological 
Map of the British Isles (coloured), and a set of Questions for Examination. 
Crown 8vo., 7s. 6d. 
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PHYSIOGRAPHY AND GEOLOGY-Continued. 
GREEN.—PHYSICAL GEOLOGY FOR STUDENTS AND 

GENERAL READERS. By A. H. Green, M.A., F.G.S. With 236 Illus- 
trations. 8vo., 2is. 

MORGAN.—Works by Alex. Morgan, M.A., D.Sc., F.R.S.E. 
ELEMENTARY PHYSIOGRAPHY. Treated Experimentally. 

With 4 Maps and 243 Diagrams. Crown 8vo., 2s. 6d. 

ADVANCED PHYSIOGRAPHY. With 215 Illustrations. 
Crown 8 vo., 4.v. 6d. 

THORNTON—Works by J. THORNTON, M.A. 
ELEMENTARY PRACTICAL PHYSIOGRAPHY. 

Part I. With 215 Illustrations. Crown 8vo., 2s. 6d. 
Part II. With 98 Illustrations. Crown 8vo., 2s. 6d. 

ELEMENTARY PHYSIOGRAPHY: an Introduction to the 
Study of Nature. With 13 Maps and 295 Illustrations. With Appendix on 
Astronomical Instruments and Measurements. Crown 8vo., 2s. 6d. 

ADVANCED PHYSIOGRAPHY. With n Maps and 255 
Illustrations. Crown 8vo., 4J. 6d. 

NATURAL HISTORY AND GENERAL SCIENCE. 
BEDDARD.—THE STRUCTURE AND CLASSIFICATION 

OF BIRDS. By Frank E. Beddard, M.A., F.R.S., Prosector and Vice- 
Secretary of the Zoological Society of London. With 232 Illus. 8vo., 2U. net. 

FURNEAUX.—Works by WILLIAM FURNEAUX, F.R.G.S. 
THE OUTDOOR WORLD; or, The Young Collector’s Hand¬ 

book. With 18 Plates, 16 of which are coloured, and 549 Illustrations in the 
Text. Crown 8vo., 6.r. net. 

LIFE IN PONDS AND STREAMS. With 8 Coloured Plates 
and 331 Illustrations in the Text. Crown 8vo., 6a net. 

BUTTERFLIES AND MOTHS (British). With 12 Coloured 
Plates and 241 Illustrations in the Text. Crown 8vo., 6s. net. 

HUDSON.—BRITISH BIRDS. By W. H. Hudson, C.M.Z.S. 
With 8 Coloured Plates from Original Drawings by A. Thorburn, and 8 Plates 
and 100 Figures by C. E. Lodge, and 3 Illustrations from Photographs. 
Crown 8vo., 6s. net. 

NANSEN. — THE NORWEGIAN NORTH POLAR EX- 
PEDITION, 1893-1896 : Scientific Results. Edited by Fridtjof Nansen. 
Volume I. With 44 Plates and numerous Illustrations in the Text. Demy 
4to., 40A net. 

Contents: The Fram—The Jurassic Fauna of Cape Flora. With a Geological Sketch 
of Cape Flora and its Neighbourhood—Fossil Plants from Franz Josef Land—An Account of 
the Birds—Crustacea. 

Volume II. With 2 Charts and 17 Plates. Demy 4to., 30A net. 
Contents : Astronomical Observations—Terrestrial Magnetism—Results of the Pendulum 

—Observations and some Remarks on the Constitution of the Earth’s Crust. 

ORMEROD.—BRITISH SOCIAL WASPS : An Introduction 
to their Anatomy and Physiology, Architecture and General Natural History. 
With 14 Plates illustrating the Different Species and their Nests. By Edward 
Lathan Ormerod, M.D. Crown 8vo., 10s. 6d. 

STANLEY.—A FAMILIAR HISTORY OF BIRDS. By E. 
Stanley, D.D., formerly Bishop of Norwich. With 160 Illustrations. Crown 
8 vo., 3s. 6d. 



18 Scientific JVor/ts published by Longmans, Green, 6° Co. 

MANUFACTURES, TECHNOLOGY, ETC. 
BELL.—JACQUARD WEAVING AND DESIGNING. By F. T. 

Bell, With 199 Diagrams. 8vo., 12s. net. 

CALDER. — THE PREVENTION OE FACTORY ACCI¬ 
DENTS : being an Account of Manufacturing Industry and Accident, and a- 
Practical Guide to the Law on the Safe-guarding, Safe-working and Safe-con¬ 
struction of Factory Machinery, Plant and Premises. By JOHN Calder. 

With 20 Tables and 124 Illustrations. Crown 8vo., ys. 6d. net. 

CROSS AND BE VAN,—Works by C. F. Cross and E. J. Bevan. 
CELLULOSE: an Outline of the Chemistry of the Structural 

Elements of Plants. With reference to their Natural History and Industrial 
Uses. (C. F. Cross, E. J. Bevan and C. Beadle.) With 14 Plates. 
Crown 8vo., 12s. net. 

RESEARCHES ON CELLULOSE, 1895-1900. Crown 8vo., 
6s. net. 

LUPTON.—MINING. An Elementary Treatise on the Getting 
of Minerals. By Arnold Lupton, M.I.C.E., F.G.S., etc. With 596 Diagrams 
and Illustrations. Crown 8vo., 9*. net. 

MORRIS and WILKINSON—THE ELEMENTS OF COT¬ 
TON SPINNING. By John Morris and F. Wilkinson. With a Preface- 
by Sir B. A. Dobson, C.E., M.I.M.E. With 169 Diagrams and Illustrations*. 
Crown 8vo., ys. 6d. net. 

TAYLOR.—COTTON WEAVING AND DESIGNING. By 
John T. Taylor. With 373 Diagrams. Crown 8vo., 7s. 6d. net. 

WATTS—AN INTRODUCTORY MANUAL FOR SUGAR 
GROWERS. By Francis Watts, F.C.S., F.I.C. With 20 Illustrations.. 
Crown 8vo., 6s._ 

HEALTH AND HYGIENE. 
ASHBY.—HEALTH IN THE NURSERY. By Henry Ashby, 

M.D., F.R.C.P. With 25 Illustrations. Crown 8vo., 3s. net. 

BUCKTON.—HEALTH IN THE HOUSE. By Mrs. C. M- 
Buckton. With 41 Woodcuts and Diagrams. Crown 8vo., is. 

CORELELD.—THE LAWS OF HEALTH. By W. H. Cor- 
field, M.A., M.D. Fcp. 8vo., is. 6d. 

NOTTER and FIRTH.—Works by J. L. NOTTER, M.A., M.D.„ 
and R. H. FIRTH, F.R.C.S. 

HYGIENE. With 95 Illustrations. Crown 8vo., 3L 6d. 
PRACTICAL DOMESTIC HYGIENE. With 83 Illustrations. 

Crown 8vo., 2s. 6d. 

POORE.—Works by GEORGE VIVIAN POORE, M.D. 
ESSAYS ON RURAL HYGIENE. Crown 8vo., 6s. 6d. 
THE DWELLING-HOUSE. With 36 Illustrations. Crown 

8vo., 3r. 6d. 
WLLSON.—A MANUAL OF HEALTH-SCIENCE: adapted 

for use in Schools and Colleges. By Andrew Wilson, F.R.S.E., F.L.S., etc. 
With 74 Illustrations. Crown 8vo., is. 6d. 
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MEDICINE AND SURGERY. 

ASHBY and WRIGHT—THE DISEASES OF CHILDREN, 
MEDICAL AND SURGICAL. By Henry Ashby, M.D., Lond., F.R.C.P., 
Physician to the General Hospital for Sick Children, Manchester; and G. A, 
Wright, B.A., M.B. Oxon., F.R.C.S., Eng., Assistant-Surgeon to the Man¬ 
chester Royal Infirmary, and Surgeon to the Children’s Hospital. Enlarged 
and Improved Edition. With 192 Illustrations. 8vo., 25^. 

BENNETT.—Works by Sir WILLIAM BENNETT, F.R.C.S., 
Senior Surgeon to St. George’s Hospital; Member of the Board 
of Examiners, Royal College of Surgeons of England. 

CLINICAL LECTURES ON VARICOSE VEINS OF THE 
LOWER EXTREMITIES. With 3 Plates. 8vo., 6s. 

ON VARICOCELE ; A PRACTICAL TREATISE. With 4 
Tables and a Diagram. 8vo., 55. 

CLINICAL LECTURES ON ABDOMINAL HERNIA: 
chiefly in relation to Treatment, including the Radical Cure. With 12 Dia¬ 
grams in the Text. 8vo., 8*. 6d. 

ON VARIX, ITS CAUSES AND TREATMENT, WITH 
ESPECIAL REFERENCE TO THROMBOSIS : an Address delivered 
at the Inaugural Meeting of the Nottingham Medico-Chirurgical Society, 
Session 1898-99. 8vo., 3s. 6d. 

THE PRESENT POSITION OF THE TREATMENT OF 
SIMPLE FRACTURES OF THE LIMBS. 8vo., 2J. 6d. 

ON THE USE OF MASSAGE AND EARLY PASSIVE 
MOVEMENTS IN RECENT FRACTURES AND OTHER COMMON 
SURGICAL INJURIES, AND THE TREATMENT OF INTERNAL 
DERANGEMENTS OF THE KNEE-JOINT. With 12 Illustrations. 
8vo., 4s. 6d. 

BENTLEY.—A TEXT-BOOK OF ORGANIC MATERIA 
MEDICA. Comprising a Description of the Vegetable and Animal Drugs of 
the British Pharmacopoeia, with some others in common use. Arranged 
Systematically, and Especially Designed for Students. By Robert Bentley, 
M.R.C.S. Eng., F.L.S. With 62 Illustrations on Wood. Crown 8vo., 7s. 6d. 

BRODIE.—THE ESSENTIALS OF EXPERIMENTAL PHY- 
SIOLOGY. For the Use of Students. By T. G. Brodie, M.D., Lecturer on 
Physiology, St. Thomas’s Hospital Medical School. With 2 Plates and 177 
Illustrations in the Text. Crown 8vo., 6s. 6d. 

CABOT.—Works by RICHARD C. CABOT, M.D., Physician 
to Out-patients, Massachusetts General Hospital. 

A GUIDE TO THE CLINICAL EXAMINATION OF THE 
BLOOD FOR DIAGNOSTIC PURPOSES. With 3 Coloured Plates and 
28 Illustrations in the Text. 8vo., 16s. 

THE SERUM DIAGNOSIS OF DISEASE. With 31 Tempera- 
ture Charts and 9 Illustrations. Royal 8vo., 7s. 6d. 

CELLI.—MALARIA, ACCORDING TO THE NEW RE¬ 
SEARCHES. By Prof. Angelo Celli, Director of the Institute of Hygiene, 
University of Rome. Translated from the Second Italian Edition by John 
Joseph Eyre, M.R.C.P., L.R.C.S. Ireland, D.P.H. Cambridge. With an 
Introduction by Dr. Patrick Manson, Medical Adviser to the Colonial Office. 
8vo., 10s. 6d. 
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MEDICINE AND SURGERY— Continued. 
CHEYNE AND B UR GILA RD.—A MANUAL OF SURGIGAL 

TREATMENT. By W. Watson Cheyne, C.B.. M.B., F.R.C.S., F.R.S., 
Professor of Surgery in King’s College, London, Surgeon to King’s College 
Hospital, etc. ; and F. F. Burghard, M.D. and M.S., F.R.C.S., Teacher of 
Practical Surgery in King’s College, London, Surgeon to King’s College,. 
Hospital (Lond.), etc. 

Part I. The Treatment of General Surgical Diseases, including 
Inflammation, Suppuration, Ulceration, Gangrene, Wounds and their Compli¬ 
cations, Infective Diseases and Tumours ; the Administration of Anaesthetics. 
With 66 Illustrations. Royal 8vo., iol 6d. [Ready. 

Part II. The Treatment of the Surgical Affections of the Tissues, 
including the Skin and Subcutaneous Tissues, the Nails, the Lymphatic 
Vessels and Glands, the Fasciae, Bursae, Muscles, Tendons and Tendon- 
sheaths, Nerves, Arteries and Veins. Deformities. With 141 Illustrations. 
Royal 8vo., 14.L [Ready, 

Part III. The Treatment of the Surgical Affections of the Bones- 
Amputations. With 100 Illustrations. Royal 8vo., 12s. 

Part IV. The Treatment of the Surgical Affections of the Joints 
(including Excisions) and the Spine. With 138 Illustrations. Royal 8vo., 14J. 

Part V. The Treatment of the Surgical Affections of the Head, 
Face, Jaws, Lips, Larnyx and Trachea; and the Intrinsic Diseases of the 
Nose, Ear and Larynx, by H. Lambert Lack, M.D. (Lond.), F.R.C.S., 
Surgeon to the Hospital for Diseases of the Throat, Golden Square, and to 
the Throat and Ear Department, The Children’s Hospital, Paddington 
Green. With 145 Illustrations. Royal 8vo., i8j. 

CLARKE.—Works by J. JACKSON CLARKE, M.B. Lond., 
F.R.C.S., Assistant Surgeon at the North-west London and. 
City Orthopaedic Hospitals, etc. 

SURGICAL PATHOLOGY AND PRINCIPLES. With 194 
Illustrations. Crown 8vo., io.r. 6d. 

POST-MORTEM EXAMINATIONS IN MEDICO-LEGAL 
AND ORDINARY CASES. With Special Chapters on the Legal Aspects 
of Post-mortems, and on Certificates of Death. Fcp. 8vo., 2s. 6d. 

COATS.—A MANUAL OF PATHOLOGY. By Joseph 
Coats, M.D., late Professor of Pathology in the University of Glasgow. 
Fourth Edition. Revised throughout and Edited by Lewis R. Sutherland, 

M.D., Professor of Pathology, University of St. Andrews. With 490 Illustra¬ 
tions. 8vo., 31J. 6d. 

COOKE. — Works by THOMAS COOKE, F.R.C.S. Eng., B.A., 
B.Sc., M.D., Paris. 

TABLETS OF ANATOMY. Being a Synopsis of Demonstra¬ 
tions given in the Westminster Hospital Medical School. Eleventh Edition 
in Three Parts, thoroughly brought up to date, and with over 700 Illustra¬ 
tions from all the best Sources, British and Foreign. Post 4to. 

Part I. The Bones, js. 6d. net. 
Part II. Limbs, Abdomen, Pelvis. 10s. 6d. net. 
Part III. Head and Neck, Thorax, Brain. 10s. 6d. net. 

APHORISMS IN APPLIED ANATOMY AND OPERATIVE 
SURGERY. Including 100 Typical vivd voce Questions on Surface Marking, 
etc. Crown 8vo., 3s. 6d. 

DISSECTION GUIDES. Aiming at Extending and Facilitating 
such Practical work in Anatomy as will be specially useful in connection with 
an ordinary Hospital Curriculum. 8vo., ioj. 6d. 
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DAKIN,—A HANDBOOK OF MIDWIFERY. By William 
Radford Dakin, M.D., F.R.C.P., Obstetric Physician and Lecturer on 
Midwifery at St. George’s Hospital, etc. With 394 Illustrations. Large 
crown 8vo., i8j. 

DICKINSON.—Works by W. HOWSHIP DICKINSON, M.D. 
Cantab., F.R.C.P. 

ON RENAL AND URINARY AFFECTIONS. With 12 
Plates and 122 Woodcuts. Three Parts. 8vo., ^3 4s. 6d. 

THE TONGUE AS AN INDICATION OF DISEASE; 
being the Lumleian Lectures delivered March, 1888. 8vo., ys. 6d. 

OCCASIONAL PAPERS ON MEDICAL SUBJECTS, 1855- 
1896. 8vo., I2S. 

MEDICINE OLD AND NEW. An Address Delivered on 
the Occasion of the Opening of the Winter Session, 1899-1900, at St. George’s 
Hospital Medical School, on 2nd October, 1899. Crown 8vo., 2s. 6d. 

DUCKWORTH.—Works by Sir DYCE DUCKWORTH, M.D., 
LL.D., Fellow and Treasurer of the Royal College of Phy¬ 
sicians, etc. 

THE SEQUELS OF DISEASE : being the Lumleian Lectures, 
1896. 8 vo., io.l 6d. 

THE INFLUENCE OF CHARACTER AND RIGHT 
JUDGMENT IN MEDICINE : the Harveian Oration, 1898. Post 4to. 
2s. 6d. 

ERICHSEN.—THE SCIENCE AND ART OF SURGERY; 
a Treatise on Surgical Injuries, Diseases, and Operations. By Sir John Eric 

Erichsen, Bart., F.R.S., LL.D. Edin., Hon. M.Ch. and F.R.C.S. Ireland. 
Illustrated by nearly 1000 Engravings on Wood. 2 vols. Royal 8vo., 48L. 

FOWLER and GODLEE.—THE DISEASES OF THE 
LUNGS. By James Kingston Fowler, M.A., M.D., F.R.C.P., Physician 
to the Middlesex Hospital and to the Hospital for Consumption and Diseases 
of the Chest, Brompton, etc. ; and Rickman John Godlee, Honorary Surgeon 
in Ordinary to His Majesty, M.S., F.R.C.S., Fellow and Professor of Clinical 
Surgery, University College, London, etc. With 160 Illustrations. 8vo., 25s. 

GARROD.—Works by Sir ALFRED BARING GARROD, 
M.D., F.R.S., etc. 

A TREATISE ON GOUT AND RPIEUMATIC GOUT 
(RHEUMATOID ARTHRITIS). With 6 Plates, comprising 21 Figures 
(14 Coloured), and 27 Illustrations engraved on Wood. 8vo., 21 s. 

THE ESSENTIALS OF MATERIA MEDICA AND THERA- 
PEUTICS. Crown 8vo., 12s. 6d. 

GOODSALL and MILES.—DISEASES OF THE ANUS AND 
RECTUM. By D. H. Goodsall, F.R.C.S., Senior Surgeon, Metropolitan 
Hospital; Senior Surgeon, St. Mark’s Hospital; and W. Ernest Miles, 

F.R.C.S., Assistant Surgeon to the Cancer Hospital, Surgeon (out-patients), 
to the Gordon Hospital, etc. (In Two Parts.) Part I. With 91 Illustrations. 
8vo., ys. 6d. net. 
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MEDICINE AND SURGERY -Continued. 

GRA Y.— ANATOMY, DESCRIPTIVE AND SURGICAL. By 
Henry Gray, F.R.S., late Lecturer on Anatomy at St. George’s Hospital. 
The Fourteenth Edition, re-edited by T. Pickering Pick, Surgeon to St. 
George's Hospital, Inspector of Anatomy in England and Wales, late Member 
of the Court of Examiners, Royal College of Surgeons of England. With 705 
large Woodcut Illustrations, a large proportion of which are Coloured, the 
Arteries being coloured red, the Veins blue, and the Nerves yellow. The 
attachments of the muscles to the bones, in the section on Osteology, are also 
shown in coloured outline. Royal 8vo., 36.L 

HA LLIB UR TON.—Works by W. D. HALLIBURTON, M.D., 
F.R.S., F.R.C.P., Professor of Physiology in King’s College, 
London. 

A TEXT-BOOK OF CHEMICAL PHYSIOLOGY AND 
PATHOLOGY. With 104 Illustrations. 8vo., 28s. 

ESSENTIALS OF CHEMICAL PHYSIOLOGY. With 77 
Illustrations. 8vo., y. 

LANG.—THE METHODICAL EXAMINATION OF THE 
EYE. Being Part I. of a Guide to the Practice of Ophthalmology for Students 
and Practitioners. By William Lang, F.R.C.S. Eng., Surgeon to the Royal 
London Ophthalmic Hospital, Moorfields, etc. With 15 Illustrations. 
Crown 8vo., y. 6d 

LIVEING.—HANDBOOK ON DISEASES OF THE SKIN. 
With especial reference to Diagnosis and Treatment. By Robert Liveing, 

M.A. and M.D., Cantab., F.R.C.P. Lond., etc., Physician to the Department 
for Diseases of the Skin at the Middlesex Hospital, etc. Fcp. 8vo., 5^. 

LUFF.—TEXT-BOOK OF FORENSIC MEDICINE AND 
TOXICOLOGY. By Arthur P. Luff, M.D., B.Sc. (Lond.), Physician 
in Charge of Out-Patients and Lecturer on Medical Jurisprudence and 
Toxicology in St. Mary's Hospital. With 13 full-page Plates (1 in colours) and 
33 Illustrations in the Text. 2 vols. Crown 8vo., 24J. 

NEWMAN. — ON THE DISEASES OF THE KIDNEY 
AMENABLE TO SURGICAL TREATMENT. Lectures to Practitioners. 
By David Newman, M.D., Surgeon to the Western Infirmary Out-Door 
Department; Pathologist and Lecturer on Pathology at the Glasgow Royal 
Infirmary; Examiner in Pathology in the University of Glasgow; Vice- 
President, Glasgow Pathological and Clinical Society. 8vo., 8.r. 

PLCK.—SURGERY: a Treatise for Students and Practitioners. 
By T. PICKERING Pick, Consulting Surgeon to St. George’s Hospital; Senior 
Surgeon to the Victoria Hospital for Children ; H.M. Inspector of Anatomy in 
England and Wales. With 441 Illustrations. Medium 8vo., 25s. 

POOLE.—COOKERY FOR THE DIABETIC. By W. H. and 
Mrs. Poole. With Preface by Dr. Pavy. Fcap. 8vo., 2s. 6d. 

QUAIN. — A DICTIONARY OF MEDICINE; Including 
General Pathology, General Therapeutics, Hygiene, and the Diseases of 
Women and Children. By Various Writers. Edited by Sir Richard Quain, 

Bart., M.D. Lond., LL.D. Edin. (Hon.) F.R.S. Assisted by Frederick 

Thomas Roberts, M.D. Lond., B.Sc., Fellow of the Royal College of Physi¬ 
cians, Fellow of University College, etc. ; and J. Mitci-iell Bruce, M.A. 
Abdn., M.D. Lond., Fellow of the Royal College of Physicians of London, etc. 
2 Vols. Medium 8vo., 40.L net. 
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MEDICINE AND SURCERY— Continued. 

QUAIN—QUAIN’S (JONES) ELEMENTS OE ANATOMY. 
The Tenth Edition. Edited by Edward Albert Schafer, F.R.S., Professor 
of Physiology in the University of Edinburgh ; and George Dancer Thane, 
Professor of Anatomy in' University College, London. 

*** The several parts of this work form complete Text-books of their re¬ 
spective subjects. 

Vol. I., Part I. EMBRYOLOGY.! 
By E. A. Schafer, F.R.S. With 
200 Illustrations. Royal 8vo., 95. 

Vol. I., Part II. GENERAL ANA¬ 
TOMY OR HISTOLOGY. By E. 
A. Schafer, F.R.S. With 291 
Illustrations. Royal 8vo., 12s. 6d. 

Vol. II., Part I. OSTEOLOGY— 
ARTHROLOGY. ByG. D.Thane. 

With 224 Illus. Royal 8vo., 11 s. 
Vol. II., Part II. MYOLOGY— 

ANGEIOLOGY. By G. D. Thane. 

With 199 Illustrations. Royal 8vo., 
16.?. 

Vol. III., Part I. THE SPINAL 
CORD AND BRAIN. By E. A. 
Schafer, F.R.S. With 139 Illus¬ 
trations. Royal 8vo., 12s. 6d. 

Vol. III., Part II. THE NERVES. 
By G. D. Thane. With 102 
Illustrations. Royal 8vo., gs. 

Vol. III., Part III. THE ORGANS 
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the University of Munich. Translated by Edmond J. McWeenky, M. A., M. D 
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MEDICINE AND SURGERY -Continued, 

TIRARD.—DIPHTHERIA AND ANTITOXIN. By Nestor 
Tirard, M.D. Lond., Fellow of the Royal College of Physicians; Fellow of 
King’s College, London; Professor of Materia- Medica and Therapeutics at 
King’s College; Physician to King’s College Hospital; and Senior Physician 
to the Evelina Hospital for Sick Children. 8vo., js. 6d. 

WALLER.—Works by AUGUSTUS D. WALLER, M.D., 
Lecturer on Physiology at St. Mary’s Hospital Medical School, 
London ; late External Examiner at the Victorian University. 

AN INTRODUCTION TO HUMAN PHYSIOLOGY. Third 
Edition, Revised. With 314 Illustrations. 8vo., i8j. 

LECTURES ON PHYSIOLOGY. First Series. On Animal 
Electricity. 8vo., $s. net. 

EXERCISES IN PRACTICAL PHYSIOLOGY. Part I. 
Elementary Physiological Chemistry. By Augustus D. Waller and W. 
Legge Symes. 8vo., is. net. Part II. in the press. Part III. Physiology 
of the Nervous System ; Electro-Physiology. 8vo., 2s. 6d. net. 

WEICHSELBA UM.—THE ELEMENTS OF PATHOLOGI¬ 
CAL HISTOLOGY. With Special Reference to Practical Methods. By Dr. 
Anton Weichselhaum, Professor of Pathology in the University of Vienna. 
Translated by W. R. Dawson, M.D. (Dub.), Demonstrator of Pathology in 
the Royal College of Surgeons, Ireland, late Medical Travelling Prizeman of 
Dublin University, etc. With 221 Figures, partly in Colours, a Chromo-litho- 
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Carlton C. Curtis, A.M., Ph.D., Tutor in Botany in Columbia University, 
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